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“If I have seen further than others, it is by standing on the shoulders of giants.”
— Isaac Newton in 1675

Abstract

Efficient fine-tuning of large language models for task-specific applications is
imperative, yet the vast number of parameters in these models makes their training
increasingly challenging. Despite numerous proposals for effective methods, a
substantial memory overhead remains for gradient computations during updates.
Can we fine-tune a series of task-specific small models and transfer their knowledge
directly to a much larger model without additional training? In this paper, we
explore weak-to-strong specialization using logit arithmetic, facilitating a direct
answer to this question. Existing weak-to-strong methods often employ a static
knowledge transfer ratio and a single small model for transferring complex knowl-
edge, which leads to suboptimal performance. To surmount these limitations, we
propose a dynamic logit fusion approach that works with a series of task-specific
small models, each specialized in a different task. This method adaptively allocates
weights among these models at each decoding step, learning the weights through
Kullback-Leibler divergence constrained optimization problems. We conduct ex-
tensive experiments across various benchmarks in both single-task and multi-task
settings, achieving leading results. By transferring expertise from the 7B model to
the 13B model, our method closes the performance gap by 96.4% in single-task
scenarios and by 86.3% in multi-task scenarios compared to full fine-tuning of the
13B model. Notably, we achieve surpassing performance on unseen tasks. More-
over, we further demonstrate that our method can effortlessly integrate in-context
learning for single tasks and task arithmetic for multi-task scenarios.

1 Introduction

In recent years, Large Language Models (LLMs) have shown impressive performance in a wide range
of tasks [5, 36, 50–52, 54, 61, 62], including code generation [11, 45], mathematical reasoning [2, 37],
tool-use abilities [46, 53], etc. However, training such LLMs requires substantial computational
resources, often involving thousands of GPUs and processing trillions of tokens [30, 42], making the
adaptation of the base model for new knowledge inefficient. To address these challenges, parameter-
efficient tuning methods [12, 16, 23] have emerged, aiming to achieve comparable performance to
full fine-tuning while reducing GPU memory requirements. However, challenges persist in tuning
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and deploying large-scale models on common hardware, as they still involve computation-intensive
processes like gradient calculation and back-propagation. Furthermore, these methods may not be
feasible when training data are private.

This inspires us to ask: Can we fine-tune only small models and then transfer their knowledge to
a much larger model without requiring additional gradient updates? If we could fuse the strong
capabilities of a scaled LLM with the specialized knowledge acquired by a small model during
fine-tuning, it would yield the practical benefit of approximating the results achieved by fine-tuning
a large model, but without the associated computational costs. However, it is non-trivial due to the
differences in representation width and layer numbers between the small and large models.
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Figure 1: Comparison between our work and previous
work. Previous methods only use pre-tuned parame-
ters α to transfer knowledge from a single expert. In
contrast, our method dynamically adjusts the propor-
tion of knowledge transferred from multiple experts
at each decoding step during inference.

Recently, Mitchell et al. [41] and Liu et al.
[33] attempt to address this challenge by
transferring knowledge from a Small Lan-
guage Model (SLM) to its larger counterpart
through simple logit arithmetic operations
during decoding. For instance, using models
from the Llama-2 family, they can transfer
the fine-tuned knowledge from a 7B-scale
model to a 13B-scale model by performing
log probability algebra: Llama-2-base 13B +
(Llama-2-chat 7B - Llama-2-base 7B), where
the first term represents the base log proba-
bilities and the term in parentheses denotes
the behavioral delta [41]. This behavioral
delta can be weighted to adjust the balance
between the pretrained knowledge and the
transferred fine-tuned knowledge.

Despite showing promise, logit arithmetic
still exhibits a noticeable performance gap
compared to directly fine-tuning large mod-
els, primarily due to two reasons: Firstly,
they statically prespecifies the weight of be-
havioral delta at each decoding step identi-
cally. However, the importance of fine-tuned
knowledge varies significantly across differ-
ent tasks, inputs, and even different decod-
ing steps. For instance, in a domain-specific
question-answering process, we need more
knowledge from fine-tuned small language
models. Conversely, when decoding factual
topics, we may need more knowledge from
pretrained general models. Secondly, for un-
seen tasks, the lack of pre-adjusted weights
for the behavioral delta prevents logit arithmetic from executing effectively, making it challenging
to transfer tuned knowledge, especially for complex tasks. As shown in Figure 1, when answering
“Peter is 76 years old this year. How old will he be in 500 years?”, using only the math expert does
not ensure the result aligns with factual accuracy. Additionally, these techniques often assume that
experts are trained and tested on the same data distribution, ignoring the heterogeneity of data that
may be encountered at test time, rendering any single expert insufficient.

In addressing these challenges, we reconsider the practice of logit arithmetic within a new framework.
Specifically, we work with a set of finely tuned SLM experts, each specializing in different tasks. At
each decoding step, we dynamically allocate weights among these task-specific SLMs. However,
it is non-trivial to effectively determine suitable weights for diverse tasks and SLM experts, as
tranditional approaches such as grid search [29] or combinatorial search [34] suffer from costly
search processes. To practically automate weight allocation, we reframe the problem of weight search
as a constrained distribution optimization problem. We tackle the fusion of multi-task knowledge by
treating it as a centroid problem in Euclidean space using Kullback-Leibler divergence [24], which
offers interpretability and explicit guidance.
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We conduct thorough experiments on the LLaMA series to evaluate the effectiveness of our approach,
applying our adaptive logit arithmetic method to task-specific fine-tuning in math, question-answering,
summarization, and multi-domain tasks. We also analyze the performance of multi-model fusion
across seen and unseen tasks. Additionally, we discussed the feasibility of combining our method
with in-context learning for single tasks and with task arithmetic for multi-task scenarios.

In our work, we make several key contributions. Firstly, we reassess existing logit arithmetic methods,
highlighting the significant impact of fusion weights and the limitations imposed by a single small
model on test performance. Secondly, we introduce a novel approach that autonomously learns
fusion weights through constraint optimization, approximating the compute-intensive results of fine-
tuning a large base model. Lastly, we conduct comprehensive experiments to validate our method,
demonstrating substantial improvements in performance, generalization capabilities, and robustness.

2 Related Work

2.1 Efficient Specialization

Specializing a pretrained model by fine-tuning for downstream tasks has become a primary paradigm
[7, 9, 10, 44]. However, with the increasing scale of models, full fine-tuning has become impractical
due to the large number of parameters, requiring costly training resources [5, 54].

To tackle this challenge, researchers have developed parameter-efficient tuning methods [28]. These
methods aim to achieve performance similar to full fine-tuning while reducing the GPU memory
required. They typically involve freezing the original weights and adding task-specific trainable
modules [15, 22, 26], low-rank matrices [12, 16, 23], or bias [3]. Despite their benefits, these
approaches still demand significant memory for updating gradients and might not be suitable for
scenarios where training data are private or inaccessible. Another direction is model merging
[17, 35, 38, 56, 58], which trains task-specific models on different domains, and then combines them
into a single model at deployment with weight average [57], neuron permutation [1], interpolation
[20, 39] or task vectors [17, 35, 59]. However, they typically suffer from parameter interference
between different tasks and static optimal solutions may struggle with multiple task domains.

There is a growing research interest in specialized large models by eliciting existing knowledge, such
as utilizing curated prompts via in-context learning [31] or employing small models to offer weak-
to-strong supervision [6, 33, 41], generating weak labels or alignment signals. These methods are
highly practical, requiring only the generated output (or logits). Our approach shares a similar weak-
to-strong intuition and proposes adaptive strategies to achieve a better balance between leveraging
the pretrained general knowledge and acquiring task-specific knowledge. Furthermore, our method
can be extended to multi-task scenarios.

