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ABSTRACT

The increasing prevalence of Large Language Models (LMs) in critical applications
highlights the need for controlled language generation strategies that are not only
computationally efficient but that also enjoy performance guarantees. To achieve
this, we use a common model of concept semantics as linearly represented in an
LM’s latent space. In particular, we take the view that natural language generation
traces a trajectory in this continuous semantic space, realized by the language
model’s hidden activations. This view permits a control-theoretic treatment of
text generation in latent space, in which we propose a lightweight, gradient-free
intervention that dynamically steers trajectories away from regions correspond-
ing to undesired meanings. Crucially, we show that this intervention, which we
compute in closed form, is guaranteed (in probability) to steer the output into the
allowed region. Finally, we demonstrate on a toxicity avoidance objective that the
intervention steers language away from undesired content while maintaining text
quality.

WARNING: This paper contains model outputs which are offensive in nature.

1 INTRODUCTION

Language Models (LMs) have become widespread in critical applications such as content moderation
and real-time information dissemination (Zeng et al., 2024). Despite their transformative impact, these
models require updates to remain accurate post-deployment. Moreover, as demand for more nuanced
text generation rises, strategies that enforce constraints during text generation are increasingly needed.
To address these challenges, controllable text generation has emerged as a pivotal research area.

Several approaches have been proposed towards controllable text generation (Kumar et al., 2021; Lu
et al., 2021; Li et al., 2022; Qin et al., 2022). Of them, a popular approach is prompt engineering (Luo
et al., 2023; Bhargava et al., 2023; Cai et al., 2023), where natural language prompts are carefully
chosen at input-time to steer generation. Other approaches modify LM parameters to achieve the
desired outputs (Yao et al., 2023; Li et al., 2023b). Lastly, some approaches engineer LM activations,
or input representations, to steer them into the representations of desired outputs (Dathathri et al.,
2019; Hernandez et al., 2023; Konen et al., 2024; Li et al., 2024a).

Despite current efforts, ensuring the controllability of these models remains a challenge due to their
limited interpretability. For instance, while knowledge editing provides an efficient alternative to
exhaustive retraining, it poses risks akin to the butterfly effect: minor adjustments could lead to
unintended consequences. Moreover, it is paramount for these approaches to be robust and ensure
controllability guarantees to mitigate risks and harness their full potential safely.

To address this gap, we propose to use control theory to tackle controlled language generation.
Specifically, optimal control theory (Kirk, 2004) offers principled methods to steer trajectories in
latent space that enjoy theoretical guarantees on the performance of the intervention. In the framework
of optimal control theory, our intervention method, which we call Linear Semantic Control (LiSeCo),
derives from a theoretical formulation of controlled text generation. Our contributions are both
theoretical and empirical: (1) we formally pose LM control as a constrained optimization problem
and provide its closed-form solution with guarantees; (2) we empirically demonstrate our method on
the use cases of toxicity and negativity avoidance. We confirm, with experiment corroborating theory,
that LiSeCo indeed steers LM generation from disallowed concepts while maintaining text quality.
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2 RELATED WORK

Contemporary language models are deep neural networks pre-trained on trillions of tokens of Internet-
scale text. In part due to their vast scale and lack of interpretability, methods to control them in a
fine-grained way remain elusive. A number of approaches have already been proposed towards this
end, spanning the whole spectrum of permanent (Meng et al., 2022b; Belrose et al., 2023) to online
control strategies (Liu et al., 2021; Dathathri et al., 2019). Here, we review post-hoc intervention
methods and situate LiSeCo with respect to the current landscape.

Post-hoc intervention methods can intervene on various components of the LM: for instance, decoding,
like FUDGE and GeDI (Yang & Klein, 2021; Krause et al., 2021), activations, like LiSeCo, or weights
via finetuning. All such methods aim to modify some attribute, such as toxicity, while maintaining
text fluency. Ultimately, all methods work towards this goal by modifying the LM’s final probability
distribution, either directly or indirectly. We can situate where different method classes intervene,
viewing an LM as a series of T function compositions corresponding to the T layers, where s is a
sequence of tokens:

PLM (si|s<i) = fT ◦ fT−1 · · · ◦ f1(s<i) := LM(s<i).

Decoding-based methods fix the function LM := fT ◦ fT−1 ◦ · · · f1 and directly edit its output
probability distribution PLM (si|s<i) (Yang & Klein, 2021; Liu et al., 2021; Krause et al., 2021).
These methods require access to an external evaluator whose feedback is used to calibrate token
probabilities, which can result in high inference latency.

Prompt engineering is a technique that controls the LM’s output by varying the input context s<i,
keeping the function LM := fT ◦ fT−1 ◦ · · · f1 fixed (Luo et al., 2023; Bhargava et al., 2023; Cai
et al., 2023; Wei et al., 2022; Li & Liang, 2021). Prompts are often highly task-specific, requiring
either manually crafting or ad-hoc computationally-taxing techniques, and success can be brittle
to prompt choice (Weber et al., 2023). While the space of natural language prompts is discrete,
LM weights and activations live in continuous high-dimensional space, which is more expressive;
then, rather than search over discrete prompts, other approaches that exploit this expressivity directly
intervene in the internals of the model.

