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Abstract Recent advances in neural network architecture and hardware have revolutionized deep
learning and made it a pervasive technology. Nonetheless, it is crucial to acknowledge
that the achievement of training neural networks with millions and billions of parameters
would not have been feasible without the advancement of effective optimization techniques.
This has motivated the search for new efficient optimization algorithms that can improve
the performance of deep learning networks even more. Despite the considerable manual
(re)search effort, few of these methods have found their way into deep learning practice.
Recently, various researchers have explored different search methods to learn/discover
novel optimizers in an automated way, but the associated computational costs and lack of
a standardized evaluation protocol have hindered progress in this field. Motivated by the
success of Neural Architecture Search (NAS), which benefits from established and compute-
efficient benchmarks like NASBench, we introduce a benchmark called NOSBench that can
be used to test different Neural Optimizer Search (NOS) methods on the same tasks. We
compare different NOS methods on a Prior-Data Fitted Networks (PFNs) meta-training task
and show that the optimizer found transfer to other PFN training tasks (e.g., TabPFN, LC-PFN,
PFNs4BO). Our experiments show that the NOSBench provides a useful way to compare and
contrast different approaches in this field efficiently by caching and identifying identical
optimizers, which we believe can help researchers identify promising search strategies as
they search for new optimizers automatically, thereby bringing NOS into the mainstream.

1 Introduction

Deep Learning (1) has numerous applications such as speech recognition (2), natural language
processing (3), computer vision (4), game playing (5), and protein structure prediction (6). Before
being deployed to do these tasks, neural networks must be trained, often involves optimizing
millions of parameters, for example, GPT-3 (3) has 175 billion parameters. Training methods vary,
but backpropagation (7) and gradient descent are predominant. A key challenge with first-order
optimization is setting the step size, which can lead to poor accuracy due to the non-convex
and ill-conditioned nature of the optimization problem. To address this, numerous optimization
techniques have been developed, including Stochastic Gradient Descent (SGD) (8), Momentum,
RMSprop (9), Adagrad (10), Adam (11), and Hypergradient (12). Adagrad and Adam are particularly
popular. However, many other optimization techniques proposed in the literature have not been
used much (13). The best optimizer depends on the task, requiring parameter tuning for optimal
performance. Designing task-specific optimizers is difficult and often necessitates deep knowledge
of the task, which is hard to obtain. This challenge has led to the exploration of automating
optimizer search, termed Neural Optimizer Search (NOS) (14). NOS aims to automatically discover
and evaluate novel optimizers by exploring a search space to find those that perform well on various
tasks with different objectives and training regimes. However, no standard search space exists, and
recent methods lack open-source code, making performance comparisons difficult. Additionally,
the high computational cost of evaluating optimizers hinders widespread adoption of NOS.
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3.1

3.2

Summary of Contributions:. We introduce NOSBench, the first benchmark for evaluating neural
optimizer search methods. We use it to compare different NOS approaches to discover a novel
optimizer for training Prior-data Fitted Networks (PFNs)(15), evaluating their effectiveness in
discovering task-specific optimizers. Additionally, we conducted generalization experiments on
various PFN tasks and introduced an optimizer capable of efficiently training PFNs. We open-
sourced NOSBench! to facilitate further research in this area.

Related Work

Traditional optimization algorithms, such as SGD and Adam, have been manually crafted by
researchers and widely used in deep learning applications due to their effectiveness and simplicity.
Previous benchmark studies (13; 16) provided insights into the relative performance of these methods
under different conditions, but these compared hand-crafted optimizers, not NOS methods.

Learning to Optimize (L20) (17) and Learning to Learn (L2L) (18) techniques aim to automatically
derive optimization algorithms from data. While promising, the optimizers obtained often struggle
to generalize beyond the training data (19). Also, L2L/L20 methods approach this learning problem
sub-symbolically, i.e., the learned optimizers are typically represented as a deep neural network,
making them difficult to interpret and trust.