2.2 Weak-to-Strong Generation

Different from knowledge distillation [4, 14, 49], where a more capable teacher guides a student
model, we explore using weaker models to teach stronger ones. Burns et al. [6] empirically demon-
strate that weak supervisors can reliably elicit knowledge from much stronger models (e.g., supervis-
ing GPT-4 with a GPT-2). Such approaches represent a promising direction, as it is more practical
and affordable to specialize in a much smaller model. Contrastive Decoding [27] enhances outputs
by leveraging differences between large and small LMs, as patterns like repetition and incoherence
are often more pronounced in smaller ones. Speculative sampling [25, 48] speeds up inference using
a lower-parameter version of the LLM as a draft model, exploiting the fact that draft models can
approximate easier subtasks well. SpecInfer [40] goes further by employing a set of small models to
generate drafts in parallel. Jin et al. [19] train a projector to map the parameter of the weak expert to
a larger version, but the projector needs to be trained and suffers from poor generation. Ji et al. [18]
focuses on utilizing small models to rephrase unaligned answers from LLMs into more aligned ones.
Mitchell et al. [41] and Liu et al. [33] leverage logits from small, fine-tuned models to inject specific
knowledge into the pretrained LLM with the same vocabulary. Our approach differs from methods
that require pretrained small model adapters [48] or pre-adjusted parameters [33, 41]. Instead, we
dynamically transfer the capabilities of small models to the large model at each decoding step, without
needing access to the large model’s parameters or training data.
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3 Methodology

3.1 Problem Background

Autoregressive Language Models Modern autoregressive transformers generate continuations
for input prompts token by token. Given a prompt x1:k−1 (denoted as x<k), the model computes
the logits for the k-th token, represented as M(xk | x<k) ∈ R|V |, where V denotes the size of the
vocabulary. A probability distribution P (xk | x<k) is then obtained through softmax normalization:
P (xk | x<k) = softmax(M(xk | x<k)). The next token xk is subsequently sampled from this
distribution, i.e., xk ∼ P (xk | x<k).

Distance Between Language Model Outputs Distribution We can utilize the Kullback-
Leibler(KL) divergence to measure the similarity of two distributions P and Q generated from
two language models (with the same vocabulary), which can be viewed as the distance of the two
language models:

DKL(P ||Q | x<k) =
∑
x∈V

P (x | x<k) log
P (x | x<k)

Q(x | x<k)
(1)

If this is implied by the context, we will omit the conditioning on |x<k and simply use DKL(P ||Q).

Logit Arithmetic Suppose we have two pretrained auto-regressive models with homogeneous
architecture and the same vocabulary: a small model with parameter set θS and a large model with
parameter set θL. We aim to fine-tune the small model to obtain θSft and transfer this fine-tuning
knowledge to the large models. Previous work [33, 41] transferred fine-tuned knowledge to a large
model by designing arithmetic between logits, resulting in the output distribution P̃ for the large
model as follows:

P̃ (xk|x<k) = softmax(ML(xk|x<k) + α · (MS
ft(xk|x<k)−MS(xk|x<k))) (2)

where ML, MS , and MS
ft represent the logits of the large model, small model, and fine-tuned small

model, respectively. Their corresponding normalized distributions are denoted by P , Q, and Qft.
The detailed theoretical proof supporting this logit arithmetic formula is provided in Appendix B.
Here, α is a pre-adjusted hyperparameter that controls the extent of knowledge transfer from the small
model. Our analysis from Appendix C demonstrates that logit arithmetic attempts to approximate the
shift (Qft(xk|x<k)

Q(xk|x<k)
)α between the fine-tuned distribution and the pretrained distribution by controlling

the parameter α before inference.

3.2 Adaptive Knowledge Transfer Optimization

However, using a pre-defined α presents the issue that the resulting LLM’s distribution P̃ has a fixed
trajectory, which may not be suitable for every step in decoding. So we need a dynamic α in the
decoding steps. Nonetheless, solving this problem is non-trivial, so we attempt to transform it into
an equivalent, optimizable objective. Here, we use the distance between language model outputs as
defined in Equation (1) to represent the shift between distributions. We assume that, for different
model sizes, at each decoding step, the distance between the fine-tuned model outputs and pretrained
model output is the same:

DKL(P̃ ||P | x<k) ≈ DKL(Qft||Q | x<k), DKL(P ||P̃ | x<k) ≈ DKL(Q||Qft | x<k) (3)

Following the assumption in Equation (3), we optimize the following expression at each decoding
step:

argmin
P̃

[(
DKL(P̃ ||P )−DKL(Qft||Q)

)2
+
(
DKL(P ||P̃ )−DKL(Q||Qft)

)2]
(4)

Based on this optimization problem, we can adaptive transfer the knowledge of the corresponding
SLM expert to the large model at each decoding step in a single-task setting. Our method has been
proven to be effective in experiments. To guarantee symmetry, a symmetrical term is incorporated:
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3.3 Extending to the Fusion of Multiple SLMs

When dealing with complex tasks or new domains, a general LLM may lack the necessary expertise,
and a single SLM might not provide sufficient specialized knowledge due to the capacity gap.
To migrate this challenge, our method can be extended to fuse multiple SLMs and leverage their
knowledge to compensate for the shortcomings in individual domain-specific knowledge. We fine-
tune the SLM θS on each domain to obtain multiple task-specific experts {θS

t }Tt=1, making it easier
to acquire knowledge and dynamic fused to the LLM. During decoding, knowledge from these
domain-specific SLMs is transferred simultaneously to the LLM. We modify the Equation (3) as
follows:
DKL(P̃ ∥ P ) ≈ DKL (Joint({Q1...T }) ∥ Q) , DKL(P ∥ P̃ ) ≈ DKL (Q ∥ Joint({Q1...T })) (5)

where Qt represents the distribution of θSt from the t-th domain, Joint({Q1...T }) represents the distri-
bution of the combined knowledge of Q1, Q2, ..., QT . When we impose constraints like Equation (5),
it attempts to align the joint distributions of the logits from the domain-specific small models. How-
ever, the distributions of the logits from the domain-specific small models are usually not independent
of each other, so their joint distribution cannot be estimated through simple multiplication.

Due to the difficulty in obtaining a joint distribution for multiple expert models, we decompose
the joint distribution constraint problem into a multi-object marginal distribution optimization. The
transformation process we prove in detail in Appendix E. By aligning the distributions of each
domain-specific small model, we can infer an approximate optimal solution within the extension of
Equation (2), as shown by:

argmin
P̃

T∑
t=1

[(
DKL(P̃ ||P )−DKL(Qt||Q)

)2
+
(
DKL(P ||P̃ )−DKL(Q||Qt)

)2]

where P̃ = softmax

[
ML(xk|x<k) +

T∑
t=1

αt

(
MS

t (xk|x<k)−MS(xk|x<k)
)] (6)

Here we use MS
t to represent the logit of t-th expert. Our algorithm is outlined in pseudo-code in

Algorithm 1 in Appendix F.

Intuitively, this projects the KL divergences between the logits into Euclidean space and finds a central
point with the minimum distance sum as the best KL value. This optimal KL value corresponds to
the output distribution of the large model with multi-domain knowledge. In our experiments, we
optimize α ∈ RT to obtain the optimal KL value. Generally, α is between 0 and 2. In a multi-task
setting, we can accelerate the optimization process by optimizing the boundaries for only one expert,
restricting only one SLM expert to be applied at the current decoding step. We will provide a more
detailed explanation of this in our experiments.

4 Experiments

In this paper, we use the LLaMA2 [55] family of models to test our method, which contains the
same vocabulary, enabling us to employ logits arithmetic easily. Here, we use TinyLLaMA-1.1B [60]
and LLaMA2-7B as our pretrained small models, and LLaMA2-13B as the large model for transfer.
We conduct tests in single-domain and multi-domain settings to demonstrate that our method can
effectively transfer knowledge to the large model in both scenarios.