Of them, weight-based methods modify the functions fi themselves, which permanently constrains
the space of final probability distributions PLM . These methods comprise, e.g., reinforcement learning
from human feedback (Ouyang et al., 2022), instruction-tuning, parameter-efficient adaptation (Hu
et al., 2022), or targeted weight-editing (Meng et al., 2022b; Belrose et al., 2023). In such approaches,
weights are modified according to the goal of the controlled generation by, for instance, learning
the necessary update (De Cao et al., 2021; Mitchell et al., 2021), or localizing and editing target
parameters encoding specific knowledge (Dai et al., 2022; Meng et al., 2022a;c; Li et al., 2024b).
Pitfalls range from potential inconsistencies and distortions, to the fact that weight-based methods
can only correct errors in the LM’s parametric knowledge, but not in-context (Li et al., 2023b).

Activation-based methods, such as LiSeCo, fix LM := fT ◦ fT−1 ◦ · · · f1, but intervene at the
domain of each fi, where introducing a steering vector transforms the input to fi (Li et al., 2023a;
Turner et al., 2023). These interventions can be seen as restricting the domain of each fi, eventually
constraining the space of probability distributions PLM when composed up through the layers. A key
advantage of activation steering is rapid adaptation that is context-dependent. An initial work in this
domain was Plug and Play (Dathathri et al., 2019), where a linear intervention is computed at every
layer. The control goal is encoded as the objective function in an optimization that is then solved
via back-propagation, adding significant computational overhead at inference time. Subsequent
approaches also compute linear modifications to the latent state, but reduce computational overhead,
act on only a few layers (Subramani et al., 2022; Konen et al., 2024), or pre-compute steering vectors
to avoid back-propagation (Turner et al., 2023). The recent approach REMEDI (Hernandez et al.,
2023) also finds an optimal intervention to achieve different target outputs, but, requires specific
a-priori training data for the representations, and offers no guarantees that the intervention will attain
the target output. The approach presented in ITI (Li et al., 2024a) addresses the issue of computational
efficiency at the expense of optimality (the intervention is not formulated as an optimizer), and lacks
guarantees on the intervention’s performance.

The use of steering vectors for text generation proposed in the literature provides empirical grounding
for the promise of this approach. However, none of the approaches found in the literature provide
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guarantees on the controllability of their method. Here, we provide an intervention that is theoretically
guaranteed to steer the input into the allowed region, and introduces minimal computational overhead.
Our work differs from existing literature by the following novel contributions:

1. We formally derive the optimal steering vector and offer theoretical performance guarantees.
This is enabled by the use of an optimal control framework to cast the problem for the first
time in a domain that has been overwhelmingly empirical.

2. Deriving the closed-form solution for the intervention minimizes increased latency at
inference time. We provide empirical comparisons, where we show that other popular
methods, such as FUDGE, require much higher latency.

Though Soatto et al. (2023) apply theoretical tools from control to LM text generation, to the best of
our knowledge, our method is the first to propose a control-theoretic intervention whose theoretical
guarantees are validated in practice.

3 PROBLEM STATEMENT

In this section we present the problem studied in this paper, as well as the assumptions and approach.
In particular, we approach the problem of controlled language generation as a standard optimal
control problem in the field of control theory (Kirk, 2004).

3.1 PROBLEM FORMULATION

Given a language model ℓ : Σ∗ → Σ∗, controlled language generation aims to steer the model’s
output into a desired one. In this work, we study how to steer the output of an already trained model
away from a disallowed region, or so that the set of possible generated sequences is constrained to an
allowed subset S ⊂ Σ∗. The requirements for the generated output sequence are two fold: its latent
trajectory (1) is guaranteed to never lie in the disallowed region, and (2) stays as close as possible
to that of the original output sequence, so that text quality is not compromised. In doing this, two
questions need to be answered:

1. How can the disallowed region be defined for a given language model?
2. How can an intervention be designed to be guaranteed (in probability) to stay within the

allowed region while retaining maximal similarity with the original model?

In what follows, we provide an answer to these questions, and show that the proposed approach adds
minimal computational overhead to the language generation process.

3.2 APPROACH

We design an online method that guarantees, at each token generation, that the sequence remains
safe. Given the sequential, feedforward nature of LM layers, we consider each new token generation
to realize a trajectory through the layers’ activation spaces. Similar to Park et al. (2023), we take
the view that disallowed language occupies a region of each layer’s activation space Rd. Formally,
let Rt ⊂ Rd be the forbidden, or unsafe, region for layer t of the LM. Our goal, then, is to provide
a control mechanism by altering the output vector embedding at every layer that guarantees (in
probability) that latent trajectories remain out of Rt for all t, see Figure 1. For each token generation
pass, this control mechanism is to be applied at each layer. This control intervention is designed
online, and it depends on the prompt sequence.

