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Abstract

Shifts in data distribution across time can strongly affect early classification of
time-series data. When decoding behavior from neural activity, early detection
of behavior may help in devising corrective neural stimulation before the onset
of behavior. Recurrent Neural Networks (RNNs) are common models to model
sequence data. However, standard RNNs are not able to handle data with temporal
distribution shifts to guarantee robust classification across time. To enable the
network to utilize all temporal features of the neural input data, and to enhance
the memory of an RNN, we propose a novel approach: RNNs with time-varying
weights, here termed Time-Varying RNNs (TV-RNNs). These models are able to
not only predict the class of the time-sequence correctly but also lead to accurate
classification earlier in the sequence than standard RNNs. In this work, we focus
on early robust sequential classification of brain-wide neural activity across time
using TV-RNNs as subjects perform a motor task.

1 Introduction

Robust classification of behavior from multi-regional sequential neural data has attracted more and
more attention [} 2]]. Temporal neural activity can be classified sequentially in time, which has
the potential for early detection of behavior. However, classifying the entire sequence and having a
running estimate of the accuracy are often competing goals, especially with significant changes in
the distribution of the data across time. Here, we investigate the accurate classification of behavior
from neural time-series as early and as reliably as possible. Specifically, we would like to predict
the behavior before it happens, while having robust classification across time despite temporal
distributional shifts in the data [3][4].

Recurrent Neural Networks (RNN5s) are designed for time-series data: they take in sequential inputs
and predict the class of the sequence using recurrent hidden states that are able to retain a memory of
previous inputs. However, standard RNNs are static in nature, and thus do not perform well on data
with long time-series and shifting data statistics. Instead, they are good at predicting from temporal
data correctly at the end of the sequence. To help the network utilize all temporal features of the input
and to enhance the memory of an RNN, here we propose a novel approach: RNNs with time-varying
weights, termed Time-Varying RNNs (TV-RNNs). These models are able to not only predict the
class of the sequence correctly, but also lead to accurate classification earlier in the sequence than
standard RNNs. In this work, with TV-RNNs, we focus on the early sequential classification of
brain-wide neural activity across time, as subjects perform a motor task (Figure[TJA). Two different
datasets are used: (1) simulated data with chirp signals to simulate distributional shifts in the data,
and (2) widefield calcium imaging that records the neural activity across mouse dorsal cortex while
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Figure 1: (A) Mice were trained to pull a lever for water reward. Widefield calcium imaging activity
was recorded from multiple regions. Short Time Fourier Transform (STFT) magnitude of behavior
signal in (B) simulated data and (C) widefield dataset.

subjects perform a behavior, here, a ‘lever pull’ task, further experimental details are provided in
[Bll. We first examine the data distribution across time: the data distribution in the behavior trials
changes across the trial, as quantified by visualizing the short-term Fourier transform (STFT) (Figure
[IB.C). Note that the STFT of the control signals are close to 0 for all frequencies and magnitudes
(not shown). Here, we trained TV-RNNSs to perform binary classification of behavior, here, lever pull.
As a comparison, we show the results while using two different loss functions to train standard RNNs
using backpropagation-thru-time (BPTT): (a) the loss at the end of time sequence, which is a common
strategy to train RNNs for classification, and (b) the loss at all time steps, which concentrates on
not only the classification of the entire sequence but also at each time point in the sequence. As an
evaluation metric, we consider the ‘temporal accuracy’ of an RNN, which quantifies the performance
of the model at each timestep, and we aim to enable RNNs to perform classification as early and as
accurately as possible. We show that (a) TV-RNNs outperform standard RNNs, (b) we are able to
understand the classification mechanisms of TV-RNNs.