4.1 Datasets

Following the setting in Liu et al. [33], we evaluate on the following datasets: mathmetical reasoning
(GSM8K [8]); factual accuracy (TruthfulQA [32]); realistic knowledge (TriviaQA [21]); multi-domain
general knowledge (MMLU benchmark [13]); summarization (CNN-DailyMail (CNN/DM) [47]).
All datasets are tested using a 0-shot setting. Detailed information is provided in Appendix G.

4.2 Implementation Details

For all tasks except TruthfulQA, we construct prompts based on the task type and employ supervised
instruction tuning to train each task expert. Following the previous work [33], we use “Llama-2-
7b-chat-hf” as the 7B expert for TurhfulQA, and TinyLLaMA-chat-version as the 1.1B expert for
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Table 1: Performance on single-task scenarios. Bold numbers indicate the best-performing model
transferred from the same size. Underlines indicate whether the method outperforms the expert
model being used. Notably, we are unable to obtain the LoRA adapter for LLAMA2-chat version.
Therefore, we set the LoRA Tuning for the 13B model on TruthfulQA to match the same values as
Full Fine-Tuning, e.g., 61.93.

Model GSM8K TruthfulQA TriviaQA CNN/DM MMLU Avg.(EM.) (Acc.) (EM.) (Rouge 2.) (Acc.)
13B
Base Model 6.90 46.13 36.44 8.94 51.25 29.93
Full Fine-tuning 47.23 61.93 56.36 15.50 57.94 47.79
LoRA Tuning 41.54 61.93 61.89 17.18 60.46 48.60

Transfer from 1.1B
Full Fine-tuning 12.51 29.01 33.66 14.22 37.26 25.33
Proxy Tuning 16.91 31.48 48.74 13.23 39.88 31.74
Ours 18.27 37.05 53.81 14.48 48.32 34.86
Transfer from 7B
Full Fine-tuning 37.07 60.02 52.10 15.21 56.23 44.13
Proxy Tuning 37.68 61.02 52.81 14.37 56.24 44.43
Ours 39.34 61.56 57.11 15.31 57.15 46.09

Table 2: Performance on multi-task scenarios. “Base” denotes an untrained model. “Multi-Task
Tuning" refers to models trained using data mixing. Bold numbers represent the best-performing
multi-task models among those using experts of the same size. The leftmost "Avg." represents the
average performance of Seen Tasks and Unseen Tasks (57 tasks in MMLU), calculated by averaging
the mean performance on Seen Tasks and the performance on MMLU.

Model Avg. Seen Task Unseen Task
GSM8K TruthfulQA TriviaQA CNN/DM Avg. MMLU

Pre-trained model
1.1B (Base) 18.29 2.04 27.41 9.6 7.21 11.56 25.02
7B (Base) 29.16 3.80 30.96 36.7 8.81 20.06 38.26
13B (Base) 37.93 6.89 46.13 36.5 8.94 24.61 51.25

Multi task with tuning
13B (Multi-Task Tuning) 45.68 39.03 44.39 62.79 16.95 40.78 50.58

Single task with tuning
1.1B-Expert (GSM8K) 18.50 12.51 25.38 6.12 7.75 12.69 24.30
1.1B-Expert (TruthfulQA) 16.15 2.81 29.01 2.83 7.23 10.47 21.82
1.1B-Expert (TriviaQA) 21.72 3.26 26.25 33.66 8.03 17.80 25.63
1.1B-Expert (CNN/DM) 12.98 2.73 26.39 1.65 14.22 11.24 14.73

Multi-task transfer from 1.1B
1.1B (Multi-Task Tuning) 23.90 14.40 25.76 35.05 14.26 22.37 25.42
Ours 32.59 18.65 36.33 18.84 9.38 20.80 44.38
Single task with tuning
7B-Expert (GSM8K) 34.14 37.07 36.04 20.41 11.19 26.18 42.10
7B-Expert (TruthfulQA) 33.23 8.26 60.02 0.17 11.02 19.86 46.61
7B-Expert (TriviaQA) 29.35 4.62 33.66 52.10 10.30 25.17 33.52
7B-Expert (CNN/DM) 22.29 4.39 34.57 0.19 15.21 13.59 30.98

Multi-task transfer from 7B
7B (Multi-Task Tuning) 34.89 34.72 33.28 51.54 16.30 33.96 35.82
Ours 39.42 34.87 42.25 22.48 10.52 27.53 51.31

TurhfulQA. For full fine-tuning, we set the batch size to 128, learning rate to 2e-5, optimizer to Adam.
For LoRA tuning, we set the rank to 64, learning rate to 1e-4, optimizer to Adam. We train for 3
epochs. For multi-task tuning, we perform full fine-tuning using a mixed-seed training dataset.

During inference, we use greed decoding and set batch size to 256, top_p to 1.0 and temperature
to 0.05. To accelerate inference, we use VLLM3 , synchronizing the signals of logits during logit
arithmetic to achieve efficient inference. All experiments are performed on H100 GPUs.

3https://github.com/vllm-project/vllm
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4.3 Baselines

To demonstrate the effectiveness of our method in efficiently transferring knowledge from a small
model to a large model, we compare it against a small model fine-tuned in a single domain and a large
model without fine-tuning. We also report the performance of a large model fine-tuned on a single
domain or fine-tuned using LoRA to demonstrate the feasibility of our method as a replacement for
fine-tuning approaches. Additionally, we compare our method with Proxy Tuning (setting α = 1.0
as in the original work) to highlight the superiority of our method in the transfer process. We use
the LLaMA2-chat model as the expert for TruthfulQA (therefore, there is no corresponding LoRA
model). For other experts, we use models fine-tuned on the respective training sets. In multi-task
scenarios, we follow the common training practice of mixing the training data, with the results serving
as our multi-task baseline. More details can be found in the Appendix G.

4.4 Performance on Single-Task Scenarios

As shown in Table 1, our method improves upon the original experts when transferring knowledge
from the 1.1B and 7B models to the 13B model. Across all tasks, our method transfers knowledge
from 1.1B and 7B experts to the 13B model, achieving performance improvements of 37.6% and
4.4% over the original experts, respectively. This demonstrates that our method can leverage the
existing knowledge in larger models to enhance the knowledge learned by the expert small models.
Notably, we observe significant improvements on GSM8K and TriviaQA compared to the experts
alone, indicating that our method effectively transfers expert knowledge while leveraging the inherent
capabilities of the large model, such as stronger reasoning abilities and a richer knowledge base.

Our method, which transfers knowledge from 1.1B and 7B experts, can close the performance gap by
72.9% and 96.4%, respectively, compared to 13B Full Fine-Tuning, achieving improvements of 6.5%
and 3.8% over Proxy Tuning. Compared to 13B Full LoRA Tuning, our method can close the gap by
71.7% and 90.7%, respectively, when transferring knowledge from 1.1B and 7B experts. Additionally,
it is worth noting that our method outperforms the 13B Full Fine-Tuning results on TriviaQA. Since
our approach only requires fine-tuning a smaller model, it demands less computational and memory
resources compared to fine-tuning a large model, making our method highly promising.

4.5 Performance on Multi-Task Scenarios

In the multi-task scenario, we categorize the multi-domain MMLU task as an unseen task and the
other four tasks as seen tasks. We then calculate the average performance on seen and unseen tasks
to evaluate the overall generalization capability of our model. As shown in Table 2, our method
achieves a 36.35% and 13.37% improvement over directly fine-tuning on 1.1B and 7B, respectively,
using multi-domain fine-tuning. Furthermore, our results show that transferring knowledge from 7B
outperforms 13B overall by 3.93%. Specifically, the performance improvement is 11.9% for seen tasks
and 0.1% for unseen tasks. This indicates that our approach can alleviate conflicts between multiple
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Table 3: The time required to train or inference
1,000 data points on a single GPU. In the in-
ference section, values in parentheses show the
factor by which the inference speed is slower
compared to the 13B FFT model. "FFT" de-
notes Full Fine-Tuning, and "LT" denotes LoRA
Tuning. Our 1.1B/7B expert model use full fine-
tuning.