Semantic Probe We first identify the disallowed region for the generated token, given context.
To do so, we feed a set of sequences to the model, and use a lightweight probe to map each latent
state xt ∈ Rd to a probability that the sequence is toxic. Specifically, we rely on a probing classifier
function ft that maps the latent space Rd to the decision space [0, 1]. For simplicity, we take ft to
be a logistic regression classifier realized by a linear probe (Hewitt & Manning, 2019). Formally,
ft : Rd → [0, 1]; xt 7→ σ(W⊤

t xt), where Wt ∈ Rd×2 and σ : R2 → R is the sigmoid. For each
layer, we define the disallowed region Rt to be the pre-image of an unsafe classification under ft,
using a predefined probability threshold p. That is, Rt := {x| σ(W⊤

t x) ≥ p}, where p ∈ [0, 1].
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<latexit sha1_base64="k7luvvUeQtWcs/MnJlxmnGxBtKw=">AAAB9XicbVDLSgNBEJyNrxhfUY9eBoPgKeyGgHoLevHgIYJ5QLKG2UlvMmT2wUyvGpb8hxcPinj1X7z5N06SPWhiQUNR1U13lxdLodG2v63cyura+kZ+s7C1vbO7V9w/aOooURwaPJKRantMgxQhNFCghHasgAWehJY3upr6rQdQWkThHY5jcAM2CIUvOEMj3XcRnjC9YWNQdFLpFUt22Z6BLhMnIyWSod4rfnX7EU8CCJFLpnXHsWN0U6ZQcAmTQjfREDM+YgPoGBqyALSbzq6e0BOj9KkfKVMh0pn6eyJlgdbjwDOdAcOhXvSm4n9eJ0H/3E1FGCcIIZ8v8hNJMaLTCGhfKOAox4YwroS5lfIhU4yjCapgQnAWX14mzUrZqZYvbqul2mUWR54ckWNyShxyRmrkmtRJg3CiyDN5JW/Wo/VivVsf89aclc0ckj+wPn8AbAySeg==</latexit>

+
+

y

<latexit sha1_base64="t5lWBlxnhPc8vatgOCKMO4kpbDU=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkoN6KXjy2YGuhDWWznbRrN5uwuxFK6C/w4kERr/4kb/4bt20O2vpg4PHeDDPzgkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjto5TxbDFYhGrTkA1Ci6xZbgR2EkU0igQ+BCMb2f+wxMqzWN5byYJ+hEdSh5yRo2VmpN+ueJW3TnIKvFyUoEcjX75qzeIWRqhNExQrbuemxg/o8pwJnBa6qUaE8rGdIhdSyWNUPvZ/NApObPKgISxsiUNmau/JzIaaT2JAtsZUTPSy95M/M/rpia88jMuk9SgZItFYSqIicnsazLgCpkRE0soU9zeStiIKsqMzaZkQ/CWX14l7YuqV6teN2uV+k0eRxFO4BTOwYNLqMMdNKAFDBCe4RXenEfnxXl3PhatBSefOYY/cD5/AOudjQk=</latexit>

Layer 2

<latexit sha1_base64="k7luvvUeQtWcs/MnJlxmnGxBtKw=">AAAB9XicbVDLSgNBEJyNrxhfUY9eBoPgKeyGgHoLevHgIYJ5QLKG2UlvMmT2wUyvGpb8hxcPinj1X7z5N06SPWhiQUNR1U13lxdLodG2v63cyura+kZ+s7C1vbO7V9w/aOooURwaPJKRantMgxQhNFCghHasgAWehJY3upr6rQdQWkThHY5jcAM2CIUvOEMj3XcRnjC9YWNQdFLpFUt22Z6BLhMnIyWSod4rfnX7EU8CCJFLpnXHsWN0U6ZQcAmTQjfREDM+YgPoGBqyALSbzq6e0BOj9KkfKVMh0pn6eyJlgdbjwDOdAcOhXvSm4n9eJ0H/3E1FGCcIIZ8v8hNJMaLTCGhfKOAox4YwroS5lfIhU4yjCapgQnAWX14mzUrZqZYvbqul2mUWR54ckWNyShxyRmrkmtRJg3CiyDN5JW/Wo/VivVsf89aclc0ckj+wPn8AbAySeg==</latexit>

x2

<latexit sha1_base64="O76kjDC2rk5pOTxbQq6SNK3hW1I=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgKeyGgHoLevEY0TwgWcLspDcZMju7zMyKIeQTvHhQxKtf5M2/cZLsQRMLGoqqbrq7gkRwbVz328mtrW9sbuW3Czu7e/sHxcOjpo5TxbDBYhGrdkA1Ci6xYbgR2E4U0igQ2ApGNzO/9YhK81g+mHGCfkQHkoecUWOl+6depVcsuWV3DrJKvIyUIEO9V/zq9mOWRigNE1Trjucmxp9QZTgTOC10U40JZSM6wI6lkkao/cn81Ck5s0qfhLGyJQ2Zq78nJjTSehwFtjOiZqiXvZn4n9dJTXjpT7hMUoOSLRaFqSAmJrO/SZ8rZEaMLaFMcXsrYUOqKDM2nYINwVt+eZU0K2WvWr66q5Zq11kceTiBUzgHDy6gBrdQhwYwGMAzvMKbI5wX5935WLTmnGzmGP7A+fwBERSNrQ==</latexit>