We adopt the term Neural Optimizer Search (NOS) to refer to symbolic approaches that represent
optimizers as computer programs, enabling the systematic exploration and discovery of novel
optimization algorithms. The concept was first explored by Bengio et al. (20), who utilized genetic
programming to discover new update rules for neural networks. Other notable works in this domain
include "Neural Optimizer Search with Reinforcement Learning" (21) and "Symbolic Discovery of
Optimization Algorithms" (22). The latter builds upon the foundations laid by AutoML-Zero (23)
which evolves machine learning algorithms from scratch.

The term NASBench refers to a benchmark suite designed for evaluating Neural Architecture
Search (NAS) methods. The first NASBench was NAS-Bench-101 (24). Notable variants include
NAS-Bench-201 (25), NAS-Bench-Suite (26) and JAHS-Bench-201 (27), which provide standardized
tasks and evaluation metrics for comparing different NAS methods.

NOSBench

Optimizer Search Space

While designing the search space, we followed a similar approach as in AutoMLZero (23) and
LION (22), and formulated the discovery of optimizers as program search and programs are repre-
sented symbolically. The difference between our search space and (23; 22) is that hyperparameters
are not directly part of our search space; rather, they can be jointly optimized using predefined
constants. More details on the optimizer search space can be found in Appendix A

Caching Mechanism

While the NOSBench search space is vast, it also contains an abundance of equivalent and suboptimal
optimizers. Recognizing equivalence or identifying invalid / diverging optimizers and efficiently
caching these outcomes can significantly accelerate the search process. Within NOSBench, this
acceleration is achieved by conducting pre-evaluation on a cheap proxy task, and using a hash of the
optimization trajectory as a key in a persistent cache. More details on the caching mechanism can
be found in Appendix B. In our experiments in Appendix D, we observed high hit rates, indicating
the efficacy of our caching approach.

1https://github.com/automl/NOSBench
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Figure 1: Optimizer baselines and anytime curves of search strategies

3.3 Meta-Training Task

4.1

In designing a benchmark for evaluating neural optimizer search methods, the selection of a suitable
learning task is crucial. It must be hard enough to meaningfully distinguish the effectiveness of
different optimizers. However, too hard tasks would impose significant resource demands in our
experiments and to the end users of the benchmark. We opted for the task of training a small
Prior-Data Fitted Network (PFN) for Bayesian linear regression. While the PFN model has over two
million parameters, using a state-of-the-art optimizer and a modern GPU, training converges in
just about a minute. Furthermore, PFNs utilize a decoder-only transformer architecture similar to
the one used in many foundation models (e.g., LLMs) that currently represent the leading trend in
modern deep learning. More details on our meta-training task can be found in Appendix C

Experiments

In this section, we present the experiments conducted to evaluate the proposed Neural Optimizer
Search Benchmark (NOSBench, Section 3). Experimental details are given in Appendix F.

Benchmarking Optimizer Search

In this section, we compare different search algorithms within the context of NOSBench. Specifically,
we examine the performance of Random Search (RS), Regularized Evolution (28), and SMAC (29)
(Bayesian Optimization, SMAC_NOS), and compare the performance of optimizers discovered
by these algorithms to that of popular optimizers such as Adam (11), AdamW (30), Adagrad (10),
SGD (8), Adadelta (31), SignSGD (32), HeroLion (22), RMSprop (9), PowerSign and AddSign (21). For
the optimizer baselines, we utilized the default parameters provided by PyTorch (33). Additionally,
we conducted hyperparameter search (HPO) across all these optimizers using SMAC to identify
one optimizer as a baseline (SMAC_HPO). The configuration space for this HPO run included
categorical variables representing the choice of optimizer and conditionals for optimizer-specific
hyperparameters. Each candidate optimizer is given 20 epochs to train the meta-training task.
Anytime curves of Random Search (RS), Regularized Evolution (RE) variants® starting from
AdamW and Adadelta, and SMAC (Sequential Model-based Algorithm Configuration) on NOSBench

2Regularized Evolution variants refers to the Regularized Evolution algorithm, initialized with different populations.