Model Training Inference

13B FFT 1176s 60s
13B LT 836s 60s
Proxy Tuning (from 1.1B) 128s 142s (×2.36)
Ours (from 1.1B) 128s 150s (×2.5)
Proxy Tuning (from 7B) 588s 158s (×2.63)
Ours (from 7B) 588s 166s (×2.76)

tasks to a certain extent and improve out-of-domain generalization by leveraging the capabilities of
the large model itself.

In multi-task settings, our method achieves a performance improvement of 71.3% and 86.3% over
13B multi-task tuning when transferring knowledge from 1.1B and 7B, respectively. It can be
observed that our method performs worse in domain-specific tasks compared to multi-task tuning,
e.g., TriviaQA. This is primarily because we cannot access the data needed by the experts, resulting
in a bottleneck in handling task conflicts. In the future, we will explore more effective ways to
effortlessly transfer multiple small expert models to a large model. Notably, Proxy Tuning is
designed for single-domain scenarios with a known test distribution. It struggles at test time with
inputs from unknown distributions, making it difficult to use in multi-task scenarios. However, our
method achieves the best results on unseen tasks, demonstrating its effectiveness in enhancing the
generalization ability of large models on new tasks. Moreover, our method can effortlessly transfer
knowledge from pretrained experts across multiple domains to the large model without requiring
access to their training data.

5 Analysis

5.1 How α control the knowledge transfer from the small models?

We aim to understand how α dynamically changes in single-task and multi-task scenarios, and what
patterns it exhibits across different tasks. As shown in Figure 2, we compare our method with
predefined α values of 0.5, 1.0, and 1.5. It can be observed that our method consistently outperforms
the predefined α settings, demonstrating the effectiveness of adaptive adjustment at each decoding
step. Additionally, the predefined method exhibits significant variation across different tasks, whereas
our method addresses this issue and avoids the extensive effort required for parameter tuning.

As shown in Figures 3 and 4, we illustrate the variation of α for a single expert and multiple experts,
respectively. In Figure 3, it can be observed that α fluctuates between the lower bound and upper
bound. At the lower bound, less expert knowledge is transferred, and it is more important to retain
the large model’s inherent capabilities. Conversely, at the upper bound, more expert knowledge is
transferred, requiring more GSM8K-related capabilities for those steps. In Figure 4, when solving
the “abstract algebra” problem in MMLU using four experts, it is evident that GSM8K transfers
more knowledge overall, especially in the initial steps. Since “abstract algebra” is a mathematically
oriented problem, these results demonstrate that our method can effectively select and transfer expert
knowledge during the decoding steps.

5.2 Efficiency Analysis

In a batch inference with a size of B, Proxy Tuning requires a complexity of approximately O(BV )
for each decoding step. In contrast, our method requires O(nBV ) complexity, where n (≤ 20) is the
number of parameter searches. Since n ≪ V , our complexity is comparable to Proxy Tuning.
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Figure 5: Enhance in-context learning and task arithmetic using our method.

In multi-task settings, performing parameter searches for each expert and then merging them would
result in exponential growth, with a complexity of O(nTBV ). To optimize this process, we avoid
merging parameters between experts at each step and instead select a single expert for knowledge
transfer. This reduces the algorithm complexity to O(nTBV ). Additionally, we can constrain the
parameter search range for each expert to achieve better efficiency and performance.

Here, we complete the training and inference on an H100 GPU for 1000 data, while recording the
time taken. As shown in Table 3, our method achieves similar efficiency to Proxy Tuning during
inference. Due to the need for inference and communication between multiple models, our approach
is approximately 2.5 times slower than direct inference with a 13B model. However, our method only
requires training a small model, which provides a significant advantage in training efficiency.

5.3 Comparison the Weak-to-strong Approach with Other Methods

Comparison against In-Context Learning Enhancing in-context learning with logits arithmetic
can improve large language models. Since both methods work at the token level and need only
black-box access, they can be combined to boost model performance. We categorize tasks as either
Single-Domain (excluding MMLU) or Multi-Domain (MMLU). The "All" category averages the
results of both. Notably, we use 5-shot information as in-context examples, and we apply different
few-shot samples and prompts for various MMLU tasks. In our experiments, we enhance a 13B
model’s performance using a 7B expert and compare it to the 13B model using in-context learning.
We present the results in Figure 5a. We observed that our method outperforms 5-shot in-context
learning on both Single-Domain and Multi-Domain tasks. Furthermore, when combined with in-
context learning, our method shows a significant improvement on Multi-Domain tasks, resulting in
an overall (All) increase of 18.3%. Specifically, combining our method with in-context learning does
not significantly impact performance on Single-Domain tasks, indicating that our method alone has
already achieved capabilities similar to in-context learning for individual tasks.

Comparison against Task Arithmetic Task Arithmetic and logits arithmetic are similar in principle,
both adjusting the shift between the expert and base model to control knowledge transfer. However,
logits arithmetic isn’t constrained by parameter size and can merge across model levels without
needing access to specific parameters. Specifically, our method can be applied to combine experts
from task arithmetic, integrating both approaches for multi-task learning. We use the same setup as
our multi-task scenarios, treating "All" as the average of Seen and Unseen Tasks. In figure 5b, our
method performs well on Unseen Tasks, resulting in an overall improvement of 5.7% compared to
task arithmetic. When we combine our method with task arithmetic, we see improvements over task
arithmetic alone, achieving the highest overall performance, with increases of 7.2% and 1.5% over
task arithmetic and our method alone, respectively.
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6 Conclusions

In this paper, we introduce a dynamic logit fusion approach in weak-to-strong specialization, which
utilizes a series of task-specific small models and allows for adaptive weight allocation among them.
Through extensive experiments, we have demonstrated the effectiveness of our approach in both
single-task and multi-task settings across various benchmarks. By transferring expertise from the
7B model to the 13B model, we have achieved significant performance improvements, closing the
performance gap by 96.4% in single-task scenarios and by 86.3% in multi-task scenarios compared
to full fine-tuning of the larger model. Our method also shows promising results on unseen tasks and
can integrate in-context learning for single tasks and task arithmetic for multi-task scenarios.
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A Model Architecture Diagram

As illustrated in Figure 6, our approach dynamically calculates the fusion weights of the logits of
SLMs at each decoding step, transferring the knowledge from multiple experts to LLM.

i. Kth Decoding Step

Train

ii.  Adaptive Knowledge Transfer Optimization

Decoding

Figure 6: The architecture of our method. The small llama represents the small model, while the large
llama represents the large model. MS/ML denotes the logits of the small/large language model.
MS

t represents the logits of a small expert language model for task t. The lower part of the figure
illustrates our optimization in the decoding process, where each circle represents a decoding step.
The upper part of the figure shows how our method transfers the knowledge of experts in the kth
step. At each decoding step, our method dynamically adjusts the {αt}Tt=1 value for each expert,
transferring knowledge from the small models to the larger model.

