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Abstract
The challenge of answering graph queries over incomplete knowledge graphs is
gaining significant attention in the machine learning community. Neuro-symbolic
models have emerged as a promising approach, combining good performance
with high interpretability. These models utilize trained architectures to execute
atomic queries and integrate modules that mimic symbolic query operators. Most
neuro-symbolic query processors, however, are either constrained to tree-like
graph pattern queries or incur an extensive computational overhead. We intro-
duce a framework for efficiently answering arbitrary graph pattern queries over
incomplete knowledge graphs, encompassing both tree-like and cyclic queries.
Our approach employs an approximation scheme that facilitates acyclic traversals
for cyclic patterns, thereby embedding additional symbolic bias into the query
execution process. Supporting general graph pattern queries is crucial for practi-
cal applications but remains a limitation for most current neuro-symbolic models.
Our framework addresses this gap and we experimentally demonstrate that it
performs competitively on three datasets, effectively handling cyclic queries
through our approximation strategy. Additionally, it maintains the performance
of existing neuro-symbolic models on anchored tree-like queries and extends
their capabilities to queries with existentially quantified variables.

1 Introduction

Knowledge graphs are prevalent in both industry and the scientific community, playing a crucial role
in representing organizational knowledge [1, 2]. They model information as nodes (entities) and edges
(relations between entities). Many applications using knowledge graphs, however, encounter the issue
of missing information. As knowledge graphs are created or updated, their information can become
stale or conflicting, and some data sources may remain unintegrated. Consequently, knowledge graphs
often remain incomplete, lacking some entities or relations relevant to the application domain [3].

A particularly important reasoning task on knowledge graphs is answering queries. Traditional
query answering methods, especially those from the data management and semantic web literature,
focus on symbolic queries specified in specific symbolic query languages, and on extracting the
information that can be derived from the knowledge present in the graph [2, 4, 5]. Given the
incomplete nature of knowledge graphs, these methods fail to address the need to reason about
unknown information, reducing their usefulness in many application domains [6]. This observation
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(a) Anchored tree-like CQs (b) Tree-like CQs (c) Cyclic CQs

Figure 1: (a) Edges in anchored tree-like queries are structured as trees where the leaves are anchors
and the root is the target variable (here x); (b) leaves in tree-like queries can be anchors or existential
(unanchored) variables (here w); (c) arbitrary pattern queries can have cycles.

has spurred the development of numerous machine learning approaches to query answering [7–12],
see Ren et al. [3] for a comprehensive recent survey.

Ren et al. argue that most existing approaches evaluate queries using tree-based query plans. In these
plans, the leaves contain indicator vectors representing specific nodes, known as query anchors, within
the knowledge graph. A bottom-up vector propagation scheme is then employed: along edges that
represent relationships in the knowledge graph, learned relational predicates handle the propagation,
while at internal nodes, learned logical operations (such as conjunction) combine multiple input
vectors into one. Ultimately, the vector at the root node reflects the likelihood of entities belonging to
the query result. However, the reliance on tree-based query plans imposes limitations on the types of
queries that can be processed. Yin et al. [13] characterized these permissible queries as (anchored)
tree-form queries, illustrated in Figure 1(a). This constraint precludes the evaluation of more complex
queries, such as unanchored tree-like query patterns where leaf nodes may corresponds to variables
instead of nodes, shown in Figure 1(b), cyclic query patterns as depicted in Figure 1(c), and queries
involving multiple edges between entities. Ren et al. [3] identified the support for such queries as a
significant open problem.

Recently, Yin et al. [13] proposed a method – Fuzzy Inference with Truth values (FIT) – for
evaluating complex query patterns that involves the fuzzification of logical operations and, crucially,
the grounding of existentially quantified variables. However, supporting general queries with this
approach incurs a computational cost of O(nk), where n is the number of entities in the knowledge
graph and k is the number of variables.

In this paper we take a different approach for answering general query patterns. More specifically, we
wish to evaluate or better, approximate, general query patterns using linear time (O(n)) complexity,
hereby enabling the evaluation of complex queries over large knowledge graphs. Our framework
consists of two key parts. First, cyclic pattern queries are unraveled into tree-like queries that
represent all node traversals of the query graph up to a given distance, capturing as much information
as possible about the original query. Then, these query unravelings are processed by a neuro-symbolic
query processor capable of answering them. More specifically, our contributions are as follows:

(1) We develop UnRavL, a trainable algorithm that processes cyclic queries via an unraveling strategy.
This strategy serves as an approximation scheme with strong theoretical guarantees: it is safe,
meaning no false negative query answers are produced, and it is optimal in that we provide the best
possible approximation using tree-like queries whenever such an approximation exists.

(2) UnRavL is adaptive in that it is parameterized by the notion of depth of tree-like pattern queries.
For any depth, an unraveling exists, and higher depth queries potentially offer better approximations.
The choice of depth can be tuned based on available resources, queries, and data.

(3) Our neuro-symbolic processor for unravelings can answer any tree-like query independently of
its anchors. We achieve this by implementing existential quantification directly in the latent space,
which may be of independent interest for developing better processors for tree-like queries.

2 Preliminaries
Knowledge graphs. Knowledge graphs are directed graphs with labeled edges. Formally, a
knowledge graph is represented as a triple G = (V, E ,R) where V is a finite set of entities, R is a
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finite set of edge types, and E ⊆ V × R × V is a finite set of edges. An edge (a,R, b) is typically
denoted byR(a, b). Additionally, b is considered connected to a via the inverse relationR−1, denoted
as (b, R−1, a) or R−1(b, a). The setR−1 represents the inverse relations ofR.

Graph pattern queries. A graph pattern query q on knowledge graphs is specified by a directed
labeled graph, where: (i) each node is labeled with a unique constant (entity from V) or variable
(x, y, z, etc.); and (ii) each edge is labeled with one edge type fromR.

A crucial constraint is that each variable can only be assigned to a single node, while constants can
adorn multiple nodes.1 Furthermore, a single variable must be declared as the target variable of q,
denoted as q(x). Figure 1 depicts three graph pattern queries, each with x as target variable.

A graph pattern query q(x) is termed tree-like if it forms a tree rooted at node x when ignoring edge
direction. Specifically, multiple edges between pairs of nodes are not allowed. A tree-like query q(x)
must also satisfy that its non-leaf nodes are only labeled by variables. Moreover, q is anchored if
all the leaves of this tree are constants; otherwise, it is unanchored. The depth of a tree-like query
refers to the depth of the tree, indicating the length of the longest path from the root to any of its
leaves. Finally, q is cyclic if it contains a cycle, when ignoring edge direction. The query shown in
Figure 1(c) is cyclic, while those shown in Figures 1(a) and 1(b) are tree-like and of depth two. In
addition, the query in Figure 1(a) is anchored, and the query in Figure 1(b) is unanchored.

Graph pattern queries can also be described using first-order logic formulas with atomic predicates,
conjunction, and existential quantification (cf. Appendix A). For illustration, Figure 1 also shows the
logical formula of each graph pattern query.

Query answering. Given a graph pattern query q(x) and a knowledge graph G, an embedding of
q in G is a mapping µ from variables in q to constants in V such that each edge e in q maps to an
edge µ(e) in G. Here, µ(e) is derived by replacing variable nodes with constants as determined by µ.
The answers of q(x) on G constitute the set q(G) := {µ(x) ∈ V | µ embeds q in G}. These are also
referred to as the easy answers, as they are derived solely from the information available in G. In
contrast, neuro-symbolic approaches aim to find hard answers, which rely on unknown or missing
information in the knowledge graph [3].

3 UnRavL: Query approximation by unraveling
In this section, we present our architecture, named Unravel (UnRavL). Following previous work,
our architecture is neuro-symbolic: the task of predicting edges between nodes is carried out with
trainable modules, and those modules are linked together with operations that mimic or approximate
the symbolic operations mandated by the query. Next, we explain the two main components of
UnRavL: how we process tree-like queries and how to extend this architecture to handle arbitrary
graph patterns by unraveling queries into tree-like queries.

3.1 Processing tree-like queries

Our architecture builds on GNN-QE [11, 14], a neural-symbolic model that decomposes complex
queries into relation projections, handled by graph neural networks, and fuzzy logic operations.
We adapted it to support any tree-like query. It employs a bottom-up approach to process queries,
iteratively handling subqueries while maintaining a feature-vector representation that signifies the
likelihood of each node in the graph belonging to the answer set of the respective subquery.

Similar to the methodology outlined in Zhu et al. [11], the only trainable components of our archi-
tecture are the Neural Bellman-Ford Networks (NBFNets) [15], with each relation and its inverse in
the knowledge graph associated with a dedicated NBFNet. For a given relation or inverse relation
R ∈ R ∪ R−1, the corresponding NBFNet, denoted as PR, operates as follows: it takes as input
a vector x ∈ [0, 1]|V|, which reflects the likelihoods of nodes, and returns the updated likelihoods
PR(x) ∈ [0, 1]|V| after traversing the graph using edges governed by R. For tree-like queries, we
initiate the process from initial vectors in [0, 1]|V| at the leaves. In previous works, only anchored
leaf nodes were considered. In that case, if a is the constant in the leaf node, then the indicator vector

1We use a slightly more general definition compared to what is often used in related literature. In our case,
multiple nodes in the query graph can be denoted with the same constant.
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Figure 2: The triangle query q∆ and tree-like approximations. The approximations represent different
traversals of the query graph, starting at node (x). Best viewed in color.