x̃2

<latexit sha1_base64="+AaD+pR5nr8WWVv+hA2I1F16OiM=">AAAB8XicbVDLSgNBEOyNrxhfUY9eBoPgKeyGgHoLevEYwTwwWcLsbCcZMju7zMyKIeQvvHhQxKt/482/cZLsQRMLGoqqbrq7gkRwbVz328mtrW9sbuW3Czu7e/sHxcOjpo5TxbDBYhGrdkA1Ci6xYbgR2E4U0igQ2ApGNzO/9YhK81jem3GCfkQHkvc5o8ZKD13DRYjkqVfpFUtu2Z2DrBIvIyXIUO8Vv7phzNIIpWGCat3x3MT4E6oMZwKnhW6qMaFsRAfYsVTSCLU/mV88JWdWCUk/VrakIXP198SERlqPo8B2RtQM9bI3E//zOqnpX/oTLpPUoGSLRf1UEBOT2fsk5AqZEWNLKFPc3krYkCrKjA2pYEPwll9eJc1K2auWr+6qpdp1FkceTuAUzsGDC6jBLdShAQwkPMMrvDnaeXHenY9Fa87JZo7hD5zPHwNEkIE=</latexit>

xT

<latexit sha1_base64="MwcCndDhnrkQU+VAdPTKlYHrrp4=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rNG2hDWWznbZLN5uwuxFL6G/w4kERr/4gb/4bt20O2vpg4PHeDDPzwkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjpo5TxdBnsYhVO6QaBZfoG24EthOFNAoFtsLx3cxvPaLSPJYNM0kwiOhQ8gFn1FjJf+pljWmvXHGr7hxklXg5qUCOeq/81e3HLI1QGiao1h3PTUyQUWU4EzgtdVONCWVjOsSOpZJGqINsfuyUnFmlTwaxsiUNmau/JzIaaT2JQtsZUTPSy95M/M/rpGZwHWRcJqlByRaLBqkgJiazz0mfK2RGTCyhTHF7K2EjqigzNp+SDcFbfnmVNC+q3mX15uGyUrvN4yjCCZzCOXhwBTW4hzr4wIDDM7zCmyOdF+fd+Vi0Fpx85hj+wPn8AQlkjts=</latexit>

Layer T

<latexit sha1_base64="ov6eeO/GFMMCLGfslqz+zrMiXNc=">AAAB+HicbVDLSgNBEJyNrxgfWfXoZTAInsKuBNRb0IsHDxHygmwIs5NOMmT2wUyvGJd8iRcPinj1U7z5N06SPWhiQUNR1U13lx9LodFxvq3c2vrG5lZ+u7Czu7dftA8OmzpKFIcGj2Sk2j7TIEUIDRQooR0rYIEvoeWPb2Z+6wGUFlFYx0kM3YANQzEQnKGRenbRQ3jE9I5NQE09Wu/ZJafszEFXiZuREslQ69lfXj/iSQAhcsm07rhOjN2UKRRcwrTgJRpixsdsCB1DQxaA7qbzw6f01Ch9OoiUqRDpXP09kbJA60ngm86A4UgvezPxP6+T4OCym4owThBCvlg0SCTFiM5SoH2hgKOcGMK4EuZWykdMMY4mq4IJwV1+eZU0z8tupXx1XylVr7M48uSYnJAz4pILUiW3pEYahJOEPJNX8mY9WS/Wu/WxaM1Z2cwR+QPr8wfN8ZMz</latexit>

✓1

<latexit sha1_base64="8AEcWvc2wZpLLpRVf4LMxXl+pZw=">AAAB73icdVDLSgNBEJyNrxhfUY9eBoPgadnRLCa3oBePEcwDkiXMTmaTIbOz60yvEEJ+wosHRbz6O978GycPQUULGoqqbrq7wlQKA5734eRWVtfWN/Kbha3tnd294v5B0ySZZrzBEpnodkgNl0LxBgiQvJ1qTuNQ8lY4upr5rXuujUjULYxTHsR0oEQkGAUrtbsw5EB7pFcseS4hFULOsSXnfrVCLPE93/c9TFxvjhJaot4rvnf7CctiroBJakyHeCkEE6pBMMmnhW5meErZiA54x1JFY26CyfzeKT6xSh9HibalAM/V7xMTGhszjkPbGVMYmt/eTPzL62QQVYKJUGkGXLHFoiiTGBI8ex73heYM5NgSyrSwt2I2pJoysBEVbAhfn+L/SfPMJWW3elMu1S6XceTRETpGp4igC1RD16iOGoghiR7QE3p27pxH58V5XbTmnOXMIfoB5+0TKt6QFg==</latexit>

✓2

<latexit sha1_base64="TWhxxWwOwNH+PwU0K9GcZVDDkHc=">AAAB73icdVDJSgNBEO2JW4xb1KOXxiB4GqaTDCa3oBePEcwCyRB6Oj1Jk57F7hohDPkJLx4U8ervePNv7CyCij4oeLxXRVU9P5FCg+N8WLm19Y3Nrfx2YWd3b/+geHjU1nGqGG+xWMaq61PNpYh4CwRI3k0Up6EvecefXM39zj1XWsTRLUwT7oV0FIlAMApG6vZhzIEOyoNiybEJqRFSwYZU3HqNGOI6rus6mNjOAiW0QnNQfO8PY5aGPAImqdY94iTgZVSBYJLPCv1U84SyCR3xnqERDbn2ssW9M3xmlCEOYmUqArxQv09kNNR6GvqmM6Qw1r+9ufiX10shqHmZiJIUeMSWi4JUYojx/Hk8FIozkFNDKFPC3IrZmCrKwERUMCF8fYr/J+2yTap2/aZaalyu4sijE3SKzhFBF6iBrlETtRBDEj2gJ/Rs3VmP1ov1umzNWauZY/QD1tsnLGKQFw==</latexit>