B Proof of Logic Arithmetic

Reinforcement Learning from Human Feedback (RLHF) is commonly employed in optimizing
language models, where the learning process involves maximizing a reward objective while penalizing
the KL divergence between the learned policy and a reference policy with a coefficient β:

max
πθ

Ex∼D,y∼πθ(y|x)[rϕ(x, y)]− βDKL [πθ(y | x)∥πref(y | x)] (7)
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Following the DPO [43] framework, we can reformulate the above objective as:

max
πθ

Ex∼DEy∼πθ(y|x) [rϕ(x, y)]− Ex∼DEy∼πθ(y|x)

[
β log

π(y | x)
πref(y | x)

]
= max

πθ

Ex∼DEy∼πθ(y|x)

[
rϕ(x, y)− β log

π(y | x)
πref(y | x)

]
= min

π
Ex∼DEy∼π(y|x)

[
log

π(y | x)
πref(y | x)

− 1

β
rϕ(x, y)

]
= min

π
Ex∼DEy∼π(y|x)

[
log

π(y | x)
πref(y | x)

− log exp

(
1

β
rϕ(x, y)

)]

= min
π

Ex∼DEy∼π(y|x)

log π(y | x)

πref(y | x) exp
(

1
β rϕ(x, y)

)


= min
π

Ex∼DEy∼π(y|x)

log π(y | x)

πref(y | x) exp
(

1
β rϕ(x, y)

)
1

Z(x)Z(x)


= min

π
Ex∼DEy∼π(y|x)

log π(y | x)
1

Z(x)πref(y | x) exp
(

1
β rϕ(x, y)

) − logZ(x)



(8)

where Z(x) =
∑

y πref(y | x) exp
(

1
β rϕ(x, y)

)
is the partition function. Note that the partition

function is a function of only x and the reference policy πref, but does not depend on the policy πθ.
We can now define

π∗(y | x) = 1

Z(x)
πref(y | x) exp

(
1

β
rϕ(x, y)

)
, (9)

Then the equation is convert to

min
π

Ex∼D

[
Ey∼π(y|x)

[
log

π(y|x)
π∗(y|x)

]
− logZ(x)

]
=

min
π

Ex∼D [DKL(π(y|x) || π∗(y|x))− logZ(x)]
(10)

Hence we have the optimal solution:

π(y|x) = π∗(y|x) = 1

Z(x)
πref(y|x) exp

(
1

β
rϕ(x, y)

)
(11)

for all x ∈ D.

According to Rafailov et al. [43], reward models can be reparameterized as: r(x, y) = β log π(y|x)
πref(y|x)

for some model π(y | x) and a given reference model πref(y | x). Additionally, given a pretrained
language model π and its fine-tuned counterpart πft, the following relationship holds,

πft(y | x) = π(y | x) exp(log πft(y | x)
π(y | x)︸ ︷︷ ︸

Implicit reward

) = π(y | x) exp( 1
β
rft(x, y)) (12)

This indicates that the fine-tuned model πft can be interpreted as the solution to constrained rein-
forcement learning problem with a constraint on the pre-trained model. Consequently, the theoretical
framework is applicable to any fine-tuned model, providing an RL-based interpretation of fine-tuning.

We can further introduce an S-size implicit reward for L-size finetuned models:
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πL
ft (y | x) = 1

Z(x)
πL(y | x) exp

( 1
β
rSft (x, y)

)
∝ πL(y | x) exp

(
log

πS
ft (y | x)

πS(y | x)
)

∝ πL(y | x)π
S
ft (y | x)

πS(y | x)

(13)

By taking the logarithms, we derive the following logit arithmetic formula:

ML
ft (x) ∝ ML(x) + (MS

ft (x)−MS(x)) (14)

where ML, MS , and MS
ft represent the logits of the large model, small model, and fine-tuned small

model, respectively. This completes the derivation of the Equation (2).

C Proof of Method in Section 3.1

Based on the definitions of the probability distributions Q, Qft, P , and P̃ , the model logits outputs
MS , MS

ft, and ML satisfy the following relationships:

Q(xk | x<k) = softmax(MS(xk|x<k))

Qft(xk | x<k) = softmax(MS
ft(xk|x<k))

P (xk | x<k) = softmax(ML(xk|x<k))

P̃ (xk|x<k) = softmax(ML(xk|x<k) + α · (MS
ft(xk|x<k)−MS(xk|x<k)))

(15)

Suppose there are vectors x and y of dimension n. The relationship between them is as follows:

y = softmax(x) = [
exi∑n
j=1 e

xj
]ni=n = [

1∑n
j=1 e

xj−xi
]ni=n (16)

For each value xi, as xi increases, xj − xi decreases, and 1
exj−xi

increases. Therefore, the corre-
sponding yi is positively correlated with xi.

So we can know that ln y ∝ y ∝ x. Therefore, based on Equation (15), we can derive the following
relationship:

lnQ(xk | x<k) ∝ MS(xk|x<k)

lnQft(xk | x<k) ∝ MS
ft(xk|x<k)

lnP (xk | x<k) ∝ ML(xk|x<k)

ln P̃ (xk|x<k) ∝ (ML(xk|x<k) + α · (MS
ft(xk|x<k)−MS(xk|x<k))

∝ lnP (xk | x<k) + α · (lnQft(xk | x<k)− lnQ(xk | x<k))

∝ ln

(
P (xk | x<k) ·

(
Qft(xk | x<k)

Q(xk | x<k)

)α)
(17)

Thus, logit arithmetic can be viewed as a product-of-experts ensemble as follows:

P̃ (xk | x<k) ∝ P (xk | x<k)

(
Qft(xk | x<k)

Q(xk | x<k)

)α

(18)

Essentially, it assumes a predefined distribution shift (Qft(xk|x<k)
Q(xk|x<k)

)α between the fine-tuned and

pretrained distributions of a small model, which can construct the trajectory of P̃ . It then attempts to
approximate the shift for the fine-tuned and pretrained distributions of the large model P̃ (xk|x<k)

P (xk|x<k)
.
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D Efficiency Analysis of the Forward Process

In section 5.2, we conducted an Efficiency Analysis of logit Arithmetic. To better illustrate our
efficiency, we further analyze the overall efficiency of our method here.

Overall, during a single forward pass, our method has a similar time complexity to the static
method. Given: current sequence length s, large model dimension hL, small model dimension
hS , number of layers in the large model L1, number of layers in the small model L2, batch size
B, vocabulary size V , number of searches per decoding step n. Assume the FLOPs for a single
forward pass of the large model and the small model are FLOPsL and FLOPsS , respectively. The
FLOPs can be calculated as: FLOPsL = L1 ∗ (12Bsh2

L + 2Bs2hL) +BshLV ,and FLOPsS =
L2 ∗ (12Bsh2

S + 2Bs2hS) + BshSV (here we ignore the kv cache). Therefore, the FLOPs for a
single forward pass of our method on a single task is: FLOPsL + 2 ∗ FLOPsS + nBV . Among
these, only the nBV term (n ≤ 20) corresponds to the additional computational cost of our method,
which is much smaller compared to the previous term and can be considered negligible in the overall
time. Additionally, in our efficiency analysis, as shown in Table 3, our method is only 0.008 seconds
slower per sample compared to the static method, which is negligible.

E Proof for the Fusion of Multiple SLMs Scenario

This section mainly explains how we extend the transfer problem to multiple small models. When
transferring the knowledge of multiple expert SLMs to a LLM, we consider the following two aspects:
1. The fusion of knowledge from different domain experts. 2. The transfer of knowledge from SLM
to LLM, i.e., the transfer of knowledge from a single expert, which was discussed in Section 3.2.
Intuitively, we first focus on the fusion of different domain experts' knowledge before performing
the transfer. Here, we define the distribution of the combined knowledge of these small models as J .
Therefore, we aim to achieve DKL(P ||P̃ ) = DKL(Q||J).
Since solving for J is difficult, we propose constraining it based on the relationship between J and
{Qi} to approximate it. Here, we can transform DKL(Q||J) into DKL(Q||Qi) + CJ(Qi), where
CJ(Qi) is the bias function from Qi to J . When we approximate J as the centroid of {Qi} on the
KL-constrained plane, we can implicitly solve these bias functions. According to the definition of the
centroid, J can be solved by minimizing the sum of the squared distances to each point, as shown
below:

argmin
J

T∑
i=1

(DKL(Q ∥ J)−DKL (Q ∥ Qi))
2 (19)

Since our goal is DKL(P ∥ P̃ ) = DKL(Q||J), substituting this into our equation gives us our final
optimization objective:

argmin
P̃

T∑
i=1

(DKL(P ∥ P̃ )−DKL (Qi ∥ Q))2 (20)

To prove the reasonableness of our approximation, we provide a more rigorous proof below.
Our initial objective is as follows:

argmin
P̃

T∑
i=1

(DKL(P̃ ∥ P )−DKL(J ||Q))2 (21)