1a ∈ [0, 1]|V| is used as initialization. Here, 1a(a) = 1 and 1a(b) = 0 for all b ̸= a. Intuitively,
NBFNets are used here to complete G by adding predicted edges.

Queries whose leaves are (existential) variables are not supported by GNN-QE. We handle these
queries by encoding them directly in the latent space with the "all-ones" vector 1 ∈ [0, 1]|V|, as a way
to model a uniform prior over all entities. Once the leaf node vectors are all initialized, we propagate
these vectors upwards using the NBFNets corresponding to the relations. Moreover, if x1 and x2

are vectors in [0, 1]|V| obtained from processing sub-queries q1 and q2, respectively, then the output
vector for the conjunction q1 ∧ q2 (merging of the two query graphs) is obtained as the pointwise
multiplication x1 ⊙ x2. The final vector and evaluation of the query is the vector returned at the root
node labeled with the target variable of the query.
Example 3.1. Consider the tree-like query shown in Figure 1(a). Let PEmployee and PFriend be
the trained NBFNets for the relations in our graph. The two leaves in the query are anchored with
constants "Tech" and "Bank", and we initialize them with the indicator vectors 1Tech and 1Bank,
respectively. We traverse upward by computing PEmployee(1Tech) and PEmployee(1Bank). Intuitively,
the ith entry of PEmployee(1Bank) represents the likelihood of an edge (Bank, Employee, ni), with ni
being the ith node in the graph. The traversal continues by applying PFriend to both PEmployee(1Tech)
and PEmployee(1Bank). Finally, both paths in the tree are joined when reaching the target variable x.
This conjunction (join) corresponds to computing

(
PFriend(PEmployee(1Tech))

)
⊙

(
PFriend(PEmployee(1Bank))

)

which represents the vector in [0, 1]|V| indicating the likelihood of nodes to be in the query answer.

Next, consider the tree-like query shown in Figure 1(b) in which one of the leaf nodes is unanchored.
As mentioned, this corresponds to an initialization with 1. In the same way as before, the query is
evaluated using

(
PFriend(PEmployee(1))

)
⊙
(
PFriend(PEmployee(1Bank))

)
, which returns again a vector

in [0, 1]|V| encoding likelihoods of nodes to be in the query answer. ⋄

3.2 Processing general graph pattern queries

To support queries with cycles, we introduce an approach based on computing traversals of a query.
The traversals we compute are (not necessarily anchored) tree-like queries, and we deal with them
using the evaluation strategy outlined in the previous section.
Example 3.2. Consider the triangle query q∆ shown in Figure 2 (left). We can associate with q∆
various tree-like queries, obtained by traversing the edges (ignoring direction) in q∆, starting from
the target variable x. For example, the pattern queries q1, q2, and q3 shown in Figure 2 (right) are
examples of traversals of q∆. Let a be an answer in q∆(G) for some knowledge graph G. An important
property of such traversals is that a will also belong to q1(G), q2(G), and q3(G), simply because there
must be a traversal of edges (a, Friend, b), (b, Friend, c), (c, Coworker, a) in G. We say that q∆ is
contained in q1, q2 and q3. This property holds true for any answer on any knowledge graph. The
opposite is not necessarily true, e.g., a′ ∈ q1(G) does not necessarily imply that a′ ∈ q∆(G). ⋄
Motivated by the example, we construct traversals that over-approximate cyclic queries: the traversals
retreive all answers of the cyclic query, but may also retrieve additional nodes. While there can be
many such traversals, our framework UnRavL only uses the best traversal, called the unraveling of
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Algorithm 1 Unraveling of a general graph pattern query

Require: Depth d, query q(x) with edges {Ri(xi, yi)}ni=1 and target variable x.
Ensure: Unraveling of q at depth d.

Return Local unraveling of variable x in query graph {Ri(xi, yi)}ni=1 at depth d, and make x the
target variable.

Algorithm 2 Local unraveling

Require: Depth d, query graph q = {Ri(xi, yi)}, variable x and an optional edge e of q.
Ensure: Local unraveling of variable x in q at depth d, without using e.

if d = 0 then
return the empty query.

end if
In(q, x)← {R(y, x) | R(y, x) is an edge in q,R(y, x) ̸= e}.
Out(q, x)← {R(x, y) | R(x, y) is an edge in q,R(x, y) ̸= e}.
q̂ ← empty query.
for each edge f in In(q, x) ∪ Out(q, x) do

if f = R(x, y) or f = R(y, x) with y a constant then
add the edge f to q̂.

else
add to q̂ the edge f ′, obtained from f by replacing variable y by a fresh variable y′.
α← local unraveling of variable y in q at depth d− 1, without using f .
α′ ← replace in α, variable y by y′, and every other variable by a new fresh variable.
add to q̂ every edge in α′.

end if
end for
Return q̂.

the query. The construction is parameterized by a depth parameter that poses a trade-off: the greater
the depth, the closer the unraveling approximates a query, but the costlier it is to compute.

Algorithm 1 explains how to compute the unraveling. Starting with the target variable of q, we
compute its local unraveling by moving through the edges of the query and recursively unraveling
along the variables we find. Importantly, further calls to local unraveling also pass on the edge
used to arrive at the variable being unraveled, which will not be traversed in that particular call; this
avoids traversing the same edge consecutively. The output is always a tree-like query since different
recursive calls, when computing the local unraveling of a variable, involve disjoint fresh variables.

For a given query q, let us denote by UnRavLd(q) its unraveling of depth d, as computed by Algo-
rithm 1. Our architecture UnRavL will, on input query q and graph G, consider its tree-like unraveling
UnRavLd(q) and use the bottom-up evaluation technique, described earlier, to approximate q.
Example 3.3. Let us compute the unraveling of depth 3 for a slightly more general triangle query
q∆(x) consisting of edges q = {R(x, y), S(y, z), T (z, x)}. For depth d = 3, the local unraveling at x
adds edgesR(x, y2) and T (z1, x) to q̂, with appropriately renamed variables, originating from In(q, x)
and Out(q, x). The two recursive calls for the depth d = 2 local unravelings of {S(y, z), T (z, x)} at y,
and of {R(x, y), S(y, z)} at z, respectively, add the edges S(y2, z2) and S(y1, z1) to q̂. In this exam-
ple, we end up with two additional calls for the depth d = 1 local unravelings of {R(x, y), T (z, x)}
at z and at y, respectively, adding edges T (z2, x2) and R(x1, y1) to q̂. The final unraveling is
the tree-like query q̂(x) with edges {R(x, y2), S(y2, z2), T (z2, x2), T (z1, x), S(y1, z1), R(x1, y1)}.
This unraveling corresponds to q3(x), shown in Figure 2 (right), when R and S are Friend and T
is CoWorker. Hence, for the depth 3 approximation of q∆, UnRavL returns the following for the
likelihoods of answer nodes.

(
PCoWorker

(
PFriend

(
PFriend(1)

))
⊙
(
PFriend−1

(
PFriend−1

(
PCoWorker−1(1)

)) ⋄

3.3 Theoretical guarantees

In this section we state the most important properties of unravelings, see Appendix B for more details.
The first two properties show that our algorithm does produce good approximations of queries.
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Proposition 3.1. For any query q, its unraveling UnRavLd(q) at depth d satisfies:

• (Safety) It is an over-approximation of q: For any knowledge graph G, any answer to q on G is
always an answer to UnRavLd(q)(G) on G.

• (Conservativeness) If q is a tree-like query of depth d, then UnRavLd(q) is equivalent to q. That
is, they produce the same answers on any knowledge graph. □

Our next property states that UnRavLd(q) is the best possible tree-like approximation at depth d of
any query q without constants.
Proposition 3.2. For any query q without constants, its unraveling UnRavLd(q) at depth d satisfies:

• (Optimality) It is the best possible over-approximation: any other tree-like query q′ of depth d
that satisfies the safety property must always produce the same or more answers that UnRavLd(q)
(but not less). That is, we have that UnRavLd(q)(G) is contained in q′(G) for any graph G. □

We only show optimality for queries without constants because the unraveling of queries with
constants have uneven depth, hence opening up room for intricate approximations that end up being
incomparable to our unraveling.

Finally, we also have that higher depth unravelings potentially provide better approximations. The
choice of depth can be tuned depending on available resources, queries and data at hand.
Proposition 3.3. For any query q and d > 0, the set of answers UnRavLd(q)(G) is always contained
in the set of answers UnRavLd−1(q)(G) on any knowledge graph G. □

Evaluating unravelings takes O(dn) time as the size of queries can be treated constant compared to n.

4 Experiments
We empirically investigate the performance of UnRavL2 for answering complex graph pattern queries.
Specifically, we aim to address the following questions:

Q1: How does UnRavL perform on cyclic queries?
Q2: How does the theoretical properties of our approximations translate into practice?
Q3: How does UnRavL perform on tree-like queries? Is it able to answer unanchored queries whilst
remaining competitive on anchored queries against other neuro-symbolic approaches?