2 Related Work

2.1 Behavioral classification using neural activity

Previous research has focused on behavioral decoding by splitting data into multiple windows and
independently applying separate classifiers to each window of data. For example, Soon et al. use
a support vector machine (SVM) to decode the decision made by humans up to 10 seconds before
awareness [1]]; in our previous work, we have also succeeded in behavioral decoding using a sliding
window approach [5][6]. However, the temporal information hidden in the time series data is not
adequately utilized in these models because each classifier is independent. Thus, RNNs become a
more effective model because they are able to handle the neural data while taking into account the
temporal features.

2.2 Sequential classification

Classification of sequence data has attracted extensive attention and can be applied in many areas,
e.g., genomic analysis, information retrieval, and health informatics [7]. Information about the data is
stored across the sequence; in our work, we consider temporal sequences, the features for predicting
the behavior are not only distributed across time of the brain but also across different regions. By
using and storing information across the sequence, RNNs are able to convert their representations



across time to adapt to the task, thus, they perform well in classifying sequential data [8]. For
example, in [9]], the presence of heart disease can be detected by RNNs using electrocardiogram
data, while in [10]], text sequences are classified by RNNs. Research has been lagging on performing
early classification on temporal data, although this is attractive since we would like to predict the
class of a time series as soon as possible in order to be able to act on it. Xing et al., explored the
minimal prediction length for neural networks to classify the time-series data accurately in [3]. Mori
et al., optimized the early index and accuracy of a network at the same time in [4]. Here, we use a
time-varying approach to perform early and sequential classification of behavior using neural data.

2.3 Time varying models

Models with time varying parameters are efficient in dealing with temporal tasks, they have unique
parameters to utilize specific information at different times. For instance, switching linear dynamical
systems (SLDS) and recurrent SLDS are designed to parse data sequences into coherent discrete
units which help to capture distinct dynamics in different time periods of time-series data. Moreover,
time varying parameter regression models have shown their utility in a range of applications such as
economics [[11][12]. Classification can also be improved by applying different parameters tempo-
rally, e.g., Yang et al., used multiple CNNs in parallel across time to classify time varying signals
[L3], and Wang et al., show that time varying parameters outperform common machine learning
approaches in the classification of EEG signals [14]. However, these methods lack connections
between different parts of the models: temporal information that may be crucial for classification
is not transmitted across time. On the contrary, the proposed TV-RNNSs have explicit hidden states
storing and transmitting temporal information across the entire sequence.

3 Methods
3.1 Time-Varying Recurrent Neural Networks

In order to capture the specific temporal features of the input, we design an RNN with time-varying
weights including input weights W, recurrent weights W}, output weights W/, and biases bj,, ..

hy = tanh(W}hy—1 + Wiz + b)) Vt € [1,T] (1)
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where w is the window size of RNNs. To avoid overfitting, the inputs in each time window w are
fed into RNNs with a fixed set of parameters. Thus, T'/w sets of weights are used for the whole
sequence of inputs. As baseline models, we train standard RNNs, which have fixed weights for the
entire sequence. One type of standard RNNss is trained by using the loss at the end of the sequence
(RNN-S1), and the other type of standard RNNSs is trained by using the sum of the loss at every time
point (RNN-S2). For trained TV-RNNs, We use the weights of standard RNNs trained with the loss
at the end of the sequence to be the initialization of all sets of weights in TV-RNNss, in order to keep a
relatively high classification accuracy at the end of the sequence (see Appendix [A.3|for more details).
We chose the number of hidden units as 64, and we trained all networks for 1000 epochs using Adam
at a learning rate of 0.0001. These hyperparameters were determined using cross-validation on a
sample session of the dataset. We applied 5-fold cross-validation to all of our experiments. We used
Pytorch to train our models. We performed all tasks with NVIDIA A100 GPUs. The code is avaliable
athttps://github.com/saxenalab-neuro/TV_RNN.

N 0, if Yy < 0.5
~ |1, otherwise

3.2 Accuracy Quantification

Temporal accuracy In order to describe the performance of temporal decoding and exploring early
classification, we use temporal accuracy Accuracy;, which depicts the classification accuracy at each
time point ¢.