4.2

4.2.1

4.2.2

4.2.3

are given in Figure 1. Even though RS outperformed some of the default optimizers, it struggled
to identify a notable optimizer and failed to surpass the default PFN pipeline optimizer AdamW
with Cosine Annealing. SMAC_NOS outperformed RS, but only marginally. The similarly of its
trajectory to RS, suggests SMAC mainly explores the vast and sparse search space, and would
require even longer runs to exploit its surrogate model. Both versions of RE performed comparably
well, surpassing all default optimizers. Particularly, the version of RE starting from AdamW found
an incumbent superior to the default PFN pipeline optimizer, which was chosen as the incumbent.
More details on our incumbent can be found in Appendix E. SMAC_HPO was able to find an
optimizer configuration performing even better than our incumbent in the PFN training task.

Evaluation of Incumbent

To evaluate the effectiveness of our incumbent optimizer, we conducted experiments across various
PFN training tasks. These tasks included LC-PFN (34), PFNs4BO (35), and TabPFN (36). Our findings
demonstrate that the incumbent optimizer not only performed well within the single meta-training
task but also generalized effectively to different PFN tasks.
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Figure 2: Learning Curves for LC-PFN (34) (Left), PFNs4BO (35) (Middle), TabPFN (36) (Right)

LC-PFN. In the LC-PFN (34) task, our incumbent optimizer showed a more aggressive training
approach, resulting in a faster decrease in loss compared to the default training pipeline of LC-PFN
(see Figure 2). However, both the incumbent and default pipeline converged to the same point at
the end of the training, suggesting that while the incumbent optimizer may achieve quicker initial
progress, it ultimately reaches a similar performance level as the default pipeline. The optimizer
found by the SMAC_HPO baseline failed to generalize and performed poorly.

PFNs4BO. Similarly, in the PFNs4BO (35) task our incumbent performed well. We trained PFNs4BO
with four different learning rates as provided in the original paper (35). Our incumbent performed
better than learning rates of 0.001 and 0.0001, but learning rates of 0.0003 and 0.00005 outperformed
our incumbent. Notably, the learning rate of 0.001 diverged, while learning rates of 0.0001, 0.0003,
and 0.00005, along with our incumbent, resulted in similar performances.

TabPFN. In the TabPFN (36) task, initially, all models trained with three different learning
rates—0.001, 0.0001, and 0.0003, as provided in the original paper—performed similarly, including
our incumbent optimizer, as shown in Figure 2. By the end of the 150 epochs, our incumbent
optimizer and the model with a 0.0001 learning rate performed similarly, with the latter achieving
a marginally better loss during training.

Conclusion

Summary and envisioned impact. In this paper, we introduced NOSBench-101, the first benchmark
for Neural Optimizer Search (NOS). Recent advances in deep learning have led to the development
of neural networks with billions of parameters, making optimization techniques crucial for training



these models efficiently. This highlights the need for developing new optimizers. Developing new
optimizers is hard, yet crucial for pushing the boundaries of deep learning performance. However,
the process can be hard and time-consuming. NOSBench aims to address this challenge by providing
a systematic and efficient approach to compare and contrast various NOS methods. By providing a
standardized benchmark and tasks for NOS methods to automatically search, NOSBench facilitates
the development and evaluation of optimization algorithms, ultimately advancing the state-of-the-
art in neural network optimization. Our experiments demonstrate the effectiveness of NOSBench in
evaluating different NOS methods on a single PFNs task and transfer of the discovered optimizers
to other PFN tasks. By providing a unified framework for testing, NOSBench enables researchers
to analyze the performance of optimization algorithms. This systematic evaluation facilitates the
identification of promising search strategies for discovering new optimizers automatically.

Future work and limitations. For future work, expanding the benchmark to include more tasks
would provide a more comprehensive evaluation of NOS methods across a broader range of appli-
cations. Furthermore, jointly searching across tasks to find an optimizer that can work effectively
across diverse tasks would be particularly valuable, as it could lead to the development of more
versatile optimization algorithms capable of handling a wide range of scenarios. Additionally, ex-
ploring joint optimization objectives, such as performance and memory consumption, could further
improve our benchmark, enabling a more comprehensive evaluation of optimization algorithms
across multiple criteria.