To answer Q1 we tested our method on two query sets that include cyclic queries. For anchored
cyclic queries we use the real EFO1 introduced in [13], comparing against the FIT method proposed
in the same paper. But we also try our method using a new benchmark of three new, non-anchored
cyclic queries, which takes us beyond the capabilities of FIT. Here we compare against MPQE [16]
and PQE (see details in Section 4.2). No other methods are considered as they don’t support cyclic
and/or unanchored queries. For Q2, we zoom in on results for different depths of unraveling, to
see whether longer queries indeed perform better in practice, as suggested by our theoretical work.
For Q3, we test our method on a mix of anchored queries from the BetaE benchmark [17] and
unanchored queries resulting from expanding this benchmark. First, to see the performance regarding
unanchored tree-like queries, we use our benchmark of unanchored queries and compare against PQE
and MPQE, the only two methods we know are able to handle these queries. Further, to see whether
UnRavL remains competitive on anchored, tree-like queries, we compare performance on the BetaE
benchmark against GNN-QE [11], since it is the method closest to our tree-like query processor.

4.1 Experimental setup

We test two versions of UnRavL, depending on how we train the underlying tree-like query processor.
a-UnRavL uses only anchored queries for training, while UnRavL uses a mix of both anchored
and unanchored tree-like queries. We perform our training and evaluation on the commonly used
knowledge graphs FB15k-237 [18], FB15k [19] and NELL995 [20] and we use four different query
sets. Firstly, and following most previous work, we use the BetaE query set, consisting of 10 types
of anchored tree-like queries. Second, we create a new set of 10 queries, based on the BetaE but
allowing existential leaves (unanchored queries). Third, we use the real EFO1 query set consisting
of 10 query types, featuring unanchored tree-like queries and anchored cyclic queries. Finally, we

2The source code for UnRavL is available at https://anonymous.4open.science/r/UnRavL-A6EF/.
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Table 1: Results of UnRavL, PQE and MPQE for cyclic queries: lollipop (∃1p2c), triangle (∃3c) and
square query (∃4c). Results for UnRavL correspond to the best unraveling depth, while results for
PQE corresponds to the metrics when considering the smallest dissociation score for each entity.

FB15k237 FB15k NELL995

Metric Model ∃∃∃1p2c ∃∃∃3c ∃∃∃4c ∃∃∃1p2c ∃∃∃3c ∃∃∃4c ∃∃∃1p2c ∃∃∃3c ∃∃∃4c

hits@1
UnRavL 0.027 0.073 0.036 0.057 0.092 0.057 0.065 0.114 0.067

PQE 0.011 0.027 0.009 — — — — — —
MPQE 0.023 0.031 0.005 0.064 0.063 0.000 0.074 0.060 0.098

hits@10
UnRavL 0.151 0.292 0.187 0.227 0.305 0.372 0.286 0.419 0.257

PQE 0.127 0.135 0.059 — — — — — —
MPQE 0.147 0.149 0.062 0.225 0.218 0.000 0.301 0.313 0.326

mrr
UnRavL 0.067 0.148 0.088 0.098 0.297 0.159 0.146 0.211 0.122

PQE 0.057 0.077 0.031 — — — — — —
MPQE 0.069 0.072 0.025 0.120 0.116 0.000 0.150 0.142 0.180

introduce three extra cyclic- unanchored queries. See Figure 3, Figure 4 and Figure 5 in the Appendix
for a graphic depiction of the queries. Although all these queries are used for testing, we train and
validate on only certain types to effectively evaluate generalization on unseen query structures. It is
also worth noticing that both the BetaE and real EFO1 query set include queries with negations and
union. The ability of UnRavL to answer these queries comes from its underlying model. Details on
training, validation, and results for queries with negation and union are in Appendix D.1 and D.5.

We follow previous work [11] to evaluate the performance of our model, so we use mean reciprocal
rank (mrr) and hits@k as metrics. To further understand the intricacies of our model, we also
incorporate classification metrics such as precision and recall using different classification thresholds.

4.2 Implementation

The implementation of UnRavL is built on top of GNN-QE [11]. We adapted GNN-QE to support
unanchored tree-like queries and further trained it with both anchored and unanchored tree like
queries. In line with previous works [8, 10, 11, 17], our model (i.e. the underlying NBFNets) is
trained to minimize the binary cross entropy loss. Full details can be found in Appendix D.1.

Our baseline PQE is based on a non-trainable neuro-symbolic algorithm from the Probabilistic
Query Evaluation literature. PQE starts by building a probabilistic database by assigning a likelihood
score to each potential relation using an NBFNets link predictor [15]. Then, treating these scores as
probabilities, PQE evaluates the query directly using a probabilistic solver. Storing the probabilistic
graph requiresO(|V|2) space and it was feasible only for FB15k-237, which is also why this approach
is often disregarded as a possible baseline [7, 9]. As for the probabilistic solver, given the #P-hardness
of computing the possible world semantics of graph pattern queries [21], PQE utilizes a polynomial
time evaluation method based on dissociations of the original queries [22]. This approach is known
to provide good upper approximations of the actual probabilities of query answers. Further details on
PQE can be found in Appendix C.

As a second baseline, we consider Message Passing Query Embedding (MPQE) [16]. MPQE is a
neural method that learns embeddings of entities in the knowledge graph, together with an encoder
of queries–a graph neural network that maps a query graph to a vector representation. For a given
query, MPQE returns a ranked list of entities by computing the cosine similarity between the query
embedding computed by the encoder, and the embeddings of all entities in the graph. Although not
studied in the original publication, the query encoder in MPQE supports arbitrary query patterns,
including cyclic and unanchored queries. We train MPQE with anchored and unanchored tree-like
queries, and we use the performance on the validation set for hyperparameter tuning. Further, we rely
on the implementation by Alivanistos et al. [23], which makes use of a CompGCN [24] for the query
encoder instead of the original R-GCN. More details can be found in Appendix D.2.

We do not implement (FIT) [13], but rather turn to the paper for the results.
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Table 2: Mean reciprocal rank on the real EFO1 query set (excluding queries with negation). Results
for (a-)UnRavL correspond to the best unraveling depth, and results of FIT are taken from the paper.

KG Model 2il 3il 2m 3mp 3pm im 3c 3cm avg

FB15k-237
FIT 0.342 0.514 0.099 0.119 0.077 0.196 0.294 0.373 0.252
a-UnRavL 0.379 0.521 0.101 0.137 0.092 0.217 0.314 0.401 0.270
UnRavL 0.401 0.546 0.087 0.121 0.085 0.201 0.305 0.395 0.268

FB15k
FIT 0.704 0.776 0.735 0.573 0.640 0.794 0.638 0.654 0.689
a-UnRavL 0.701 0.781 0.740 0.606 0.677 0.814 0.696 0.705 0.715
UnRavL 0.731 0.801 0.720 0.598 0.637 0.801 0.704 0.723 0.714

NELL995
FIT 0.533 0.695 0.421 0.240 0.228 0.415 0.475 0.453 0.433
a-UnRavL 0.501 0.690 0.417 0.231 0.222 0.411 0.452 0.437 0.420
UnRavL 0.508 0.701 0.419 0.229 0.207 0.409 0.439 0.399 0.414

Table 3: Results of UnRavL for the triangle query’s unravelings on FB15k-237 dataset, depths 2 to 10

Depth 2 3 4 5 6 7 8 9 10
mrr 0.137 0.147 0.143 0.140 0.143 0.141 0.143 0.148 0.147
hits@1 0.066 0.068 0.071 0.068 0.072 0.070 0.068 0.073 0.075
hits@10 0.285 0.301 0.290 0.290 0.287 0.283 0.292 0.292 0.293

4.3 Results

Q1 - Cyclic queries. Tables 1 and 2 display results for different cyclic queries on FB15k-237,
FB15k, and NELL995. For unanchored queries (Table 1), we compare against MPQE and our
baseline PQE, the only architectures we know that can handle these queries. We see that PQE is the
worst performer, highlighting the advantage of training with different types of queries, and not just
links. In general, UnRavL outperforms MPQE on the longer queries (∃3c and ∃4c) across all datasets.
MPQE is the best performer on the shorter ∃1p2c query, specially in the NELL dataset. We also note
that when focusing in hits@10, a more comprehensive metric, UnRavL outperforms MPQE on 8 out
of 9 query / dataset pairs.

In parallel, Table 2 show results of UnRavL and FIT for the real EFO1 query set that contains anchored
cyclic queries. UnRavL outperforms FIT in datasets FB15k-237 and FB15k. In NELL, we note a
slight disadvantage of UnRavL when compared to FIT. Interestingly, the same pattern occurs when
comparing GNN-QE to FIT on tree-like anchored queries (see Table 9 in the Appendix). This result
demonstrates that the performance of our framework UnRavL is inherited from its underlying neural
model. We remark that although FIT performs slightly better in NELL, UnRavL remains competitive
with its linear time complexity and no need for heuristic data preprocessing.

Q2 - Theoretical and experimental results. Tables 3 and 4 show how our approximation scheme
performs on the triangle and square query respectively, when considering different depths for the
unravelings. Our theoretical results state that performance should not decrease as we increase the
depth of the unravelings and the experiments show that indeed both the mean reciprocal rank and
hits@k metric tend to remain relatively stable. This suggests that the cases where one needs deep
unravelings tend not to show in datasets. On the other hand, there are practical intricacies that are
not taken into account in a theoretical setting: the training sets for complex query answering models
only consider queries that involve up to 3 successive projections (3p), while our unravelings can be
arbitrarily deep, which may lead to successive stacking of errors. In Appendix D.6 we show that
Precision and Recall metrics are more affected by the depth of unravelings, although these metric
themselves depend on a particular classification threshold.