Area under accuracy curve (AUAC) We calculated the area under the accuracy curve in different
time windows, above chance level. This quantifies the overall decoding ability of the classifier.
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Figure 2: Temporal classification accuracy curve of standard RNNs and TV-RNNs using (A)
simulated data and (B) widefield data . The stars on top represent the earliest decoding time for each
model (see Section[3.2)), and the bars on the right side reflect the final classification accuracy of the
sequence. Note that chance accuracy level is 0.5 for both datasets.

Earliest decoding time We would like to classify the sequence as early and as accurately as possible.
In order to explore the ability of RNNs in early classification, we introduce a metric, earliest decoding
time, to measure early classification. This is the earliest time after which we obtain consistent and
significant decoding till behavior onset. Significance was determined using a one-tailed t-test at a
significance level of p < 0.05 (after multiple hypothesis correction using the Benjamini-Hochberg
procedure [[15]). This represents the earliest time that the behavior can be reliably decoded.

4 Results

4.1 Classification Accuracy Using TV-RNNs

Classification of simulated data We consider the temporal classification accuracy of a simulated
dataset using standard RNNs as compared with TV-RNNs. We first use a common strategy, i.e., BPTT
with a binary cross-entropy loss at the end of the sequence, to train a standard RNN to classify the
behavior (RNN-S1; see Appendix[A.3). Figure[2JA (blue curve) shows that the temporal classification
accuracy using this strategy only starts to increase above chance level after 150 time points. This
trend matches the signal statistics in Figure[I[B: after 150 time points, the simulated behavior signal
has a higher frequency and magnitude, the data distribution changes drastically. The alternative
strategy to train Standard RNNs (RNN-S2), BPTT with the sum of the binary cross-entropy loss over
time, leads to a low final accuracy (Figure [2JA, red curve). Consequently, a single set of weights in
the standard RNNs does not seem to be able to guarantee early and accurate classification. On the
other hand, TV-RNNG (Figure 2JA, green curve) can not only predict the class of the sequence early in
the sequence, but maintain a high classification accuracy throughout the trial.

Classification of behavior from widefield neural activity The experimental dataset was recorded
from mice trained to perform a self-initiated lever-pull task with a water reward. At the same time,
neural activity was recorded from the dorsal cortex of the mice in the form of widefield calcium
imaging activity. We use localized semi-nonnegative matrix factorization (LocaNMF) to process the
widefield data and feed the LocaNMF components into the models [16] (see Appendix@]and [5] for
more details). We train the three types of networks to classify the widefield calcium imaging dataset
of 300 time points, i.e., from 10 seconds before the behavior (lever pull) to the time that the behavior
happens (see Section [3|and Appendix [A.3), in order to quantify the earliest behavioral decoding time
and the temporal performance of decoding with real data. Figure [A.3[C shows how we decide the
window size of TV RNNs with widefield dataset We use an example session of one mouse which has
a large number of trials, i.e., 378 trials to set the window length between 6 and 100, and compute
the AUAC and earliest decoding time. The purple curve shows the AUAC of different w and the
brown curve shows the earliest decoding time. Finally, we set the TV-RNN w to 30, which implies
that every 30 time points (1 second) will lead to a switch in the weights, because it has the largest
AUAC and the earliest decoding time (Figure [A.3(C). Figure shows the temporal classification
accuracy with combined trials (2447 *behavior’ trials). We see that the time around lever pull has the
highest accuracy in both standard RNNs with S1 training strategy and TV-RNNSs. Using standard
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Figure 3: Euclidean distance between (A) W, (B) W, and (C) W of TV-RNN at different times in
the trial.