✓T

<latexit sha1_base64="ZF/PGSYwR0S80AWFivdaM1WpNH4=">AAAB73icdVDJSgNBEO2JW4xb1KOXxiB4GqZNBpNb0IvHCNkgGUJPpydp0rPYXSOEIT/hxYMiXv0db/6NnUVQ0QcFj/eqqKrnJ1JocJwPK7e2vrG5ld8u7Ozu7R8UD4/aOk4V4y0Wy1h1faq5FBFvgQDJu4niNPQl7/iT67nfuedKizhqwjThXkhHkQgEo2Ckbh/GHOigOSiWHJuQKiFlbEjZrVWJIa7juq6Die0sUEIrNAbF9/4wZmnII2CSat0jTgJeRhUIJvms0E81Tyib0BHvGRrRkGsvW9w7w2dGGeIgVqYiwAv1+0RGQ62noW86Qwpj/dubi395vRSCqpeJKEmBR2y5KEglhhjPn8dDoTgDOTWEMiXMrZiNqaIMTEQFE8LXp/h/0r6wScWu3VZK9atVHHl0gk7ROSLoEtXRDWqgFmJIogf0hJ6tO+vRerFel605azVzjH7AevsEX+qQOQ==</latexit>

f

<latexit sha1_base64="bQ2xxwIBNSDKgn4cTQRi0mYf7FY=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkoN6KXjy2YGuhDWWznbRrN5uwuxFK6C/w4kERr/4kb/4bt20O2vpg4PHeDDPzgkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjto5TxbDFYhGrTkA1Ci6xZbgR2EkU0igQ+BCMb2f+wxMqzWN5byYJ+hEdSh5yRo2VmmG/XHGr7hxklXg5qUCORr/81RvELI1QGiao1l3PTYyfUWU4Ezgt9VKNCWVjOsSupZJGqP1sfuiUnFllQMJY2ZKGzNXfExmNtJ5Ege2MqBnpZW8m/ud1UxNe+RmXSWpQssWiMBXExGT2NRlwhcyIiSWUKW5vJWxEFWXGZlOyIXjLL6+S9kXVq1Wvm7VK/SaPowgncArn4MEl1OEOGtACBgjP8ApvzqPz4rw7H4vWgpPPHMMfOJ8/ztGM9g==</latexit>

A B

C

Rd

<latexit sha1_base64="ALk3GzaUzqwZgJPOPw4Myyyzsy4=">AAAB8nicbVDLSgMxFL1TX7W+qi7dBIvgqsyIoO6KblxWsQ+YjiWTybShmWRIMkIp/Qw3LhRx69e482/MtLPQ1gOBwzn3knNPmHKmjet+O6WV1bX1jfJmZWt7Z3evun/Q1jJThLaI5FJ1Q6wpZ4K2DDOcdlNFcRJy2glHN7nfeaJKMykezDilQYIHgsWMYGMlv5dgMwxDdP8Y9as1t+7OgJaJV5AaFGj2q1+9SJIsocIQjrX2PTc1wQQrwwin00ov0zTFZIQH1LdU4ITqYDKLPEUnVolQLJV9wqCZ+ntjghOtx0loJ/OIetHLxf88PzPxZTBhIs0MFWT+UZxxZCTK70cRU5QYPrYEE8VsVkSGWGFibEsVW4K3ePIyaZ/VvfP61d15rXFd1FGGIziGU/DgAhpwC01oAQEJz/AKb45xXpx352M+WnKKnUP4A+fzB8fBkPI=</latexit>

R2

<latexit sha1_base64="Ba3jnDDj0w6LN1qZ3prcqj1/0hc=">AAAB8nicbVDLSgMxFM3UV62vqks3wSK4KjOloO6KblxWsQ9ox5JJM21oJhmSO0IZ+hluXCji1q9x59+YaWehrQcCh3PuJeeeIBbcgOt+O4W19Y3NreJ2aWd3b/+gfHjUNirRlLWoEkp3A2KY4JK1gINg3VgzEgWCdYLJTeZ3npg2XMkHmMbMj8hI8pBTAlbq9SMC4yDA94+1QbniVt058CrxclJBOZqD8ld/qGgSMQlUEGN6nhuDnxINnAo2K/UTw2JCJ2TEepZKEjHjp/PIM3xmlSEOlbZPAp6rvzdSEhkzjQI7mUU0y14m/uf1Eggv/ZTLOAEm6eKjMBEYFM7ux0OuGQUxtYRQzW1WTMdEEwq2pZItwVs+eZW0a1WvXr26q1ca13kdRXSCTtE58tAFaqBb1EQtRJFCz+gVvTngvDjvzsditODkO8foD5zPH3v5kMA=</latexit>