By assuming DKL(Q||J) = DKL(Q||Qi) + CJ(Qi), we can transform the original problem

argmin
P̃

(DKL(P̃ ∥ P )−DKL(J ||Q))2 (22)

into T constrained optimization problems:

argmin
P̃

(DKL(P̃ ∥ P )−DKL (Qi ∥ Q)− CJ(Q1))
2

...

argmin
P̃

(DKL(P̃ ∥ P )−DKL (Qi ∥ Q)− CJ(QT ))
2

(23)
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After jointly optimizing them, we have:

argmin
P̃

T∑
i=1

(DKL(P̃ ∥ P )−DKL (Qi ∥ Q)− CJ(Qi))
2

T∑
i=1

(DKL(P̃ ∥ P )−DKL (Qi ∥ Q)− CJ(Qi))
2

≤
T∑

i=1

(DKL(P̃ ∥ P )−DKL (Qi ∥ Q))2 +

T∑
i=1

CJ(Qi))
2

=

T∑
i=1

(DKL(P̃ ∥ P )−KL (Qi ∥ Q))2 + CJ−Q

(24)

Since CJ−Q is a constant term independent of P̃ , we can ignore it. Finally, we solve the original
problem by optimizing this upper bound. When we symmetrize the terms in the KL divergence,
we can obtain a similar conclusion. Therefore, in the multi-task setting, we can solve it using the
following formula: (As shown in Equation (6)):

argmin
P̃

T∑
i=1

[
(KL(P ∥ P̃ )−DKL (Qi ∥ Q))2 + (KL(P̃ ∥ P )−KL (Q ∥ Qi))

2
]

(25)

F Pseudo Code

Algorithm 1 Adaptive Logits-Arithmetic

Require: generation prompt X , number of tokens to generate N , Large model θL, domain number T ,
expert small models {θS

t }Tt=1, ML, MS , and MS
t represent the logits outputs of the large model,

small model, and t-th domain-specific small models. P , Q, and Qt represent the outputs distribution
of the large model, small model, and t-th domain-specific small models.

1: k ← len(X)− 1
2: m←∞
3: α← []
4: while len(X) < N and xk−1 ̸= [EOS] do

5: for each domain t in T do
6: Get domain expert logits for xk from θS

t as MS
t (xk|x<k)

7: end for

8: # For multitask scenario, perform α search only for one task, for a total of T times.
9: for search α′ ∈ RT do ▷ such as [0.0,2.0], step is 0.1

10: P̃ (xk | x<k)← softmax
[
ML(xk|x<k) +

∑T
t=1 α

′
t · (MS

t (xk|x<k)−MS(xk|x<k))
]

11: L ←
∑T

t=1

(
KL(P̃ ||P )− KL(Qt||Q)

)2

+
(

KL(P ||P̃ )− KL(Q||Qt)
)2

12: if L < m then
13: α← α′

14: m← L
15: end if
16: end for

17: Calculate next token distribution for the large model as P̃ ←
softmax

[
ML(xk|x<k) +

∑T
t=1 αt · (MS

t (xk|x<k)−MS(xk|x<k))
]

18: Sample the next token xk ∼ P̃ (xk|x<k)
19: X ← {X;xk}
20: k ← k + 1
21: end while
22: return generated text X
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Our algorithm is outlined in pseudo-code in Algorithm 1, we search for each task’s α with a step of
0.1.

G Dataset Details

• GSM8K [8], a dataset of 8.5K high-quality linguistically diverse grade school math word
problems created by human problem writers. We evaluate using exact match (EM.).

• TruthfulQA [32], a benchmark to measure whether a language model is truthful in gen-
erating answers to questions. There is no training set for this dataset. We evaluate using
multiple-choice accuracy (Acc.).

• TriviaQA [21], a reading comprehension dataset containing over 650K question-answer-
evidence triples. We evaluate using exact match (EM.).

• MMLU [13], a benchmark designed to evaluate the capabilities of language models. It
comprises approximately 16,000 multiple-choice questions across 57 tasks. We evaluate
using multiple-choice accuracy (Acc.).

• CNN-DailyMail (CNN/DM) [47], a dataset for text summarization. We evaluate using
Rouge2.

The GSM8K, MMLU datasets are licensed under the MIT License. The TruthfulQA, TriviaQA,
CNN-Dailymail datasets are licensed under the Apache-2.0 License. Thus, these datasets are available
for non-commercial research purposes.

H Case study

As shown in Table 4, our method achieves the correct output of 18 when targeting a single task, such
as the GSM8K problem. Additionally, it can be observed that the model’s output contains formatted
information, e.g., “####" which matches the format learned in in-context learning. This indicates that
our method achieves the ability of in-context learning at the logit level.

For unseen tasks like MMLU’s Abstract Algebra and Clinical Knowledge, our model generates
correct answers by leveraging multi-expert knowledge transfer.

I Limitations and Future Works

Our approach shares the general limitations of existing logit-arithmetic-based methods: (1) Since our
method operates at the decoding step, this architecture mainly tests its ability in generative models,
without exploring its effectiveness in discriminative models; (2) Involving multiple models in the
decoding step can slow down inference compared to inference with models of similar magnitude.

In the future, we will explore more efficient methods of logit arithmetic and investigate their potential
application in other architectural models.

J Broader Impacts

Our approach enables weak-to-strong knowledge transfer without accessing the model’s parameters or
expert-learning data. This is advantageous for protecting the privacy of expert data. Additionally, this
data-free fine-tuning paradigm significantly reduces the cost of private deployment while enhancing
data security, thus positively impacting societal data security. Our method does not exhibit any
significant negative societal impacts.
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Table 4: Case Study
GSM8K
Q: Janet2̆019s ducks lay 16 eggs per day. She eats three for breakfast every morning and bakes muffins for
her friends every day with four. She sells the remainder at the farmers’ market daily for $2 per fresh duck
egg. How much in dollars does she make every day at the farmers’ market?

LLAMA2-13B:
n
nAnswer:

LLAMA2-13B + In-Context Learning (5-shot): Janet eats 3 eggs for breakfast every morning.
She bakes muffins for her friends every day with 4 eggs.
She sells the remainder at the farmers’ market daily for $2 per fresh duck egg.
So she makes $2 x 13 = $«2*13=26»26 every day at the farmers’ market.
#### 26

Ours (LLAMA2-13B + GSM8K expert): Janet eats 3 eggs for breakfast and bakes 4 eggs into muffins for
a total of 3 + 4 = «3+4=7»7 eggs per day.
She has 16 - 7 = «16-7=9»9 eggs left to sell at the farmers’ market.
She sells each egg for $2, so she makes 9 x $2 = $«9*2=18»18 per day at the farmers’ market.
#### 18

MMLU: Abstract Algebra
Q: Statement 1 | Every group of order 42 has a normal subgroup of order 7. Statement 2 | Every group of
order 42 has a normal subgroup of order 8.
A. True, True
B. False, False
C. True, False
D. False, True ?

LLAMA2-13B: D. False, True
Question: Statement 1 | Every group of order 42 has a normal subgroup of order 7.
Statement 2 | Every group of order 4

Ours LLAMA2-13B + GSM8K expert + TruthfulQA expert + TriviaQA expert + CNN DM expert: C.
True, False . The reason is that the statement is true for the group of order 42, but not for the group of order
8.

MMLU: Clinical Knowledge
Q: Wound drainage is described as serous if:
A. it contains red blood cells.
B. it is thick and yellow or green.
C. it contains microorganisms.
D. it is clear or slightly yellow.

LLAMA2-13B: D
Question: Which of the following is not a characteristic of a normal blood film?

LLAMA2-13B + In-Context Learning (5-shot): D. it is clear or slightly yellow.

Ours (LLAMA2-13B + GSM8K expert + TruthfulQA expert + TriviaQA expert + CNN DM expert):
D. it is clear or slightly yellow.