RNN:Ss, the behavior can be classified significantly above chance up to around several seconds prior
to the lever pull, i.e., around 2 seconds in S1 and around 3 seconds in S2. This also illustrates
that S2 performs better than S1 in early classification but worse in final classification accuracy, i.e.,
around 0.85 in S1 and 0.62 in S2. We also show that TV-RNNs significantly outperform standard
RNNS in most time points in Figure 2B, the earliest decoding time of TV-RNNs can reach around
6 seconds before the lever pull, and the sequential classification accuracy is around 0.86. Next, we
evaluate the session-by-session accuracy of the TV-RNNs. We first compute the AUAC in Figure
[A2A for selected sessions (with #trials > 40). We consistently see that TV-RNNs achieve a higher
accuracy than standard RNNs, presumably because TV-RNNs explicitly take into account more
temporal structure with time-varying weights in the model, and allow for a monotonically increasing
classification accuracy. Finally, we show the earliest decoding time in Figure[A-2B, where we see
that TV-RNNs outperform standard RNNs in most sessions of the example mouse.

4.2 Model Analysis

In order to understand why TV-RNN s are more efficient and analyze the difference between TV-RNNs
and standard RNNs, we compare the learnt time-varying weights across the trial. We measure the
Euclidean distance between the same type of time-varying weights at different times. In Figure
BJA, B, and C, the color-map illustrates the Euclidean distance, with brighter colors representing a
larger difference. We see that the weights at the time closer to the behavior are very different from
the weights at the earlier timepoints. Furthermore, the recurrent weights W} in Figure show
more changes than the other weights, which may be necessary here to exploit the dynamic nature
of the temporal features. Moreover, the sharpest changes in the input and recurrent weights are
at around 3 seconds before the behavior, which matches the changes in the signal statistics in the
STFT (Figure|1C). The output weights W; do not vary much (note the difference in the color axis),
which reveals that the divergence between the trajectories of the two classes already exists in RNN
layers, consequently, the output weights can distinguish two classes without many changes. In order
to examine the effect of TV RNN weights on classification performance, we calculate the earliest
decoding time and AUAC while removing a single set of weights from trained TV RNNs with 10
windows (7' = 300, w = 30) (Appendix Table[T). After removing each of the first 5 sets of weights,
the earliest decoding time and the AUAC only change slightly compared with the trained TV RNNs
CAIl" in Appendix Table[T). Similarly, removal of the last two sets of weights also do not have a large
effect on the performance metrics. However, when the parameters for k = 6 to k = 8 are removed,
the earliest decoding time and AUAC varied more. These time periods correspond to the large shifts
in the data statistics. Lastly, in order to understand how the exact output of RNNs changes with
shifting data distributions, we visualize the trained network activity succinctly: we plot the output of
the networks (y(t)) in Appendix

5 Conclusion

In this work, we used RNNs to explore robust early sequential classification with brain-wide neural
activity when the data distribution shifts across time. We show that TV-RNNs are able to achieve
temporal robust classification earlier than standard RNNs and have higher accuracy. In the future, we
aim at robust behavioral decoding by using different types of neural activity.
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A Appendix

A.1 Experimental details

Widefield experiments record large-scale neural activity from the mouse dorsal cortex through
widefield calcium imaging. We analyze widefield neural activity while mice engage in a task. In
the experiment, head-fixed water-deprived mice were trained to pull a lever and hold it at an angle
(for > 100ms) in order to receive a water supplement [5]]. Rewarded lever pulls were identified
online (using a lever analog signal). Widefield calcium imaging was recorded from the mouse dorsal
cortex [[17]. We identify the ‘behavior’ trials as trials that were tracked in real time to provide water
reward, with the trial centered around the initiation of the lever pull behavior. As control trials, we
take a random sequence from the task with the same number of time points as ‘behavior’. Thus,
the ‘behavior’ trials have a clear behavior initiated at the middle of the trial, unlike the ‘control’
trials. In order to further eliminate the influence of multiple instances of lever pulls occurring during
a ‘behavior’ trial, we manually selected trials such that only one instance of lever pull is located
at the middle of each ‘behavior’ trial. The neural activity is sampled at 30 time points per second,
and each trial in this dataset contains 1800 time points (60 seconds). We spatially align the imaged
neural activity with the Allen mouse brain coordinate framework [18]] using affine transformations,
as previously performed in [[19]. We then apply Localized semi-nonnegative matrix factorization
(LocaNMF) in [16] on widefield calcium imaging data and take 16 components as identified by
LocaNMEF, which form our input signals, with each input dimension corresponding to one brain
region. In this work, we focus on the signals around the lever pull, i.e., from 10 seconds before lever
pull to 0 seconds after lever pull, because *behavior’ trials and ’control’ trials are easier to classify
during these periods [S][6].