W>
t xt

<latexit sha1_base64="kZFGegsCkjXo3++kllSNaQrGpMc=">AAAB83icbVBNS8NAEN3Ur1q/qh69LBbBU0lEUG9FLx4r2A9oYthsN+3SzW7YnYgl9G948aCIV/+MN/+N2zYHbX0w8Hhvhpl5USq4Adf9dkorq2vrG+XNytb2zu5edf+gbVSmKWtRJZTuRsQwwSVrAQfBuqlmJIkE60Sjm6nfeWTacCXvYZyyICEDyWNOCVjJ74Tw4INK8VMIYbXm1t0Z8DLxClJDBZph9cvvK5olTAIVxJie56YQ5EQDp4JNKn5mWEroiAxYz1JJEmaCfHbzBJ9YpY9jpW1JwDP190ROEmPGSWQ7EwJDs+hNxf+8XgbxZZBzmWbAJJ0vijOBQeFpALjPNaMgxpYQqrm9FdMh0YSCjaliQ/AWX14m7bO6d16/ujuvNa6LOMroCB2jU+ShC9RAt6iJWoiiFD2jV/TmZM6L8+58zFtLTjFziP7A+fwB6cCRoA==</latexit>

W>
t x̃t

<latexit sha1_base64="v8oH9JFXyYw3PNMsXSkKZ7mXfq0=">AAAB/HicbVDLSsNAFJ3UV62vaJduBovgqiQiqLuiG5cV7AOaGCaTSTt08mDmRgyh/oobF4q49UPc+TdO2yy09cCFwzn3cu89fiq4Asv6Niorq2vrG9XN2tb2zu6euX/QVUkmKevQRCSy7xPFBI9ZBzgI1k8lI5EvWM8fX0/93gOTiifxHeQpcyMyjHnIKQEteWa958G9A0mKHeAiYPjRA89sWE1rBrxM7JI0UIm2Z345QUKziMVABVFqYFspuAWRwKlgk5qTKZYSOiZDNtA0JhFTbjE7foKPtRLgMJG6YsAz9fdEQSKl8sjXnRGBkVr0puJ/3iCD8MIteJxmwGI6XxRmAkOCp0nggEtGQeSaECq5vhXTEZGEgs6rpkOwF19eJt3Tpn3WvLw9a7Suyjiq6BAdoRNko3PUQjeojTqIohw9o1f0ZjwZL8a78TFvrRjlTB39gfH5A2wPlKU=</latexit>

W>
t ✓t

<latexit sha1_base64="we1BiN9BNlsZ9CcoX5/sGMB82G4=">AAAB+nicdVDJSgNBEO2JW4zbRI9eGoPgKUybDCa3oBePEcwCyTj0dDpJk56F7holxHyKFw+KePVLvPk3dhZBRR8UPN6roqpekEihwXE+rMzK6tr6RnYzt7W9s7tn5/ebOk4V4w0Wy1i1A6q5FBFvgADJ24niNAwkbwWji5nfuuVKizi6hnHCvZAOItEXjIKRfDvf8uGmC3GCuzDkQH3w7YJTJKRCSAkbUnKrFWKI67iu62BSdOYooCXqvv3e7cUsDXkETFKtO8RJwJtQBYJJPs11U80TykZ0wDuGRjTk2pvMT5/iY6P0cD9WpiLAc/X7xISGWo/DwHSGFIb6tzcT//I6KfQr3kRESQo8YotF/VRiiPEsB9wTijOQY0MoU8LcitmQKsrApJUzIXx9iv8nzdMiKRerV+VC7XwZRxYdoiN0ggg6QzV0ieqogRi6Qw/oCT1b99aj9WK9Lloz1nLmAP2A9fYJjh2UOw==</latexit>

�(W>
t xt) < p

<latexit sha1_base64="akIR2ykqvAyhzlMAVEfhs43yGaU=">AAAB/3icbVDLSsNAFJ34rPUVFdy4GSxC3ZRECiq4KLpxWcE+oIlhMp20QycPZm7EErvwV9y4UMStv+HOv3HaZqGtBy4czrmXe+/xE8EVWNa3sbC4tLyyWlgrrm9sbm2bO7tNFaeSsgaNRSzbPlFM8Ig1gINg7UQyEvqCtfzB1dhv3TOpeBzdwjBhbkh6EQ84JaAlz9x3FO+FpNzy4M6BOMEPHhxfJJ5ZsirWBHie2DkpoRx1z/xyujFNQxYBFUSpjm0l4GZEAqeCjYpOqlhC6ID0WEfTiIRMudnk/hE+0koXB7HUFQGeqL8nMhIqNQx93RkS6KtZbyz+53VSCM7cjEdJCiyi00VBKjDEeBwG7nLJKIihJoRKrm/FtE8koaAjK+oQ7NmX50nzpGJXK+c31VLtMo+jgA7QISojG52iGrpGddRAFD2iZ/SK3own48V4Nz6mrQtGPrOH/sD4/AE/NpWf</latexit>