Q3 - Tree-like queries. Table 5 shows the performance of UnRavL, PQE, and MPQE for general
(unanchored) tree-like queries where UnRavL outperforms both of the other approaches. We see also
the same pattern in the two unanchored queries (2il/3il) proposed in the real EFO1 dataset in Table 2.
We note that this performance can be achieved without a noticeable drop in performance for anchored
tree-like queries (an average drop of 4.24% in mrr, considering all datasets and queries). For more
details, see Appendix D.3, where we compare with GNN-QE. We also report our comparison with
UnRavL trained using anchored queries only.
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Table 4: Results of UnRavL for the square query’s unravellings on FB15k-237 dataset, depths 3 to 12

Depth 3 4 5 6 7 8 9 10 11 12
mrr 0.074 0.088 0.085 0.087 0.087 0.087 0.087 0.087 0.088 0.086
hits@1 0.023 0.035 0.028 0.033 0.033 0.034 0.034 0.032 0.036 0.030
hits@10 0.166 0.187 0.193 0.197 0.201 0.178 0.181 0.188 0.182 0.192

Table 5: Results of UnRavL, PQE and MPQE for unanchored tree-like queries.
Metric Model ∃∃∃1p ∃∃∃2p ∃∃∃3p ∃∃∃2i ∃∃∃3i ∃∃∃ip ∃∃∃pi

FB15k237

hits@1
UnRavL 0.028 0.046 0.057 0.123 0.203 0.030 0.090
PQE 0.021 0.001 0.011 0.017 0.071 0.027 0.051
MPQE 0.012 0.041 0.035 0.021 0.027 0.030 0.028

mrr
UnRavL 0.055 0.088 0.079 0.212 0.292 0.076 0.151
PQE 0.031 0.025 0.051 0.034 0.111 0.107 0.064
MPQE 0.029 0.069 0.061 0.041 0.049 0.052 0.046

FB15k

hits@1 UnRavL 0.831 0.643 0.533 0.759 0.791 0.566 0.668
MPQE 0.258 0.061 0.060 0.094 0.121 0.081 0.096

mrr UnRavL 0.855 0.688 0.587 0.801 0.833 0.620 0.720
MPQE 0.362 0.107 0.100 0.153 0.198 0.138 0.145

NELL995

hits@1 UnRavL 0.831 0.643 0.533 0.759 0.791 0.566 0.668
MPQE 0.191 0.032 0.046 0.066 0.114 0.031 0.056

mrr UnRavL 0.479 0.160 0.119 0.378 0.484 0.140 0.269
MPQE 0.270 0.061 0.075 0.132 0.198 0.060 0.097

5 Related work

Neural and neuro-symbolic query answering. The machine learning community has produced
a wide body of literature investigating how to answer complex queries over incomplete knowledge
graphs. These works build on and extend successful methods for learning embeddings of entities
and relations in knowledge graphs [19, 24–29]. We can identify two different approaches to complex
query answering. Firstly, neural approaches [7, 8, 16, 17, 30–32] answer queries by designing
functions (parameterized by neural networks) for mapping queries and entities in an embedding space
where similarity indicates the likelihood of an answer. While competitive, the neural networks in
these works act as black boxes that turn a query into a vector, thus resulting in a less interpretable
system. Secondly, there are so-called neuro-symbolic approaches, which combine neural approaches
to compute missing links between entities, and symbolic approaches to extract answers from the
completed data [9, 11–13, 33–35]. While logical operators are still processed in the latent space,
this process enforces a strong bias when computing queries, as the learning process must take into
account the symbolic operations occurring downstream. With the exception of MPQE [16] and FIT
[13], both neural and neuro-symbolic methods for query answering in the literature are limited to
anchored tree-like queries, which is needed to form a computation graph in an embedding space, and
thus they cannot be directly applied to cyclic or unanchored queries.

Approximation of conjunctive queries. The literature on tree-like approximations of queries
identifies two types of approximations: underapproximations, which yield sound but not necessarily
complete answers [36], and overapproximations, which yield complete but not necessarily sound
answers [37]. However, these works focus on a slightly different notion of tree-like, namely, treewidth-
1 queries and are purely theoretical and have not found impact in practice before.

The notion of unraveling. The idea of unraveling the nodes of a graph to form a tree, also known
as tree unfolding has been used before in several domains, from temporal logic [38] to database
theory [39] to formal language theory [40], and even in machine learning, to formally study methods
for graph embeddings [41]. However, up to our best knowledge, there is no previous work on the
practical application of these techniques in the context of traditional query answering or in neural
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query answering. Hence, our paper also contributes by showing how query approximations obtained
by unravelings can be used in practice to provide state of the art querying algorithms.

6 Conclusions
UnRavL enhances neural query processors through an approximation scheme for cyclic queries and a
latent encoding of existential quantification for queries without anchors. It outperforms other neural
methods for general cyclic patterns and a probabilistic query evaluation baseline, while remaining
competitive on existing benchmarks for anchored queries. However, a fully capable neural query
processing engine for any graph database query is still elusive [3]. Future work includes developing
better exact or approximation schemes for complex queries by, e.g., leveraging meta-path predictors
[42–44], or recent query evaluation algorithms [45].
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Neural-Symbolic Models for Logical Queries on Knowledge Graphs

A. Dataset Statistics
We use the complex query datasets generated by (Ren & Leskovec, 2020). There is a total number of 14 query types, as
showed in Fig. 5. Statistics of all query types is summarized in Tab. 6.
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Figure 5: Types of complex FOL queries used in training and inference.

Table 6: Statistics of different query types used in the benchmark datasets.

Split Query Type FB15k FB15k-237 NELL995

Train 1p/2p/3p/2i/3i 273,710 149,689 107,982
2in/3in/inp/pin/pni 27,371 14,968 10,798

Valid 1p 59,078 20,094 16,910
Others 8,000 5,000 4,000

Test 1p 66,990 22,804 17,021
Others 8,000 5,000 4,000

B. Hyperparameters
Tab. 7 lists the hyperparameter configurations of GNN-QE on different datasets.

Table 7: Hyperparameters of GNN-QE on different datasets. All the hyperparameters are selected by the performance on the
validation set.

Hyperparameter FB15k FB15k-237 NELL-995

GNN #layer 4 4 4
hidden dim. 32 32 32

MLP #layer 2 2 2
hidden dim. 64 64 64

Traversal Dropout probability 0.25 0.25 0.25

Learning

batch size 192 192 32
sample weight uniform across queries uniform across queries uniform across answers
optimizer Adam Adam Adam
learning rate 5e-3 5e-3 5e-3
iterations (#batch) 10,000 10,000 30,000
adv. temperature 0.2 0.2 0.2

C. Batched Expression Execution
Alg. 1 shows the pseudo code for converting expression to postfix notation. The idea is to recursively parse the expression
from outside to inside, and construct the postfix notation from inside to outside. We preprocess all query samples in training
and evaluation with Alg. 1.

Alg. 2 illustrates the steps of batch execution over postfix expressions. For clarity, we describe the algorithm as one for loop

Figure 3: Graph pattern queries introduced by Ren and Leskovec [17] and used in our experiments.
(The figure is taken from Zhu et al. [11].)
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Figure 5: Query graphs of each real EFO1 formula. Naming convention: l “existential leaf”, m
“multi graph”, c for “circle”. We also follow the previous convention: “i” for intersection, “p” for
projection, and “n” for negation. The representation of query graphs follows Figure 3.

score s(a, r, b) to probability within [0, 1] interval by using the softmax function:

P ⋆
r,a(b) =

exp(s(a, r, b))

Σc∈Eexp(s(a, r, c))

As the softmax outputs a vector that has the sum of 1, we further compute the scaling:

Qa,b =

{ |{d|(a,r,d)∈Go}|
Σc∈{d|(a,r,d)∈Go}P⋆

r,a(c)
, if |{d|(a, r, d) ∈ Go}| > 0

1, if |{d|(a, r, d) ∈ Go}| = 0
(5)

Therefore, the a-th row of r-th matrix is got by clamping the value for each element:

Pr(a, b) = min(1, P ⋆
r,a(b)×Qa,b) (6)

In testing, the construction of the neural matrix is a bit complicated, details in Appendix F.

5.3 Forward inference with truth value

We explain how to compute the answer vector given neural matrices by a toy example. Full detail of
the rigorous derivation is in Appendix D and the analysis of its complexity is in Appendix E. We infer
a fuzzy vector Cu ∈ [0, 1]|E| to represent the fuzzy set for every node u in the query graph, with this
help, we remove node and edge step by step and updating Cu for corresponding nodes simultaneously,
keeping the answer vector the same on a smaller graph. Our techniques extend traditional symbolic
search methods, like Yannakakis [1981] in database theory and Dechter and Pearl [1987] in constrain
satisfaction problem, see more discussion in Appendix G.1.

To illustrate our FIT briefly, we explain each step shown in Figure 4.3. 1. We initialize the constant
entity by giving it a one-hot vector as its fuzzy set. 2. We remove the constant entity and update the
fuzzy set of the nodes that are connected to the constant. 3. We remove a leaf variable and update the
fuzzy vector of its neighbor. 4. Since it is a circle in the graph, we enumerate possible candidates in
the fuzzy set of a variable and make it a constant. 5. Similar to step 2, we remove the constant. 6.
The query graph contains only the free variable and the final answer is naturally its fuzzy set.

Finally, as all the computation in the FIT is differentiable, the loss is defined as cross entropy of the
predicted answer vector A with the real answer A:

L = H(A,A) = −[Σa∈A ln(A(a)) + Σ(a∈E−A) ln(1−A(a))] (7)

In this way, backward propagation helps to fine-tune the neural link predictors using data of the
complex query, rather than just one-hop queries.