A.2 Simulated data

The simulated behavior data consists of 10 chirp signals with 300 time points in each. Each of 10
signals is multiplied by a distinct coefficient selected within a range of (1,4), and the amplitude
linearly increases across time points in each signal. We then add Gaussian noise, and simulate 2000
trials. The simulated ‘control’ signals are shuffled ‘behavior’ signals across time.

A.3 Model training
A.3.1 Standard RNNs

We build a classification model with time-series neural data € RF*T from R different brain
regions and 7" time points as the input, with the outputs as the different classes of behavior. Here, we
implement a hidden recurrent layer with the tanh activation function, and a dense layer at the output



with the sigmoid activation function o to predict the binary class. Following are the equations of the
standard RNN networks.

hy = tanh(Whhe—1 + Woay +bp) YVt € [1,T] (5)

y = o(Wyhe +by) Vt € [1,T] (6)
0, ify; <0.5

= 7

{1, otherwise ™

where z; is the neural data from all R regions at time point ¢, hy € RV *1 is the value for the N
hidden units at time point ¢, W,, € RV>¥ is the input weight matrix, W}, € RY*¥ contains the
recurrent weights for the hidden layer, and W, € R represents the output weight matrix. y; is
the output of dense layer. We use backpropagation-thru-time (BPTT) to train the RNNs. We use two
commonly used loss functions to train the standard RNNs: (a) the loss at the last output of RNNs
(yr) in order to focus on the prediction of the entire sequence; and (b) the loss at all time steps of
RNN s sequence (), 4:), where we focus on not only the prediction at the end of the sequence, but
also on the aggregate performance of the RNNs.

RNN-S1  We train the standard RNNs by using BPTT (see Section [3) with the binary cross entropy
loss at the end of sequence. Here, only one set of weights need optimizing. The pseudo-code is
shown in Algorithm 1.

Algorithm 1 RNN-S1

1: standard RNN weights W51={Wm, Wh, Wy, by, by }
2: for iteration =1,2,...do
3: for batch = 1,2,..., Max do

4 input the time-series data to standard RNNs (see Equation [5]and Equation [6])
5: compute binary cross entropy loss at the end of sequence L = I

6: BPTT with L

7 Adam optimization W51 < W51

8 end for

9: end for

RNN-S2 We also train the standard RNNs by using BPTT with the sum of binary cross entropy
loss at each time point. Note that only one set of weights need optimizing for this strategy as well.
The pseudo-code is shown in Algorithm 2.

Algorithm 2 RNN-S2

1: standard RNN weights W2={W,, W, W,, by, b, }
2: for iteration = 1,2,...do
3: for batch = 1,2,..., Max do

4 input the time-series data to standard RNNs (see Equation [5|and Equation [6])
5: compute binary cross entropy loss at the end of sequence L = >, , ¢

6: BPTT with L

7 Adam optimization Wflﬁ — W2

8 end for

9: end for

A3.2 TV-RNN

In TV-RNNSs, multiple sets of weights need to be trained. The optimization of all the TV RNNs
weights is performed simultaneously (end-to-end) with the same BPTT, i.e., in each batch training.
The pseudo-code of training TV RNNs is shown in Algorithm 3.