Our choice of the specific caching mechanism over alternatives such as a tabular or surrogate
approach comes from several reasons. A tabular approach would be impractical due to the large
and potentially continuous nature of the search space. On the other hand, a surrogate approach
poses challenges in generalizing or interpolating between optimizers or programs, which remains
an unclear task and could be a subject for future work. In contrast, our empirical approach, though
susceptible to false positives, offers practical advantages such as lower overhead in calculating the
key and a higher hit rate with a low false positive rate. Furthermore, more analytical approaches
may exclude false positives and evaluating and implementing different hashing mechanisms could
enhance the benchmark’s accuracy.

Through a caching mechanism, NOSBench lowers the compute used in NOS, therefore de-
creasing the carbon emission and contributing to Green AutoML (37). As future work, hosting the
benchmark on a server would make it accessible to a wider community of researchers and allow
further carbon emission reduction due to the global persistent cache.

In conclusion, NOSBench offers a valuable tool for researchers to systematically evaluate
and compare different NOS methods, ultimately advancing the state-of-the-art in neural network
optimization. Looking at the broader, possibly negative impact of our work, automating the process
of designing optimizers requires significant computational resources, negatively impacting the
environment. To mitigate this impact we implemented a caching mechanism in our benchmark.
Also note that we hope this line of work will produce more efficient optimizers, generally reducing
the computational cost of deep learning, and allowing these design costs to be amortized over time.
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A Optimizer Search Space Details

The search space in NOSBench includes a variety of unary, binary, and ternary functions. These
functions are shown in Table 1. In designing the search space, we avoided including an extensive
array of hand-designed functions. This decision was made to mitigate bias towards specific
optimization approaches. Instead, we opted for a selection of essential unary and binary functions
from PyTorch (33) library, to enable the discovery of novel optimization strategies. Moreover, to
aid the search process and to navigate the optimization landscape more efficiently, we introduced
two key ternary functions: interpolate and bias_correct.

Table 1: Functions in the NOSBench Search Space

Function Type Functions
Unary square, exp, log, sign, sqrt, abs, norm, clip, sin,
cos, tan, arcsin, arccos, arctan, mean, std, size
Binary div, mul, add, sub, minimum, maximum, heaviside
Ternary interpolate, bias_correct

The memory in NOSBench is divided into two regions, with the first nine locations being
designated as readonly, containing essential variables and constants for optimizer calculations.
Some primitive constant values are provided for joint hyperparameter optimization, enabling search
algorithms to calculate different values for various hyperparameters. The subsequent memory
locations are dynamically allocated and can grow indefinitely, with a cap set at 20 in our experiments.
Each memory location can store either a scalar or an array. Since all of the operations in the search
space either produce a scalar or an array of the same size, memory can be homogeneous without
any issues.

Table 2: Memory Allocation in NOSBench

Memory Location | Description
0 Parameters of the network
1 Calculated gradients
2 Current optimization step
3-8 Primitive constant values for joint hyperparam-
eter optimization (1.9, 0.5, 1e-01, 1e-02, 1e-03,
1e-06)

Below are programs within the NOSBench search space to illustrate the implementation of

common optimization algorithms.
SGD (8) can be implemented as follows:

NamedProgram(
"SGD",
[
Instruction(Function(mul), [Pointer(1), Pointer(6)], Pointer(9)),
]7

In this example, we define a program named SGD within the NOSBench search space. The
program consists of a single instruction, which is a multiplication operation (mul) applied to two
operands. The first operand is the gradient vector stored in memory location memory[1], accessed
using Pointer(1). The second operand is a predefined constant value representing the learning
rate (1e-02), accessed via Pointer(6). The result of this multiplication operation is stored in
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memory location memory[91], indicated by Pointer(9). Importantly, it is worth noting that the last
instruction in a program is used to update the parameters of the neural network.

This instruction represents the update step calculation in the SGD optimization algorithm. The
gradient vector, representing the direction of steepest descent, is scaled by the learning rate to
determine the magnitude of the update applied to the model parameters.