�(W>
t xt) > p

<latexit sha1_base64="nEBJU34b0aPO1Da/6YBPl2F/qZg=">AAAB/3icbVDLSsNAFJ34rPUVFdy4GSxC3ZRECupGim5cVrAPaGKYTCft0MmDmRuxxC78FTcuFHHrb7jzb5y2WWjrgQuHc+7l3nv8RHAFlvVtLCwuLa+sFtaK6xubW9vmzm5TxamkrEFjEcu2TxQTPGIN4CBYO5GMhL5gLX9wNfZb90wqHke3MEyYG5JexANOCWjJM/cdxXshKbc8uHMgTvCDB8cXiWeWrIo1AZ4ndk5KKEfdM7+cbkzTkEVABVGqY1sJuBmRwKlgo6KTKpYQOiA91tE0IiFTbja5f4SPtNLFQSx1RYAn6u+JjIRKDUNfd4YE+mrWG4v/eZ0UgjM341GSAovodFGQCgwxHoeBu1wyCmKoCaGS61sx7RNJKOjIijoEe/bledI8qdjVyvlNtVS7zOMooAN0iMrIRqeohq5RHTUQRY/oGb2iN+PJeDHejY9p64KRz+yhPzA+fwBCQJWh</latexit>

A

B C

...+

x0

<latexit sha1_base64="5dzf7JJGeiGVd1GKsHP2eWPfC2o=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4r2g9oQ9lsN+3SzSbsTsQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4WV1bX1jeJmaWt7Z3evvH/QNHGqGW+wWMa6HVDDpVC8gQIlbyea0yiQvBWMbqZ+65FrI2L1gOOE+xEdKBEKRtFK9089t1euuFV3BrJMvJxUIEe9V/7q9mOWRlwhk9SYjucm6GdUo2CST0rd1PCEshEd8I6likbc+Nns1Ak5sUqfhLG2pZDM1N8TGY2MGUeB7YwoDs2iNxX/8zophpd+JlSSIldsvihMJcGYTP8mfaE5Qzm2hDIt7K2EDammDG06JRuCt/jyMmmeVb3z6tXdeaV2ncdRhCM4hlPw4AJqcAt1aACDATzDK7w50nlx3p2PeWvByWcO4Q+czx8ODI2r</latexit>

x1

<latexit sha1_base64="Zgso4r/5+qHuvA0cy8G5JHMuw8k=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4r2g9oQ9lsN+3SzSbsTsQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4WV1bX1jeJmaWt7Z3evvH/QNHGqGW+wWMa6HVDDpVC8gQIlbyea0yiQvBWMbqZ+65FrI2L1gOOE+xEdKBEKRtFK9089r1euuFV3BrJMvJxUIEe9V/7q9mOWRlwhk9SYjucm6GdUo2CST0rd1PCEshEd8I6likbc+Nns1Ak5sUqfhLG2pZDM1N8TGY2MGUeB7YwoDs2iNxX/8zophpd+JlSSIldsvihMJcGYTP8mfaE5Qzm2hDIt7K2EDammDG06JRuCt/jyMmmeVb3z6tXdeaV2ncdRhCM4hlPw4AJqcAt1aACDATzDK7w50nlx3p2PeWvByWcO4Q+czx8PkI2s</latexit>

L
ay

er
1

<latexit sha1_base64="UPJ+g+dywWQdgXOJSVquBQEnzZ0=">AAAB9XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoN6CXjx4iGAekKxhdtKbDJl9MNOrLkv+w4sHRbz6L978GyfJHjSxoKGo6qa7y4ul0Gjb31ZhaXllda24XtrY3NreKe/uNXWUKA4NHslItT2mQYoQGihQQjtWwAJPQssbXU381gMoLaLwDtMY3IANQuELztBI912EJ8xuWAqKjp1euWJX7SnoInFyUiE56r3yV7cf8SSAELlkWnccO0Y3YwoFlzAudRMNMeMjNoCOoSELQLvZ9OoxPTJKn/qRMhUinaq/JzIWaJ0GnukMGA71vDcR//M6CfrnbibCOEEI+WyRn0iKEZ1EQPtCAUeZGsK4EuZWyodMMY4mqJIJwZl/eZE0T6rOafXi9rRSu8zjKJIDckiOiUPOSI1ckzppEE4UeSav5M16tF6sd+tj1lqw8pl98gfW5w9qiJJ5</latexit>
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Figure 1: A. LiSeCo is based on linearly adding vector θt to the output of each layer (t = 1, . . . , T ).
Each vector θt is the solution of a constrained optimization problem. B. A probing classifier f
mapping the latent space Rd to the decision space [0, 1] is trained to characterize the allowable
region (in blue) to which each latent state x̃t is constrained. Keeping trajectories out of the toxic
region in latent space is equivalent to keeping their image out of the toxic region in decision space.
C. At inference time, the state in latent space (xt ∈ Rd) is mapped via learned weights Wt into
W⊤

t xt ∈ R2. If it falls within the forbidden region (pink), an intervention (θt ∈ Rd) is computed so
that the updated state x̃t = xt + θt ∈ Rd lies in the safe region (blue).