5.4 Theoretical guarantees

Definition 20 (Perfect Matrices). Given a knowledge graph G, we say the matrices {Pr}r∈R are
perfect if Pr(h, t) = 1 ⇐⇒ (h, r, t) ∈ G, Pr(h, t) = 0 ⇐⇒ (h, r, t) /∈ G.

7

Figure 4: Graph pattern queries introduced by Yin et al. [13] and used in our experiments. (The
figure is taken from Yin et al. [13].)

A Connection to logic
We have described queries in terms of their graph representation. Here, we make the connection to
logic more precise.

Let Var be a countably infinite set of variables and let Con be a countably infinite set of constants.
Consider the following class of first-order logic formulas (called (unary) conjunctive queries) over
the setR of edge types and constants in Con, of the form (we use rule-based notation)

q(x)← R1(y1, z1) ∧ · · · ∧Rm(ym, zm),

where x is the target variable, and each Ri(yi, zi) is an atom with Ri ∈ R and {yi, zi} ⊆ Con ∪ Var
(yi, zi are either variables or constants). The variable set Var(q) of q is the set of variables appearing
in the atoms of q, that is, the variables appearing in {y1, z1, . . . , ym, zm}. Similarly, we denote by
Con(q) the constants appearing in the atoms of q. As usual, we assume x ∈ Var(q). The variables in
Var(q) \ {x} are the existentially quantified variables of q. The semantics of these queries is defined
using the standard semantics of first-order logic.

As an example, Figure 1(c) shows the logical formula q(x) ← Friend(x, y) ∧ Friend(y, z) ∧
Coworker(z, x) looking for all persons x that have a friend y and a coworker z who are friends
with each other. Here, Var(q) = {x, y, z}, x is the target variable, and y and z are both existentially
quantified.

We turn logical formulas into a graph representation as follows. We take Var(q) ∪ ConOcc(q) as
nodes, and an edge from node u to node v for every atom R(u, v) in q. Here, ConOcc(q) is the set of
occurrences of constants in q, i.e., if the number of occurrences in different atoms of q of a constant
a ∈ Con(q) is k, then there are k duplicates of a in ConOcc(q). The target variable is, of course,
taken as the same.

Conversely, it is readily verified that the graph representation of queries corresponds to formulas
as described above. Indeed, simply take a conjunction over all edges and existentially quantify all
variables except for the target variable.

With this connection in place, we can say that a formula has a certain graph property, e.g., being
tree-like, meaning that its graph representation has that property.
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Figure 5: Examples of cyclic queries.

Example A.1. The cyclic queries shown Figures 5 can be easily seen to correspond to the logical
formulas qlp(x)← R(y, x)∧ S(y, x)∧ T (z, y), q∆(x)← R(x, y)∧ S(y, z)∧ T (z, x), and q(x)←
R(y, x) ∧ S(y, x) ∧ T (z, y) and q□(x)← R(y, x) ∧ S(w, x) ∧ T (z, y) ∧ U(z, w), respectively. ⋄

B Details of Propositions 3.1, 3.2 and 3.3
We here provide an alternative description for computing the unraveling of a query, which can easily
be shown to be equivalent (by induction on d) to the unraveling computed by Algorithm 1.

Unraveling in terms of valid paths. Let q(x) be a graph pattern query with target variable x. A
valid path of q(x) is a sequence u0, e1, u1, . . . , ek, uk, for k ≥ 0, such that:

• For all 1 ≤ i ≤ k, we have that ui is a node in the graph pattern. Moreover, u0 is labeled by x, ui
is labeled by a variable, for all 1 ≤ i < k, and uk is either labeled by a variable or a constant.

• For all 1 ≤ i ≤ k, we have that ei is an edge in q with endpoints ui−1 and ui (that is, ei is either
of the form R(ui−1, ui) or R(ui, ui−1)).

• For all 1 ≤ i < k, we have that ei ̸= ei+1.

Intuitively, a valid path is a way of traversing q starting from the target variable x and sequentially
moving through the edges of q, ignoring direction. We can visit the same variable or edge several
times. The only restriction is that an edge cannot be visited multiple times consecutively in the
sequence. Hence, once an edge is traversed, we cannot go back via the same edge immediately.

The length of a valid path is the number of edges k. Note that the valid path of length 0 is well-defined
and corresponds to the sequence x. A valid path is unanchored if it ends at a variable of q; otherwise,
it is anchored. For a valid path P , we denote by end(P ) the node at the end of path P (which is
labeled either by a variable or constant).
Example B.1. Consider the triangle query q∆(x), shown in Figure 2 (left), consisting of
edges {Friend(x, y), Friend(y, z), Coworker(z, x)}. An example of an unanchored valid
path is x, Friend, y, Friend, z, Coworker, x, which corresponds to a clockwise traversal of
length 3 starting at x. The anticlockwise traversal of length 3 is given by the valid path
x, Coworker, z, Friend, y, Friend, x. ⋄
Let q be a graph pattern query and d ≥ 1. We need variables corresponding to each unanchored valid
path P of q of length ≤ d. We denote the variable corresponding to such a path P by a fresh variable
zP , although encoding of paths by any fresh variables suffices, as shown next.
Example B.2. We continue with the triangle query q∆(x). Let us introduce some variables for valid
paths:

variable path
x x
z1 x, Coworker, z
y1 x, Coworker, z, Friend, y
x1 x, Coworker, z, Friend, y, Friend, x
y2 x, Friend, y
z2 x, Friend, y, Friend, z
x2 x, Friend, y, Friend, z, Coworker, x

We thus have introduced variables for each unanchored valid path of length at most three in q, starting
from x. ⋄
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The unraveling of q(x) of depth d ≥ 1, as computed by Algorithm 1, is easily shown to be equivalent
to the following graph pattern query:

• The nodes of the graph pattern are the valid paths of length ≤ d.
• Unanchored valid paths P are labeled with the fresh variable zP . Anchored valid paths P are

labeled with the constant labeling end(P ).
• The target variable is x := zx.
• For valid paths P and P ′ = P, e′, end(P ′) of q of lengths ≤ d, if e′ is an edge labeled R from
end(P ) to end(P ′), then we add an edge with label R from P to P ′. Otherwise, we add an edge
with label R from P ′ to P .

We recall that we denote the corresponding graph query by UnRavLd(q).
Example B.3. It is now easily verified that the graph pattern query q3(x) shown in
Figure 2(c) is the depth three unraveling of q(x), using the variables for paths intro-
duced in the previous example. Indeed, it is the pattern query consisting of the follow-
ing edges: {Friend(x, y2), Friend(y2, z2), Coworker(z2, x2), Coworker(z1, x), Friend(y1, z1),
Friend(x1, y1)}. ⋄
The idea is that the unraveling of depth d of q(x) is obtained by traversing q in a tree-like fashion,
starting from the target variable x and moving from one variable to all of its neighbors through the
edges of q. Each time, we add fresh variables to the unraveling, resulting in a tree-like query. The
tree traversal has depth d and is always restricted to valid paths (no immediate returns to the same
atom). The leaves of the unraveling could be anchors or variables. As mentioned, the traversals and
addition of edges by Algorithm 1 precisely follow the description above.

Containment. Before proving properties of the unraveling of a query we recall how containment
of two queries can be defined in terms of homomorphisms. We recall that a graph pattern query q is
contained in another graph pattern query q′, denoted by q ⊆ q′, if q(G) ⊆ q′(G), for all knowledge
graphs G. That is, the answer of q is always contained in the answer of q′, independently of the
underlying knowledge graph. While this notion reasons over all knowledge graphs, it admits a simple
syntactic characterization based on homomorphisms.

A homomorphism from query q(x) to query q′(x) is a mapping h from the nodes of q to the nodes of
q′ such that:

• h(x) = x;
• if u is a node in q labeled by a constant a, then h(u) is also labeled by a in q′; and
• For all edges R(u, v) of q, we have that R(h(u), h(v)) is an edge of q′.

Intuitively, a homomorphism is a way of replacing the variables of q by variables of q′ such that each
edge of q becomes an edge of q′. The target variable of q must be mapped to the target variable of q′.
The following is a well-known characterization of containment of graph pattern queries.
Theorem B.1 ([46]). A graph pattern query q is contained in a graph pattern query q′ if and only if
there is a homomorphism from q′ to q. □

Proof of Proposition 3.1. We next provide the proof of Proposition 3.1.

▷ Safety

We start by showing that UnRavLd(q) over-approximates q, that is, q is contained in UnRavLd(q). By
Theorem B.1 it suffices to show that there exists a homomorphism h from UnRavLd(q) to q.

Consider the mapping h from the nodes of UnRavLd(q) to the nodes of q that maps each valid path
P in UnRavLd(q) to its final element end(P ). We claim that h is a homomorphism. Indeed, note
first that the target variable of UnRavLd(q) is mapped via h to the target variable x of q, as the
former corresponds to the valid path x. Second, if a valid path P is labeled by a constant a, then
end(P ) is labeled by a by definition. In particular, h(P ) = end(P ) is labeled by a. Finally, take
and edge R(P, P ′) in UnRavLd(q). By definition, we have two cases: either P ′ = P, e′, end(P ′) or
P = P ′, e, end(P ). In the first case, we know that e′ is an edge of the form R(end(P ), end(P ′)) in
q. In particular, R(h(P ), h(P ′)) is an edge in q. In the second case, we know that e is an edge of the
form R(end(P ), end(P ′)) in q. Again, we have that R(h(P ), h(P ′)) is an edge in q. We conclude
that h is a homomorphism.
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▷ Conservativeness

By Theorem B.1, it suffices to show that in case q(x) is tree-like, we have a homomorphism from
q to UnRavLd(q), where d is the depth of q. This follows directly by observing that q is exactly
UnRavLd(q), modulo renaming of variables. Formally, we can define the “identity” homomorphism
as follows. For each node u of q, we define h(u) to be the unique path in q from the tree root to
the node u. Note that this is actually a valid path and hence h is well-defined. By construction, h is
clearly a homomorphism.