AdamW (30), a more complex optimizer, can be implemented as follows:

NamedProgram(

"Adamw" ,

[
Instruction(square, [1], 11), # Calculate squared gradients
Instruction(sub, [3, 5], 9), # Calculate Betal
Instruction(sub, [3, 7], 10), # Calculate Betat2
Instruction(interpolate, [12, 1, 9], 12), # First Moment (m)
Instruction(interpolate, [13, 11, 101, 13), # Second Moment (v)
Instruction(bias_correct, [12, 9, 2], 14), # Bias correct m (m_hat)
Instruction(bias_correct, [13, 10, 2], 15), # Bias correct v (v_hat)
Instruction(mul, [6, 8], 16), # Calculate eps
Instruction(sqgrt, [15], 17), # Calculate square root of v_hat
Instruction(add, [17, 16], 17), # Add eps to v_hat
Instruction(div, [14, 171, 19), # Calculate the update
Instruction(mul, [@, 16], 18), # Calculate the weight decay
Instruction(add, [19, 18], 19), # Apply weight decay to update
Instruction(mul, [19, 7], 19), # Apply learning rate to update

1,

In this example, we define a program named AdamW within the NOSBench search space. The
program consists of several instructions representing the operations of the AdamW optimizer.
For brevity, we have omitted the explicit use of Function and Pointer for function and memory
pointer definitions, respectively.

Caching Mechanism Details

The proxy task involves optimizing a simple function with known properties. Let x denote learnable
parameters. The proxy task can be formulated as follows:

|- A+B)?,
|(x-A+B)?||,+1

Here, - denotes the dot product operation. An affine transform (x - A + B) is applied to x to
make the function asymmetric. The proxy task is to minimize this function (Equation 1).

Hashing mechanism involves computing the weighted average of the output of the func-
tion (Equation 1). We used weighted average rather than plain average to also encode the positional
information.

The hashing mechanism operates as follows:

(1)

1. Initialize the parameters A, B, and x by randomly sampling from a normal distribution with
specified mean and standard deviation. It’s important to note that while these parameters are
randomly sampled, they remain deterministic across function calls.

2. Instantiate the optimizer that is being hashed.
3. Perform optimization iterations on the proxy task, updating the x to minimize the loss.

4. Compute a running average of the loss over optimization iterations to encode not only the value
but also the position of the loss.
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5. Finally, compute the hash value based on the running average of the loss, using the default
Python hashing function.

Meta-training Task

Our meta-training task revolves around Prior-Data Fitted Networks (PFNs) (15), which are designed
to fit priors. PFNs are neural networks, typically decoder-only style transformers, that are pre-
trained to perform Bayesian prediction for censored samples for a given prior; and at test time
perform Bayesian prediction through in-context learning, on real data, in a single forward pass
(without fine-tuning, retraining). As such, a prior distribution is essential for this task.

For our prior, we begin by describing the prior of ridge regression, which serves as the foundation
for our PEN task. The prior comprises two integral components:

1. The mapping from x to y, denoted as f = x” w, follows a normal distribution:
y~N(f.a’D)

Here, f represents the function value without noise, and a signifies the standard deviation of
our outputs, predetermined to a fixed value, such as 0.1. The symbol w plays a pivotal role in
shaping our function, influencing its behavior concerning the input x. It determines essential
aspects of the function, such as whether it trends upwards or downwards.

2. We establish a prior distribution over w to further refine our model. This distribution is charac-
terized by:
w ~ N(0, b%])

Here, w represents the latent variable controlling the distribution’s characteristics, such as its
shape and behavior. This distribution is crucial in shaping the overall structure of our prior.

In Bayesian terms, w is considered a latent variable since it governs the distribution’s form
without being directly observed.

Caching Experiments

The caching mechanism is evaluated to assess its effectiveness in improving training speed and
reducing computational overhead. We perform experiments focusing on different aspects of the
caching mechanism, including cache size and its impact on speedups across multiple runs and
methods. In all caching experiments, we used Regularized Evolution (28) and Random Search to
assess the effect of caching with different methods. This allows us to evaluate the robustness and
generalizability of the caching mechanism across diverse optimization approaches. Additionally,
we evaluate the false positive rate of the caching mechanism, comparing it to exact equivalence by
comparing proxy equivalent optimizers on meta-traning task.