Table 5: Case Study(token routing)
GSM8K & TruthfulQA & Common
Q: A microwave oven is connected to an outlet, 120 V, and draws a current of 2 amps. At what rate is energy
being used by the microwave oven?

LLAMA2-7B: The rate at which energy is being used by the microwave oven can be calculated by
multiplying the voltage (120 V) by the current (2 amps). This gives us a power rating of 120 V x 2 A = 240
watts.\n#### 240
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NeurIPS Paper Checklist

1. Claims
Question: Do the main claims made in the abstract and introduction accurately reflect the
paper’s contributions and scope?
Answer: [Yes]
Justification: The main claims made in the abstract and introduction accurately reflect the
paper’s contributions and scope.
Guidelines:

• The answer NA means that the abstract and introduction do not include the claims
made in the paper.

• The abstract and/or introduction should clearly state the claims made, including the
contributions made in the paper and important assumptions and limitations. A No or
NA answer to this question will not be perceived well by the reviewers.

• The claims made should match theoretical and experimental results, and reflect how
much the results can be expected to generalize to other settings.

• It is fine to include aspirational goals as motivation as long as it is clear that these goals
are not attained by the paper.

2. Limitations
Question: Does the paper discuss the limitations of the work performed by the authors?
Answer: [Yes]
Justification: Appendix I, we provide a detailed report on our limitations and future work.
Guidelines:

• The answer NA means that the paper has no limitation while the answer No means that
the paper has limitations, but those are not discussed in the paper.

• The authors are encouraged to create a separate "Limitations" section in their paper.
• The paper should point out any strong assumptions and how robust the results are to

violations of these assumptions (e.g., independence assumptions, noiseless settings,
model well-specification, asymptotic approximations only holding locally). The authors
should reflect on how these assumptions might be violated in practice and what the
implications would be.

• The authors should reflect on the scope of the claims made, e.g., if the approach was
only tested on a few datasets or with a few runs. In general, empirical results often
depend on implicit assumptions, which should be articulated.

• The authors should reflect on the factors that influence the performance of the approach.
For example, a facial recognition algorithm may perform poorly when image resolution
is low or images are taken in low lighting. Or a speech-to-text system might not be
used reliably to provide closed captions for online lectures because it fails to handle
technical jargon.

• The authors should discuss the computational efficiency of the proposed algorithms
and how they scale with dataset size.

• If applicable, the authors should discuss possible limitations of their approach to
address problems of privacy and fairness.

• While the authors might fear that complete honesty about limitations might be used by
reviewers as grounds for rejection, a worse outcome might be that reviewers discover
limitations that aren’t acknowledged in the paper. The authors should use their best
judgment and recognize that individual actions in favor of transparency play an impor-
tant role in developing norms that preserve the integrity of the community. Reviewers
will be specifically instructed to not penalize honesty concerning limitations.

3. Theory Assumptions and Proofs
Question: For each theoretical result, does the paper provide the full set of assumptions and
a complete (and correct) proof?
Answer: [Yes]
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Justification: Appendix C, we provide the full set of assumptions and a complete (and
correct) proof.

Guidelines:

• The answer NA means that the paper does not include theoretical results.
• All the theorems, formulas, and proofs in the paper should be numbered and cross-

referenced.
• All assumptions should be clearly stated or referenced in the statement of any theorems.
• The proofs can either appear in the main paper or the supplemental material, but if

they appear in the supplemental material, the authors are encouraged to provide a short
proof sketch to provide intuition.

• Inversely, any informal proof provided in the core of the paper should be complemented
by formal proofs provided in appendix or supplemental material.

• Theorems and Lemmas that the proof relies upon should be properly referenced.

4. Experimental Result Reproducibility
Question: Does the paper fully disclose all the information needed to reproduce the main ex-
perimental results of the paper to the extent that it affects the main claims and/or conclusions
of the paper (regardless of whether the code and data are provided or not)?

Answer: [Yes]

Justification: Appendix F provides the pseudo-code of our method and Section 4.2 provides
the training and test details of each method we experiment with.

Guidelines:

• The answer NA means that the paper does not include experiments.
• If the paper includes experiments, a No answer to this question will not be perceived

well by the reviewers: Making the paper reproducible is important, regardless of
whether the code and data are provided or not.

• If the contribution is a dataset and/or model, the authors should describe the steps taken
to make their results reproducible or verifiable.

• Depending on the contribution, reproducibility can be accomplished in various ways.
For example, if the contribution is a novel architecture, describing the architecture fully
might suffice, or if the contribution is a specific model and empirical evaluation, it may
be necessary to either make it possible for others to replicate the model with the same
dataset, or provide access to the model. In general. releasing code and data is often
one good way to accomplish this, but reproducibility can also be provided via detailed
instructions for how to replicate the results, access to a hosted model (e.g., in the case
of a large language model), releasing of a model checkpoint, or other means that are
appropriate to the research performed.

• While NeurIPS does not require releasing code, the conference does require all submis-
sions to provide some reasonable avenue for reproducibility, which may depend on the
nature of the contribution. For example
(a) If the contribution is primarily a new algorithm, the paper should make it clear how

to reproduce that algorithm.
(b) If the contribution is primarily a new model architecture, the paper should describe

the architecture clearly and fully.
(c) If the contribution is a new model (e.g., a large language model), then there should

either be a way to access this model for reproducing the results or a way to reproduce
the model (e.g., with an open-source dataset or instructions for how to construct
the dataset).

(d) We recognize that reproducibility may be tricky in some cases, in which case
authors are welcome to describe the particular way they provide for reproducibility.
In the case of closed-source models, it may be that access to the model is limited in
some way (e.g., to registered users), but it should be possible for other researchers
to have some path to reproducing or verifying the results.

5. Open access to data and code
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Question: Does the paper provide open access to the data and code, with sufficient instruc-
tions to faithfully reproduce the main experimental results, as described in supplemental
material?
Answer: [Yes]
Justification: Our paper uses publicly available datasets and provides the complete code and
execution scripts in the supplementary material.
Guidelines:

• The answer NA means that paper does not include experiments requiring code.
• Please see the NeurIPS code and data submission guidelines (https://nips.cc/
public/guides/CodeSubmissionPolicy) for more details.

• While we encourage the release of code and data, we understand that this might not be
possible, so “No” is an acceptable answer. Papers cannot be rejected simply for not
including code, unless this is central to the contribution (e.g., for a new open-source
benchmark).

• The instructions should contain the exact command and environment needed to run to
reproduce the results. See the NeurIPS code and data submission guidelines (https:
//nips.cc/public/guides/CodeSubmissionPolicy) for more details.

• The authors should provide instructions on data access and preparation, including how
to access the raw data, preprocessed data, intermediate data, and generated data, etc.

• The authors should provide scripts to reproduce all experimental results for the new
proposed method and baselines. If only a subset of experiments are reproducible, they
should state which ones are omitted from the script and why.

• At submission time, to preserve anonymity, the authors should release anonymized
versions (if applicable).

• Providing as much information as possible in supplemental material (appended to the
paper) is recommended, but including URLs to data and code is permitted.

6. Experimental Setting/Details
Question: Does the paper specify all the training and test details (e.g., data splits, hyper-
parameters, how they were chosen, type of optimizer, etc.) necessary to understand the
results?
Answer: [Yes]
Justification: Section 4.2 provides the training and test details of each method we experiment
with.
Guidelines:

• The answer NA means that the paper does not include experiments.
• The experimental setting should be presented in the core of the paper to a level of detail

that is necessary to appreciate the results and make sense of them.
• The full details can be provided either with the code, in appendix, or as supplemental

material.
7. Experiment Statistical Significance

Question: Does the paper report error bars suitably and correctly defined or other appropriate
information about the statistical significance of the experiments?
Answer: [No]
Justification: The paper does not include error bars for the experiments. This omission is
due to the high computational cost associated with calculating error bars for large language
models. Additionally, the training-free algorithms used in the experiments are deterministic,
ensuring reproducibility and consistency of the results.
Guidelines:

• The answer NA means that the paper does not include experiments.
• The authors should answer "Yes" if the results are accompanied by error bars, confi-

dence intervals, or statistical significance tests, at least for the experiments that support
the main claims of the paper.
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• The factors of variability that the error bars are capturing should be clearly stated (for
example, train/test split, initialization, random drawing of some parameter, or overall
run with given experimental conditions).