Proof of Proposition 3.2. We next provide the proof of Proposition 3.2.

We define a path of q(x) as a valid path without the third condition in the definition. That is, in a path
we can traverse consecutively the same edge.

As for valid paths, we denote by end(P ) the node at the end of the path P . Note that every path
P that is not valid define a unique valid path valid(P ) such that end(P ) = end(valid(P )). Indeed,
whenever we have a subsequence in the path P of form y, e, z, e, y violating the third condition, we
can replace it by y. By iteratively, applying this simplification, we always obtain a unique valid path
valid(P ) with end(P ) = end(valid(P )).

Now suppose q′(x) is a tree-like over-approximation of q(x) of depth at most d. By Theorem B.1,
there exists a homomorphism h from q′ to q. We shall define a homomorphism g from q′ to
UnRavLd(q), which implies UnRavLd(q) ⊆ q′ as required.

For a node w in q′, we define the path Pw in q as follows. Take the unique path from the root x to w
in q′. As h is a homomorphism, the image of this path via h produces a path in q, which we denote
Pw. Note that Pw is actually a path as q does not have constants. (If q has constants, then Pw could
have internal nodes in the sequence that are constants, violating the first condition of valid paths.)

Consider the mapping g from the nodes of q′ to the nodes of UnRavLd(q) defined as follows. For
each node w in q′, we assign g(w) = valid(Pw). Note that since the depth of q′ is at most d, then
the length of Pw is at most d, and consequently, valid(Pw) is a valid path of q of length at most d.
Therefore, g is well-defined.

We claim that g is a homomorphism. Note that, by construction, the target variable of q′ is mapped
via g to the target variable of UnRavLd(q). Now, take an edge R(w,w′) in q′ and suppose w is
the parent of w′ in q′ (the other case is analogous). Note that either valid(Pw′) extends valid(Pw),
that is, valid(Pw′) = valid(Pw), e

′, z′, or valid(Pw) extends valid(Pw′). Indeed, if the last edge e′
of Pw′ is different from the last edge of valid(Pw) then valid(Pw′) = valid(Pw), e

′, z′. Otherwise,
if the last edge e′ of Pw′ coincides with the last edge of valid(Pw), then valid(Pw′) is the subse-
quence of valid(Pw) that ends just before traversing the last edge e′ of valid(Pw). In particular,
valid(Pw) = valid(Pw′), e′, z. Suppose valid(Pw′) = valid(Pw), e

′, z′ (the other case is analogous).
Note that e′ = R(h(w), h(w′)) = R(end(valid(Pw)), end(valid(Pw′))) and z′ = h(w′). By con-
struction of UnRavLd(q), we have an edge R(valid(Pw), valid(Pw′)) in UnRavLd(q). It follows that
R(g(w), g(w′)) = R(valid(Pw), valid(Pw′)) belongs to UnRavLd(q) as required.

This concludes the proof. □

Proof of Proposition 3.3. We verify that UnRavLd(q) ⊆ UnRavLd−1(q) using Theorem B.1. This
follows from the fact that UnRavLd−1(q) is a subtree of UnRavLd(q). Hence we can consider the
identity homomorphism that maps each valid path P in UnRavLd−1(q) to itself. □

C PQE: A new probabilistic query answering baseline

Possible world semantics. A probabilistic knowledge graph (G, ω) is a knowledge graph G in
which ω assigns a probability ωR(a, b) to each edge R(a, b) in G. The standard semantics of graph
pattern queries (and for any query in any query language for that matter) is defined in terms of the
possible world semantics. A possible worldW of G is any subset of edges in G. The probability
Pω(W) of this world corresponds to

∏

R(a,b)∈W
ωR(a, b) ·

∏

R(a,b)∈G\W

(
1− ωR(a, b)

)
.
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Table 6: Queries categorized in terms of being hierarchical (H) and/or tree-like.

Tree-like+H Tree-like+not H Not tree-like+H Not tree-like+ not H
1p,2p,2i,3i,ip,
∃1p,∃2p,∃2i,∃3i,∃ip

3p, pi,
∃3p,∃pi ∃1p2c ∃3c,∃4c

That is, Pω(W) is the probability of hitting every edge inW (according to ω), and missing every
edge not inW . We refer to the book by Suciu et al. [47] for further details and background.

Query answering in this context corresponds to computing the probability of each possible world
where a particular answer is valid. That is, the evaluation of a query q over (G, ω) associates to every
answer a the probability

P(q,G, ω, a) :=
∑

W⊆G,a∈q(W)

Pω(W).

This semantics is widely accepted as the standard for probabilistic query answering. However, due to
the exponential number of possible worlds, evaluating general queries using this method is #P -hard
[21, 48].

Hierarchical queries and dissociations. To cope with the intractability of computing the possible
world semantics, previous work either identified subclasses of queries where evaluation is in PTIME,
or constructed approximations.

For tractability, it was shown by Dalvi and Suciu [21] that PTIME evaluation is possible for so-called
self-join-free hierarchical queries. Let N(q, x) := In(q, x) ∪ Out(q, x), that is, the set of edges in q
adjacent to x. A graph pattern query q is hierarchical if for each pair of non-target variables x, y in
q, either N(q, x) ⊆ N(q, y), or N(q, y) ⊆ N(q, x), or N(q, x) ∩ N(q, y) = ∅. If a relation type never
occurs more than once in a query, then it is called self-join free.

For approximation, for queries that are not hierarchical, Gatterbauer and Suciu [22] developed an
approximation technique. In a nutshell, they showed that every (self-join-free) query can be upper
bounded by a finite set of hierarchical queries, called dissociations. In particular, they show that

P(q,G, ω, a) ≤ P(δ,G, ω, a)
for any dissociation δ of q. Gatterbauer and Suciu [22] propose to take minδ∈Dis(q){P(δ,G, ω, a)},
with Dis(q) the finite set of dissociations of q, as PTIME-computable approximation of P(q,G, ω, a).

PQE.. In our new baseline PQE we use NBFNets to turn G into a probabilistic knowledge graph.
More precisely, we define for each relation type R ∈ R, ωR(R(a, b)) := PR(1a)b with PR is the
operator learned by an NBFNet. We store all O(|V|2) probabilistic edges.

For query evaluation, PQE does the following:

• If q(x) is tree-like we perform a bottom-up computation, as shown in Algorithm 3. We here also
cover tree-like queries with negation and disjunction. We remark that, if q(x) is also hierarchical
(also self-join-free, no negation, disjunction), then PQE actually computes the possible world
semantics. Indeed, PQE coincides with the PTIME algorithm [21] for tree-like hierarchical queries

• If q(x) is not tree-like but is hierarchical, we evaluate it according to Dalvi and Suciu [21]. In our
cases, this only applies to the lollipop query (∃1p2c).

• Finally, if q(x) is not-tree like and not hierarchical we compute its dissociations, evaluate these
according to their PTIME evaluation algorithm, and take the minimal value, according to the
dissociation-based approximation approach of Gatterbauer and Suciu [22].

Table 6 shows which of the queries used in our experiments satisfy the conditions of being tree-like
and/or hierarchical, but without negation or disjunction.

The query patterns with disjunction (2u, up, ∃2u, ∃up) and negation (2in, 3in, inp, pni, pin, ∃2in,
∃3in, ∃inp, ∃pni, ∃pin) are also evaluated in a bottom-up fashion, similarly as GNN-QE, as explained
in Algorithm 3. Dissociations are computed for all non-hierarchical queries. We remark that the
maximal number of dissociations was five (for the 4c query).

We note that the PQE evaluation algorithm for tree-like queries uses p ∨ q := p + q − pq for
p, q ∈ [0, 1] to encode disjunction and existential quantification.
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Algorithm 3 Evaluation method of PQE for tree-like queries (extended with negation and disjunction).
The algorithm uses the disjunction operation

Require: tree-like query q(x), probabilistic knowledge graph (G, ω).
Ensure: scoreω(q,G)(e) for entity e

1: if q(x) is of the form R(a, x) (resp. R(x, a)) then
2: return ωR(a, e) (resp. ωR(e, a)).
3: end if
4: if q(x) is of the form R(y, x) (resp. R(y, a)) then
5: return

∨
a∈VωR(a, e) (resp.

∨
a∈VωR(e, a)).

6: end if
7: if q(x) can be decomposed in two q1(x) and q2(x) with disjoint variable nodes (except for the

target variable x then
8: return scoreω(q1,G)(e) · scoreω(q1,G)(e).
9: end if

10: if q(x) can be decomposed in a query q1(y) not containing x and and edgeR(y, x) (resp. R(x, y))
then

11: return
∨

a∈Vscoreω(q1,G)(a)ωR(a, e) (resp.
∨

a∈Vscoreω(q1,G)(a)ωR(e, a).
12: end if
13: if q(x) is of the form ¬q1(x) then
14: return 1− scoreω(q1,G)(e).
15: end if
16: if q(x) is of the form q1(x) ∨ q2(x) then
17: return scoreω(q1,G)(e) ∨ scoreω(q2,G)(e).
18: end if

Table 7: Learning hyperparameters of NBFNet for PQE framework for FB15k237. The hyperparame-
ters are kept as in the original NBFNet paper.