Single Run Caching and Cumulative Speed up

To understand the influence of cache size on training speed within a run, we conduct experiments
within a single run, starting with an empty cache.

We utilized two optimization methods, Random Search and Regularized Evolution, with 18
seeds and 8000 evaluations/generations each. It’s worth noting that for caching experiments,
the Regularized Evolution population was initialized randomly, differing from optimizer search
experiments where the population was initialized with AdamW (30) and Adadelta (31).

Figure 3 illustrates the results obtained from these experiments. The left plot shows the evolution
of cache size within a single run. Each thin line represents an individual run, while the thicker line
represents the mean across all runs. Additionally, the diagonal dashed line (x=y) indicates how the
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Cumulative Speed Up Within a Run
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Figure 3: Cache size evolution within a single run (Left) and Cumulative speedup within a single run

(Right)

cache size would increase if there were no caching. As expected, Random Search exhibits a larger
cache size, given that the samples are independent and identically distributed (iid). In contrast,

Regularized Evolution primarily performs local search, resulting in a more modest increase in cache

size.

Additionally, we analyzed the cumulative speedup within a single run, assuming a fixed cost
for every cache miss. The right plot in Figure 3 shows the cumulative speedup on a logarithmic
scale. If cache_size(x) represents the cache size after x evaluations, the cumulative speedup is
calculated as x/cache_size(x). Furthermore, it can be observed that Regularized Evolution achieves
a higher speedup compared to Random Search, indicating its effectiveness in leveraging caching

mechanisms for improved training efficiency.

D.2 Across Runs Caching and Cumulative Speed up
To assess the impact of caching across multiple runs, we conducted a comprehensive experiment
using both Random Search and Regularized Evolution. The experiment was structured as follows:

1. Initial Runs: We initiated the experiment with 6 different seeds for both Random Search and
Regularized Evolution. Fach seed was subjected to 8000 evaluations.

2. Second Runs: For each seed used in the initial runs, we further expanded the experiment by
introducing an additional set of 6 seeds. These additional seeds evaluated for another 8000
iterations.

3. Final Runs: Finally, we concluded the experiment with the final set of runs, once again utilizing

6 seeds for both optimization methods.

This experiment design resulted in a total permutation of runs, with 6 runs conducted at each
stage. Such a structured approach allowed us to comprehensively evaluate the efficacy of caching

mechanisms across multiple iterations and seed variations.
Figure 4 illustrates the results obtained from these experiments. The left plot shows the evolution

of cache size across runs. Thin lines represent individual runs, while the thicker line represents the
mean across all runs. Vertical lines at the 8000th and 16000th evaluation marks indicate the start of

new runs.
Additionally, we analyzed the cumulative speedup across runs, as shown in Figure 4. The right
plot displays the cumulative speedup on a logarithmic scale.
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Cumulative Speed Up Across Runs
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Figure 4: Cache size evolution across runs (Left) and Cumulative speedup across runs (Right)

In RS, the cache size increases more linearly across runs, as expected. This behavior aligns
with the nature of Random Search, where samples are independently and identically distributed
(iid). Consequently, each run contributes relatively equally to the cache size growth, resulting in a
steady increase over successive runs.In contrast, RE exhibits a more logarithmic increase in cache
size across runs. While there are small jumps between each run, indicating the introduction of new
samples into the cache, the overall growth is more gradual. This can be attributed to RE’s focus on
local search, where successive runs tend to explore similar regions of the optimization landscape,

leading to a more moderate increase in cache size over time.