A.4 Visualization of RNNs outputs

In order to visualize the trained network activity succinctly, we plot the output of the networks (y(t))
in Figure and D. The RNN output trajectories (Figure[A.T[C) starts to diverge between the two



Algorithm 3 Time-varying RNN

1: window size w, time T’

2: TV RNN weights Wi={WZ, W}, Wi, bh, bl } € Wh2eoi

3: initialize W'=W*5! vt

4: for iteration =1,2,...do

5: for batch = 1,2,..., Max do

6: input the time-series data to TV-RNNs (see Equation [[|and Equation [2)

7: Wt=WF vte|k-1)w,kw], ke [1,%]

8: compute binary cross entropy loss L by using the sum of loss at each time step L =

23:1 Ly

9: BPTT with L

10: Adam optimization Wy;q < W

11: end for

12: end for

Table 1: Earliest decoding time and AUAC comparison

| 10 windows TV-RNN  Earliest Decoding Time (s) AUAC |

wlok =1 -6.0 1.037
wlok =2 -6.0 0.983
wlok =3 -6.0 1.063
wlok =4 -5.9 0.892
wlok =5 -5.9 0.954
wiok =26 -4.9 1.005
wlok =17 24 0.657
wiok =28 -2.8 0.817
wiok=29 -6.2 0.988
wl/o k = 10 -6.2 1.063

All -6.2 1.089

classes at an early time, and at around 2 seconds before the behavior, the two trajectories from the two
classes start to diverge quickly. Thus, the evidence for decision making between the two classes does
not exist in the output nodes until close to the final time step 7", at which point the information moves
from the memory to the output nodes and the classification is performed. On the contrary, in Figure
[A.TD, the TV-RNNs output trajectories are diverging at the beginning and towards the decision with
accumulation of evidence [20]], the *behavior’ and ’control’ trajectories start to diverge at around
5 seconds before the behavior, then the *behavior’ trials are moving above the decision level (0.5)
and towards 1, at the same time, ’control’ trials are moving down and towards 0, and all of them
are closer to their corresponding decision across time. We also plot the same output trajectories for
the simulated data. The standard RNN has overlapping trajectories between ’behavior’ and ’control’
at early time, however, they cannot diverge well when the time is closer to the end. The TV-RNNs
output trajectories for simulated data have similar tendency as the experimental dataset; they also
diverge at the beginning and towards the decision with accumulation of evidence. Therefore, the
TV-RNNSs are considered as utilizing the temporal features in the data to accumulate evidence to
make a decision. This is not the only reason that TV-RNNSs outperform standard RNNs (in Figure
[A.TB) but also why TV-RNNs are able to achieve monotonically increasing classification accuracy.
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Figure A.1: RNNs outputs of simulated data: (A) Output traje ctories of standard RNNs, average
across trials, the shadow means the standard deviation; (B) Output trajectories of TV-RNNs. RNNs
outputs of widefield data: (C)standard RNNs; (D) TV-RNNs.
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Figure A.2: (A) Histogram of the area under accuracy curve using standard RNNs and TV-RNNs
for all sessions of mouse; (B) Histogram of the earliest decoding time using standard RNNs and
TV-RNNS for all sessions of mouse.
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Figure A.3: Determining the window size w of TV-RNN: area under curve and earliest decoding time
(see Section [3]of w from 6 to 30; triangles represent standard RNN.

11



	Introduction
	Related Work
	Behavioral classification using neural activity
	Sequential classification
	Time varying models

	Methods
	Time-Varying Recurrent Neural Networks
	Accuracy Quantification

	Results
	Classification Accuracy Using TV-RNNs
	Model Analysis

	Conclusion
	Appendix
	Experimental details
	Simulated data
	Model training
	Standard RNNs
	TV-RNN

	Visualization of RNNs outputs