Hyperparameter FB15k-237

GNN #layer 6
hidden dim. 32

MLP #layer 2
hidden dim. 64

Batch #positive 256
#negative/#positive 32

Learning

optimizer Adam
learning rate 5e-3
#epoch 20
adv. temperature 0.5

D Experimental details
D.1 Implementation and training details

NBFNet. Table 7 shows the training hyperparameters used to train model NBFNet for PQE. The
parameters are kept as in the original paper [15]. The best checkpoint for the model is selected based
on the performance in the validation set, using MRR as the selection criteria.

GNN-QE.. Table 8 shows the training hyperparameters used to train model GNN-QE within our
framework. The parameters are kept as in the original paper [11]. The best checkpoint for the model
is selected based on the performance in the validation set, using MRR as the selection criteria.

UnRavL is trained using both the BetaE query set and unanchored BetaE query set but only on a subset
of its queries. In particular, we train with 10 query types (1p/2p/3p/2i/3i/2in/3in/inp/pni/pin) and their
unanchored counterparts. Later on, the model is evaluated on this 20 training query types, plus 8
query types that have never been seen during training (ip/pi/2u/up and their unanchored counterparts).

To train and evaluate we used a GPU Titan RTX 24.2 GB. We also provide the configuration files
(.yaml) in the source code.
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Table 8: Learning hyperparameters of GNN-QE in UnRavL framework for FB15k237, FB15k and
NELL.

Hyperparameter FB15k-237 FB15k NELL
Batch size 24 24 6
Optimizer Adam Adam Adam
Learning rate 5e-3 5e-3 5e-3
Adv. temperature 0.2 0.2 0.2
#Batches 10.000 10.000 18.000

Table 9: Results of evaluation of GNN-QE and UnRavL over original test queries (anchored tree-like)
over FB15k-237, FB15k and NELL995. Metrics of GNN-QE and FIT are taken from their original
papers. FIT does not report hits@1.

Metric Model 1p 2p 3p 2i 3i ip pi 2in 3in inp pin pni 2u up
FB15k-237

hits@1 GNN-QE 0.328 0.082 0.065 0.277 0.446 0.123 0.224 0.041 0.081 0.041 0.025 0.027 0.098 0.076
UnRavL 0.343 0.055 0.018 0.277 0.479 0.138 0.227 0.016 0.074 0.037 0.017 0.013 0.087 0.058

mrr
GNN-QE 0.428 0.147 0.118 0.383 0.541 0.189 0.311 0.100 0.168 0.093 0.072 0.078 0.162 0.134
FIT 0.467 0.146 0.128 0.375 0.516 0.219 0.301 0.140 0.200 0.102 0.095 - 0.180 0.131
UnRavL 0.431 0.093 0.071 0.364 0.595 0.190 0.301 0.048 0.128 0.085 0.045 0.051 0.134 0.095

FB15k

hits@1 GNN-QE 0.861 0.635 0.525 0.748 0.801 0.651 0.636 0.354 0.331 0.338 0.186 0.218 0.671 0.530
UnRavL 0.831 0.643 0.533 0.759 0.791 0.566 0.668 0.308 0.297 0.315 0.189 0.219 0.704 0.540
MPQE 0.258 0.061 0.060 0.094 0.121 0.081 0.096 - - - - - - -

mrr

GNN-QE 0.885 0.693 0.587 0.797 0.835 0.704 0.699 0.447 0.417 0.420 0.301 0.343 0.741 0.610
FIT 0.894 0.656 0.569 0.791 0.835 0.718 0.731 0.402 0.389 0.348 0.281 - 0.739 0.590
UnRavL 0.855 0.688 0.587 0.801 0.833 0.620 0.720 0.430 0.418 0.403 0.302 0.340 0.747 0.600
MPQE 0.362 0.107 0.100 0.153 0.198 0.138 0.145 - - - - - - -

NELL995

hits@1
GNN-QE 0.861 0.635 0.525 0.748 0.801 0.651 0.636 0.354 0.331 0.338 0.186 0.218 0.671 0.530
UnRavL 0.831 0.643 0.533 0.759 0.791 0.566 0.668 0.308 0.297 0.315 0.189 0.219 0.704 0.540
MPQE 0.191 0.032 0.046 0.066 0.114 0.031 0.056 - - - - - - -

mrr

GNN-QE 0.533 0.189 0.149 0.424 0.525 0.189 0.308 0.159 0.126 0.099 0.146 0.114 0.063 0.063
FIT 0.608 0.238 0.212 0.443 0.541 0.266 0.317 0.126 0.164 0.153 0.083 - 0.203 0.176
UnRavL 0.479 0.160 0.119 0.378 0.484 0.140 0.269 0.086 0.128 0.111 0.055 0.053 0.141 0.107
MPQE 0.270 0.061 0.075 0.132 0.198 0.060 0.097 - - - - - - -

D.2 Message Passing Query Embedding

Our experiments with MPQE are based on StarQE [23], a method for answering tree-like queries
on hyper-relational knowledge graphs, where edges can have qualifiers that provide additional
information about a triple. When ignoring qualifiers, StarQE can be seen as an adaptation of MPQE
that employs a CompGCN model [24] for encoding queries. We rely on the implementation of StarQE
available online.3

D.3 The effect of training with general tree-like queries

One characteristic of our framework is that we extend current neuro-symbolic methods to deal with
tree-like queries with and without anchors. In Tables 9 and 10 we report metrics over anchored and
unanchored tree-like queries for the same model when including the later in the training set.

For anchored tree-like queries we compare against GNN-QE (see Table 9). The results are taken from
the original paper . We note in general that UnRavL tends to inherit the peformance of GNN-QE to
deal with anchored queries, with some exceptions where the performance slightly decay or increase.

For unanchored tree-like queries, in Table 10 we compare UnRavL with a-UnRavL that has the same
architecture as UnRavL but that is trained only using anchored tree-like queries. As expected, when
unanchored tree-like queries are included in the training set, the performance on such queries tend to
increase.

3https://github.com/DimitrisAlivas/StarQE
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Table 10: Comparison of results of evaluation of UnRavL over test set of unanchored queries when
including (UnRavL) or not including (a-UnRavL) unanchored queries in the training phase.

Metric Model 1p 2p 3p 2i 3i ip pi 2in 3in inp pin pni 2u up
FB15k-237

hits@1 a-UnRavL 0.001 0.042 0.028 0.119 0.189 0.060 0.104 0.005 0.057 0.025 0.020 0.001 0.018 0.016
UnRavL 0.028 0.046 0.057 0.123 0.203 0.030 0.090 0.011 0.055 0.028 0.019 0.005 0.030 0.023
MPQE 0.012 0.041 0.035 0.021 0.027 0.030 0.028 - - - - - - -

mrr a-UnRavL 0.012 0.081 0.063 0.206 0.286 0.108 0.165 0.024 0.108 0.059 0.044 0.019 0.040 0.049
UnRavL 0.055 0.088 0.079 0.212 0.292 0.076 0.151 0.029 0.107 0.061 0.045 0.027 0.065 0.053
MPQE 0.029 0.069 0.061 0.041 0.049 0.052 0.046 - - - - - - -

FB15k

hits@1 a-UnRavL 0.075 0.315 0.387 0.552 0.620 0.511 0.470 0.054 0.178 0.162 0.074 0.050 0.084 0.347
UnRavL 0.171 0.353 0.426 0.628 0.661 0.523 0.511 0.103 0.209 0.181 0.094 0.081 0.209 0.373
MPQE 0.083 0.057 0.047 0.053 0.069 0.083 0.041 - - - - - - -

mrr a-UnRavL 0.112 0.387 0.457 0.685 0.686 0.571 0.533 0.109 0.283 0.240 0.152 0.102 0.131 0.421
UnRavL 0.228 0.434 0.496 0.613 0.718 0.579 0.572 0.190 0.325 0.269 0.189 0.158 0.292 0.455
MPQE 0.148 0.092 0.084 0.094 0.115 0.126 0.074 - - - - - - -

NELL

hits@1 a-UnRavL 0.004 0.022 0.033 0.130 0.183 0.057 0.082 0.066 0.021 0.025 0.004 0.004 0.005 0.017
UnRavL 0.010 0.029 0.038 0.142 0.190 0,056 0.084 0.097 0.022 0.027 0.006 0.006 0.012 0.012
MPQE 0.008 0.034 0.050 0.034 0.063 0.061 0.038 - - - - - - -

mrr a-UnRavL 0.007 0.052 0.069 0.211 0.276 0.110 0.139 0.023 0.075 0.059 0.025 0.018 0.012 0.043
UnRavL 0.028 0.067 0.075 0.228 0.290 0.107 0.137 0.034 0.080 0.066 0.033 0.024 0.033 0.047
MPQE 0.023 0.056 0.075 0.075 0.125 0.082 0.073 - - - - - - -

Table 11: Results for cyclic queries considering the best unravelings in datasets FB15k and NELL995.