D.3 Across Methods Caching
In this experiment, we assessed the impact of initializing the cache using different methods. The

table below presents the mean cache hits and standard deviation errors for each combination of

methods .
Table 3: Mean cache hits for different cache initialization methods

Cache Initialization | Mean Cache Hits | Mean Cache Hits (excl. NaNs)
RS-RS 0.9382 0.9273
RE-RE 0.9778 0.9740
RS-RE 0.9823 0.9791
RE-RS 0.9179 0.9034

The table summarizes the results obtained from running Random Search (RS) and Regularized
Evolution (RE) after initializing the cache with either RS or RE. Note that the values represent the
proportion of cache hits to the total number of evaluations. Additionally, the initial runs were
solely used to initialize the cache and did not contribute to cache hits. We ran 9 seeds to initialize

the cache and different 9 seeds for cache hits.
Regularized Evolution (RE) exhibited higher cache utilization compared to Random Search (RS),

consistent with its nature as a more localized search algorithm.

« RS-RS: When both cache initialization and cache hit methods were RS, a mean cache hit rate
of 0.9382 was observed. This finding aligns with the expected behavior of RS, which tends to

explore a broader search space, resulting in a moderate level of cache hits.

+ RS-RE: Surprisingly, initializing the cache with RS and conducting cache hits with RE yielded the
highest mean cache hit rate of 0.9823. This unexpected result may be attributed to the random
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mutations in RE, which might produce optimizers similar to those encountered by most RS
methods. However, RS’s global exploration may introduce different optimizers not seen by all RS
methods, leading to diverse cache hits.

« RE-RS: In contrast, when RE was used for cache initialization followed by RS for cache hits, a
lower mean cache hit rate of 0.9179 was observed. This outcome is consistent with the localized
nature of RE, which might have constrained the cache initialization to a narrower search space,
resulting in fewer cache hits during subsequent RS iterations.

« RE-RE: When both cache initialization and cache hit methods were RE, a mean cache hit rate of
0.9778 was achieved. This result shows RE utilizes the cache efficiently, even when employed
iteratively.

False Positive Rate

In this section, we address the possibility of false positives in our benchmark due to the use of a
proxy task for evaluating optimizer equality. False positives occur when two optimizers yield the
same hash result in the proxy task but perform differently in the actual task, indicating that they
are actually different optimizers. This trade-off is made to prioritize evaluation speed.

To quantify the false positive rate of our benchmark, we conducted experiments comparing
randomly selected pairs of optimizers that have the same hash in the proxy task. The experimental
setup mirrors that of our caching experiments: we ran 18 seeds for both Regularized Evolution
(RE) and Random Search (RS), each for 8000 generations. Subsequently, we sampled 1000 pairs of
optimizers from each algorithm and evaluated the false positive rate for each algorithm separately.

Table 4: False positive rates where a pair of optimizers have the same hash but performs different in
meta-training task.

Method | False Positive Rate
RE 33/1000
RS 10/1000

For RE, out of 1000 randomly sampled pairs of optimizers with identical hashes in the proxy
task, 33 pairs (3.3%) resulted in different performances in the meta-training task. Similarly, for RS,
10 out of 1000 pairs (1.0%) resulted in different performances. These results suggest that while the
proxy task efficiently evaluates optimizer equality, there remains a non-negligible chance of false
positives. These results emphasize the necessity of refining evaluation methodologies to mitigate
the occurrence of false positives.

Incumbent

Our simplified incumbent is shown below as NOSBench program and pseudocode. We conduct
various evaluations to assess its performance and characteristics compared to baseline optimizers
such as AdamW (30) and Adadelta (31).

Program(
L
Instruction(Function(sub), inputs=[13, 1], output=17),
Instruction(Function(square), inputs=[17], output=11),
Instruction(Function(sub), inputs=[11, 8], output=13),
Instruction(Function(add), inputs=[1, 13], output=13),
Instruction(Function(sub), inputs=[3, 5], output=10),
Instruction(Function(interpolate), inputs=[13, 11, 10], output=13),
Instruction(Function(add), inputs=[13, 8], output=15),
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Instruction(Function(clip), inputs=[6, 15], output=9),

Instruction(Function(maximum), inputs=[15, 8], output=15),

Instruction(Function(sqrt), inputs=[15], output=17),
Instruction(Function(tan), inputs=[7], output=14),
Instruction(Function(div), inputs=[14, 171, output=19),