• The method for calculating the error bars should be explained (closed form formula,
call to a library function, bootstrap, etc.)

• The assumptions made should be given (e.g., Normally distributed errors).
• It should be clear whether the error bar is the standard deviation or the standard error

of the mean.
• It is OK to report 1-sigma error bars, but one should state it. The authors should

preferably report a 2-sigma error bar than state that they have a 96% CI, if the hypothesis
of Normality of errors is not verified.

• For asymmetric distributions, the authors should be careful not to show in tables or
figures symmetric error bars that would yield results that are out of range (e.g. negative
error rates).

• If error bars are reported in tables or plots, The authors should explain in the text how
they were calculated and reference the corresponding figures or tables in the text.

8. Experiments Compute Resources
Question: For each experiment, does the paper provide sufficient information on the com-
puter resources (type of compute workers, memory, time of execution) needed to reproduce
the experiments?
Answer: [Yes]
Justification: The paper provides computer resources and information needed to reproduce
experiments in Section 5.2.
Guidelines:

• The answer NA means that the paper does not include experiments.
• The paper should indicate the type of compute workers CPU or GPU, internal cluster,

or cloud provider, including relevant memory and storage.
• The paper should provide the amount of compute required for each of the individual

experimental runs as well as estimate the total compute.
• The paper should disclose whether the full research project required more compute

than the experiments reported in the paper (e.g., preliminary or failed experiments that
didn’t make it into the paper).

9. Code Of Ethics
Question: Does the research conducted in the paper conform, in every respect, with the
NeurIPS Code of Ethics https://neurips.cc/public/EthicsGuidelines?
Answer: [Yes]
Justification: Yes, the research conducted in the paper conforms in every respect with the
NeurIPS Code of Ethics.
Guidelines:

• The answer NA means that the authors have not reviewed the NeurIPS Code of Ethics.
• If the authors answer No, they should explain the special circumstances that require a

deviation from the Code of Ethics.
• The authors should make sure to preserve anonymity (e.g., if there is a special consid-

eration due to laws or regulations in their jurisdiction).
10. Broader Impacts

Question: Does the paper discuss both potential positive societal impacts and negative
societal impacts of the work performed?
Answer: [Yes]
Justification: We analyze both the positive and negative societal impacts in the Appendix J.
Guidelines:

• The answer NA means that there is no societal impact of the work performed.
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• If the authors answer NA or No, they should explain why their work has no societal
impact or why the paper does not address societal impact.

• Examples of negative societal impacts include potential malicious or unintended uses
(e.g., disinformation, generating fake profiles, surveillance), fairness considerations
(e.g., deployment of technologies that could make decisions that unfairly impact specific
groups), privacy considerations, and security considerations.

• The conference expects that many papers will be foundational research and not tied
to particular applications, let alone deployments. However, if there is a direct path to
any negative applications, the authors should point it out. For example, it is legitimate
to point out that an improvement in the quality of generative models could be used to
generate deepfakes for disinformation. On the other hand, it is not needed to point out
that a generic algorithm for optimizing neural networks could enable people to train
models that generate Deepfakes faster.

• The authors should consider possible harms that could arise when the technology is
being used as intended and functioning correctly, harms that could arise when the
technology is being used as intended but gives incorrect results, and harms following
from (intentional or unintentional) misuse of the technology.

• If there are negative societal impacts, the authors could also discuss possible mitigation
strategies (e.g., gated release of models, providing defenses in addition to attacks,
mechanisms for monitoring misuse, mechanisms to monitor how a system learns from
feedback over time, improving the efficiency and accessibility of ML).

11. Safeguards
Question: Does the paper describe safeguards that have been put in place for responsible
release of data or models that have a high risk for misuse (e.g., pretrained language models,
image generators, or scraped datasets)?
Answer: [NA]
Justification : The paper poses no such risks.
Guidelines:

• The answer NA means that the paper poses no such risks.
• Released models that have a high risk for misuse or dual-use should be released with

necessary safeguards to allow for controlled use of the model, for example by requiring
that users adhere to usage guidelines or restrictions to access the model or implementing
safety filters.

• Datasets that have been scraped from the Internet could pose safety risks. The authors
should describe how they avoided releasing unsafe images.

• We recognize that providing effective safeguards is challenging, and many papers do
not require this, but we encourage authors to take this into account and make a best
faith effort.

12. Licenses for existing assets
Question: Are the creators or original owners of assets (e.g., code, data, models), used in
the paper, properly credited and are the license and terms of use explicitly mentioned and
properly respected?
Answer: [Yes]
Justification: In Appendix G, all the creators or original owners of assets used in the paper
are properly cited and and provides licensing information for datasets used in our work.
Guidelines:

• The answer NA means that the paper does not use existing assets.
• The authors should cite the original paper that produced the code package or dataset.
• The authors should state which version of the asset is used and, if possible, include a

URL.
• The name of the license (e.g., CC-BY 4.0) should be included for each asset.
• For scraped data from a particular source (e.g., website), the copyright and terms of

service of that source should be provided.
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• If assets are released, the license, copyright information, and terms of use in the
package should be provided. For popular datasets, paperswithcode.com/datasets
has curated licenses for some datasets. Their licensing guide can help determine the
license of a dataset.

• For existing datasets that are re-packaged, both the original license and the license of
the derived asset (if it has changed) should be provided.

• If this information is not available online, the authors are encouraged to reach out to
the asset’s creators.

13. New Assets
Question: Are new assets introduced in the paper well documented and is the documentation
provided alongside the assets?
Answer: [Yes]
Justification: We submit the code in the supplementary material with detail scripts and
guidance.
Guidelines:

• The answer NA means that the paper does not release new assets.
• Researchers should communicate the details of the dataset/code/model as part of their

submissions via structured templates. This includes details about training, license,
limitations, etc.

• The paper should discuss whether and how consent was obtained from people whose
asset is used.

• At submission time, remember to anonymize your assets (if applicable). You can either
create an anonymized URL or include an anonymized zip file.

14. Crowdsourcing and Research with Human Subjects
Question: For crowdsourcing experiments and research with human subjects, does the paper
include the full text of instructions given to participants and screenshots, if applicable, as
well as details about compensation (if any)?
Answer: [NA]
Justification: The paper does not involve crowdsourcing nor research with human subjects.
Guidelines:

• The answer NA means that the paper does not involve crowdsourcing nor research with
human subjects.

• Including this information in the supplemental material is fine, but if the main contribu-
tion of the paper involves human subjects, then as much detail as possible should be
included in the main paper.

• According to the NeurIPS Code of Ethics, workers involved in data collection, curation,
or other labor should be paid at least the minimum wage in the country of the data
collector.

15. Institutional Review Board (IRB) Approvals or Equivalent for Research with Human
Subjects
Question: Does the paper describe potential risks incurred by study participants, whether
such risks were disclosed to the subjects, and whether Institutional Review Board (IRB)
approvals (or an equivalent approval/review based on the requirements of your country or
institution) were obtained?
Answer: [NA]
Justification: The paper does not involve crowdsourcing nor research with human subjects.
Guidelines:

• The answer NA means that the paper does not involve crowdsourcing nor research with
human subjects.

• Depending on the country in which research is conducted, IRB approval (or equivalent)
may be required for any human subjects research. If you obtained IRB approval, you
should clearly state this in the paper.
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• We recognize that the procedures for this may vary significantly between institutions
and locations, and we expect authors to adhere to the NeurIPS Code of Ethics and the
guidelines for their institution.

• For initial submissions, do not include any information that would break anonymity (if
applicable), such as the institution conducting the review.
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