Metric Model ∃∃∃1p2c ∃∃∃3c ∃∃∃4c
Cyclic queries FB15k

mrr UnRavL 0.098 0.297 0.159
MPQE 0.120 0.116 0.000

hits@1 UnRavL 0.057 0.092 0.057
MPQE 0.064 0.063 0.000

hits@10 UnRavL 0.227 0.375 0.302
MPQE 0.225 0.218 0.000

Metric Model ∃∃∃1p2c ∃∃∃3c ∃∃∃4c
Cyclic queries NELL995

mrr UnRavL 0.146 0.211 0.122
MPQE 0.150 0.142 0.180

hits@1 UnRavL 0.065 0.114 0.067
MPQE 0.074 0.060 0.098

hits@10 UnRavL 0.286 0.419 0.257
MPQE 0.301 0.313 0.326

D.4 Results of cyclic queries for FB15k and NELL995

Table 11 presents the results for cyclic queries in datasets FB15k and NELL995.

This results further show that UnRavL is a performant framework to deal with complex queries.

D.5 Results on queries with negation and union

The ability of UnRavL to go beyond graph pattern queries and answering queries with negation and/or
disjunction comes from the neuro-symbolic model underneath the framework, in this case GNN-QE.

As for the queries in the benchmarks query set that include negation and union are tree-like, there’s
no need to approximate them: GNN-QE can already answer them. However, when building UnRavL,
we enhance GNN-QE to deal with unanchored queries, we can now present results of UnRavL in 7 new
query types including negation or union and existential leaves. Table 13 show the results of UnRavL
on those queries.

For completeness, we also address query type 2nm (see Figure 4). While the theoretical guarantees
of our unravellings does not include negation, we can still perform the tree approximation. Results
for this query on the three knowledge graphs are in Table 12.

D.6 Further results for FB15k-237

Unravelings depth. While the unraveling depth does not impact much on ranking metrics such as
mrr and hits@1, when we look at more global metrics, such as precision and recall, some tendencies
appear. We can see in Table 14 the results of UnRavL for the triangle and square queries when
considering different depths and different classification thresholds.
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Table 12: Results of UnRavL, a-UnRavL and FIT in query type 2nm of the real EFO1 query set in
FB15k-237, FB15k and NELL995

FB15k237 FB15k NELL995

Metric Model 2nm 2nm 2nm

mrr FIT 0.127 0.391 0.125
UnRavL 0.139 0.407 0.118

a-UnRavL 0.131 0.399 0.121

Figure 6: Precision using 0.5 classification
threshold for different depths of unravelings for
the triangle query (FB15k-237).

Figure 7: Recall using 0.5 classification thresh-
old for different depths of unravelings for the
triangle query (FB15k-237).

It can be noted that the best performance occurs at different depths for different thresholds. Moreover,
each metric follows a different tendency:

• Precision: Looking at precision against the unravelings depth, we note that it starts growing,
it peaks and then starts decaying. Figure 6 shows this for the triangle query with classification
threshold 0.5. In this case, the peak occurs at depth d = 0.4

• Recall: In most cases, recall tends to peak with shorter depths and then starts decaying. Figure 7
shows this for the triangle query with classification threshold 0.5

• Hard-Recall: Recall, when only considering hard answers, maintains the same tendency as the
general recall: it peaks with shorter unravelings and then starts decaying.

Table 13: Results of UnRavL, PQE and MPQE for unanchored tree-like queries on FB15k-237, FB15k,
and NELL995.

Metric Model ∃∃∃1p ∃∃∃2p ∃∃∃3p ∃∃∃2i ∃∃∃3i ∃∃∃ip ∃∃∃pi ∃∃∃2in ∃∃∃3in ∃∃∃inp ∃∃∃pin ∃∃∃pni ∃∃∃2u ∃∃∃up
General tree-like queries FB15k-237

hits@1
UnRavL 0.028 0.046 0.057 0.123 0.203 0.030 0.090 0.011 0.055 0.028 0.019 0.005 0.030 0.023
PQE 0.021 0.001 0.011 0.017 0.071 0.027 0.051 0.007 0.036 0.022 0.010 0.003 0.021 0.011
MPQE 0.012 0.041 0.035 0.021 0.027 0.030 0.028 - - - - - - -

mrr
UnRavL 0.055 0.088 0.079 0.212 0.292 0.076 0.151 0.029 0.107 0.061 0.045 0.027 0.065 0.053
PQE 0.031 0.025 0.051 0.034 0.111 0.107 0.064 0.051 0.057 0.061 0.035 0.027 0.032 0.029
MPQE 0.029 0.069 0.061 0.041 0.049 0.052 0.046 - - - - - - -

FB15k

hits@1 UnRavL 0.831 0.643 0.533 0.759 0.791 0.566 0.668 0.308 0.297 0.315 0.189 0.219 0.704 0.540
MPQE 0.258 0.061 0.060 0.094 0.121 0.081 0.096 - - - - - - -

mrr UnRavL 0.855 0.688 0.587 0.801 0.833 0.620 0.720 0.430 0.418 0.403 0.302 0.340 0.747 0.600
MPQE 0.362 0.107 0.100 0.153 0.198 0.138 0.145 - - - - - - -

NELL995

hits@1 UnRavL 0.831 0.643 0.533 0.759 0.791 0.566 0.668 0.308 0.297 0.315 0.189 0.219 0.704 0.540
MPQE 0.191 0.032 0.046 0.066 0.114 0.031 0.056 - - - - - - -

mrr UnRavL 0.479 0.160 0.119 0.378 0.484 0.140 0.269 0.086 0.128 0.111 0.055 0.053 0.141 0.107
MPQE 0.270 0.061 0.075 0.132 0.198 0.060 0.097 - - - - - - -
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Table 14: Precision and recall (%) for UnRavL at classification thresholds 0.3, 0.5, 0.7 for the triangle
(unravellings depth 2 to 8) and square (unravellings depth 3 to 9) queries. For recall we consider both
easy and hard answers (see Recall in table) and only hard answers (Hard-Recall)

T Metric Triangle query (3c) Square Query (4c)
2 3 4 5 6 7 8 3 4 5 6 7 8 9

0.3
Precision 34.9 50.7 53.4 54.8 55.2 53.1 52.2 58.2 61.6 60.8 55.4 51.4 47.4 43.4
Recall 90.8 82.1 73.2 66.9 61.7 58.0 55.3 75.5 60.7 46.5 36.7 30.6 26.8 24.9
Hard-Recall 66.3 46.8 36.4 30.7 28.0 25.7 24.5 33.8 25.5 18.3 12.2 8.9 7.1 6.6

0.5
Precision 46.3 54.0 55.1 54.8 51.9 50.0 49.9 48.7 47.6 42.6 37.6 34.8 32.6 32.3
Recall 73.9 57.8 50.3 45.7 41.5 38.9 37.8 38.4 22.6 17.5 15.2 14.0 13.4 13.0
Hard-Recall 43.2 26.0 18.8 16.1 14.1 13.4 12.9 13.1 5.6 3.0 1.8 1.6 1.1 1.0

0.7
Precision 38.4 42.3 44.1 45.0 43.9 44.4 43.9 30.5 23.8 23.8 23.1 22.8 23.0 23.0
Recall 45.9 31.2 27.7 26.6 25.2 24.8 24.7 8.4 6.4 6.3 6.4 6.4 6.3 6.3
Hard-Recall 25.2 12.6 9.9 8.5 7.6 7.7 7.4 0.7 0.3 0.4 0.3 0.1 0.1 0.0

Table 15: Statistic of unanchored query set for each dataset: FB15k-237, FB15k and NELL.
Split ∃∃∃1p ∃∃∃2p ∃∃∃3p ∃∃∃2i ∃∃∃3i ∃∃∃ip ∃∃∃pi ∃∃∃2in ∃∃∃3in ∃∃∃inp ∃∃∃pin ∃∃∃pni ∃∃∃2u ∃∃∃up

FB15k-237
train 474 13139 62826 117688 147721 11644 12790 5719 12286 13358 - - - -
valid 288 2514 4213 3763 3368 2272 4255 3330 4080 1970 4135 4396 2905 1613
test 295 2475 4234 3792 3471 2259 4219 3272 3941 1975 3903 4312 2901 1604

FB15k
train 2690 51378 172943 231273 271760 22250 23759 11016 23337 25222 - - - -
valid 1182 5246 7481 6499 5072 3592 6908 5825 6506 3173 6620 7093 4916 2559
test 1240 5302 7433 6527 5252 3558 6902 5815 6442 2979 6306 7125 4906 2565

NELL
train 400 8713 35045 50076 37010 4458 3015 1035 4218 5026 - - - -
valid 346 2118 3239 2731 2342 1721 3193 2643 2884 1410 2772 3421 2428 1249
test 342 2050 3192 1596 897 474 1725 1568 1097 373 1542 1841 922 241

D.7 Query sets

In this paper we present two new query sets for knowledge graphs FB15k, FB15k-237 and NELL995.

General tree-like queries. We built a new set of general tree-like queries, these are tree-like queries
that include existential leaves. We generate this query set by removing anchors for the queries in the
original betaE query set. To denote existential quantified leaves, we use −5. For example. take query
Q(x) ← R(u, x). In betaE format this query would be (u,R). Let’s say we remove the anchor u,
then the query would be Q(x)← ∃y.R(y, x) and, in betaE format, (−5, R).
Complete statistics for these queries can be found in Table 15

Cyclic queries. Table 16 show statistics for the unanchored cyclic queries test set.

Table 16: Statistic of cyclic query set for each dataset: FB15k-237, FB15k and NELL.
Dataset 2c 3c 4c
FB15k-237 1452 1047 909
FB15k 1500 4364 260
NELL995 1500 623 1952
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