Instruction(Function(maximum), inputs=[9, 171, output=13),

Instruction(Function(mul), inputs=[19, 1], output=18),

Algorithm 1 Incumbent

Require: f(6, D): Objective function with parameters 6 and dataset D

Require: 0p: Initial parameter vector

1

_
=

R A A >

: f—0.9
mee—0,0«0
: while 0 not converged do

m «— (v —g)*

: end while

: return 8 (Resulting parameters)

g < Vof(68,D) (Compute gradient of objective function)

e« (g+m—1e—6) * f+mx* (1.0 — )
Msqre < \/max(m, le—6)

v < max(clip(0.01, 1), Msqrs)
0—0—gx % (Update parameters)

Firstly, we examine the learning curves of the incumbent optimizer in the proxy task and
compare them to those of AdamW and Adadelta. Additionally, we analyze the learning curves of

the incumbent optimizer in the meta-learning task.
Furthermore, we investigate the norm of the optimizer step of the incumbent optimizer. This

provides insights into the behavior of the optimizer during training.
As shown in Figure 5, our incumbent follows a more conservative update approach compared
to AdamW and Adadelta, resulting in better performance in both proxy task and meta-training task.

These findings also translate to other PFNs (15) tasks, LC-PFN (34), PFNs4BO (35), TabPEN (36).

Norm of Parameter Updates on Meta-Training Task

Proxy Task Learning Curves

Meta-training Task Learning Curves
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Figure 5: Norm of parameter updates on meta-training task (Left), proxy task learning curves (Middle),

0 2 4 6 8

meta-training task learning curves (Right)
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In all our experiments, we set the maximum memory size to 20 and the meta training task is
evaluated for 20 epochs, and the final training loss is used as our fitness score.
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For Regularized Evolution (28), in all our experiments, we used a population size of 100 and a

tournament size of 25. Furthermore, we adopted the same mutation strategies as those outlined in
(23; 22), given the similarity of the search space. These strategies include:

+ Insertion of Random Instruction: A random instruction is inserted into a randomly selected
location within the program.

+ Deletion of Instruction: An instruction is randomly removed from the program.

« Modification of Instruction: A random instruction undergoes modification by altering one of its
inputs or output to a random memory location.

Algorithm 2 shows Regularized Evolution algorithm in the context of NOSBench.

Algorithm 2 Regularized Evolution for NOSBench

19:
20:
21:
22:
23:
24:

R S AR A S e

population «— empty queue > The population.
history < 0 > Will contain all optimizers.
benchmark « initialize benchmark > Initialize the benchmark.
while |population| < P do > Initialize population.
optimizer.program <— SAMPLE_OPTIMIZER_PROGRAM()
optimizer.performance < benchmark.QUERY (optimizer.program) > Query the benchmark.
add optimizer to right of population
add optimizer to history
end while
while |history| < C do > Evolve for C cycles.
sample «— 0 > Parent candidates.
while |sample| < S do
candidate < random element from population > The element stays in the population.
add candidate to sample
end while
parent < highest-performing optimizer in sample
child.program < MUTATE(parent.program) > Mutate the parent optimizer program.
child.performance < benchmark.QUERY(child.program) » Query the benchmark with the

mutated optimizer.
add child to right of population
add child to history
remove oldest from left of population > Remove the oldest optimizer.
discard oldest
end while
return highest-performing optimizer in history

In the case of SMAC, we employed a Random Forest (38) surrogate model and used log ex-

pected improvement as the acquisition function. Both SMAC and Random Search use the same
configuration space:

1.

2.

Construction of Search Space: We defined a search space using ConfigSpace (39), a Python
library for defining configuration spaces. Within this space, the number of instructions is initially
sampled, capped at 20.

Sampling Instructions: Following the determination of the number of instructions, we proceed
to sample the specified number of instructions. This sampling process involves:
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(a) Function Sampling: Initially, a function is sampled randomly from the available set of
functions.

(b) Parameter Sampling: Subsequently, parameters for the selected function are sampled based
on whether it is a unary, binary, or ternary function.
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