Optimal Control Once the forbidden region Rt is identified, we design a control strategy that, for
all layers t, guarantees the latent state xt remains in the allowed region and retains maximal similarity
with the original model. To do this, we design an optimal controller that generates an input θt ∈ Rd

at every layer t. Mathematically, we solve an optimization problem over θt where the pre-computed
classifier enters as a hard constraint in the formulation, i.e., σ(W⊤

t (θt + xt)) ≤ p. This ensures the
controlled latent trajectory x̃t = xt + θt ∈ Rd lies in the unsafe region with probability less than p.

4 OPTIMAL LANGUAGE GENERATION CONTROLLER IN LATENT SPACE

In this section, we describe the theoretical contribution of this work. Using the probing classifier, we
design a controller to restrict text generation to the safe region. The optimal intervention is derived in
closed form, thus computationally efficient at inference-time.

4.1 OPTIMAL CONTROLLER SETUP

The optimal controller aims to keep latent trajectories out of the unsafe region without compromising
text quality. That is, we perform constrained optimization where latent trajectories maximally
approximate the original ones (proxying text quality) while avoiding the unsafe region as defined by
the probe. This gives rise to the following optimization problem:

min
θ1,...,θT

T∑
t=1

∥θt∥22 (1a)

s.t. σ(W⊤
t (xt + θt))− p ≤ 0, ∀t = 1, . . . , T (1b)

xt+1 = layert(xt + θt), (1c)
x0 = E(prompt sequence), (1d)

where E is the embedding map. Optimization problem 1 aims to find the minimum l2-norm inter-
vention1 θ1, . . . , θT (Eq. 1a) that satisfies the following constraints: Eq. 1b requires the modified

1The choice of L2 norm is standard in classical optimal control problems. The L2 norm is usually interpreted
as energy, or effort, of the control input to steer the system. In this context, it can be seeing as trying to minimize
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latent state xt + θt be classified unsafe by the probe ft; Eq. 1c captures LM dynamics, i.e., layer t
maps the modified latent state xt + θt to the next latent state xt+1; Eq. 1d states that the LM’s input
embeds the input context, so that interventions are context-dependent. The intervention that solves
optimization problem 1 is guaranteed by construction to keep the latent trajectory x̃1, . . . , x̃T and
output y below the probability threshold from the classifier.

Whether concept avoidance, e.g., detoxification, is expressed as a cost or a constraint depends on
the use-case. Other approaches, in contrast to ours, encode concept avoidance in the optimization
objective, but not via hard constraints (Dathathri et al., 2019; Hernandez et al., 2023). Fortunately,
the constrained optimization framework of LiSeCo also permits this interpretation; though we leave
its testing to future work, we state its equivalent problem and prove its closed-form optimal solution,
which has only been empirically approximated by hyperparameter search in the literature (Li et al.,
2023a), in Appendix D.

4.2 OPTIMAL CONTROLLER DESIGN

Optimization problem 1 is a standard problem in the optimal control literature (Kirk, 2004). By
Bellman’s Optimality Principle, the standard approach to solving problem 1 is dynamic programming
(DP) (Kirk, 2004): the optimal solution is computed for the last layer T , then via backward induction
for T −1, . . . , 1. But, layer dynamics 1c are highly non-convex, and solutions incomputable in closed
form, hence their optimality is not guaranteed. Further, DP requires backpropagating gradients at
each text generation’s forward pass, adding significant inference latency.

To overcome these limitations, we relax problem 1. No longer searching for a globally optimal
solution across layers, we now search for locally optimal solutions at each layer. Now, Eqs. 1c and 1d
cease to play a role, as each layer is optimized for separately. Then, problem 1 is relaxed into

min
θt

∥θt∥22 (2a)

s.t. σ(W⊤
t (xt + θt))− p ≤ 0, (2b)

for each layer t = 1 · · ·T . The sequence of θt that solve problem 2 may not optimize the original
formulation 1. However, one is not anyway guaranteed to find global optima anyway due to the high
nonconvexity of layer computations. Furthermore, optimality is not essential as the cost aims only to
preserve similarity with the original model. Meanwhile, the guarantee to avoid unsafe region Rt is
still enforced via Eq. 2b.

A key advantage of relaxed formulation 2 is that it is solvable in closed-form, per-layer, with minimal
computational overhead. The following theorem states the analytical solution for optimal θt.

Theorem 1 (Optimal θ). The optimal solution θ∗t ∈ Rd to the optimization problem 2 is given by

θ∗t =


log

(
1
p − 1

)
− w⊤

t xt

∥wt∥22
wt if σ(W⊤

t xt) > p (3a)

0 otherwise, (3b)

where wt := W 1
t −W 2

t , the difference of the columns of Wt =:
[
W 1

t W 2
t

]
.

Proof. Proof relies on leveraging the KKT conditions. See Appendix C for details.

Geometrically, the optimal solution is the vector from xt to the closest point in RC
t , which is the

set-complement of Rt. When xt /∈ Rt, i.e., when P(unsafe) < p,2 no update is needed; hence
θ∗t = 0. Otherwise, the update is a factor of wt. Since θ∗t exists in closed-form, computing an
intervention incurs negligible computational overhead. Crucially, it is guaranteed with probability p
to keep the latent state outside the disallowed region.

the “effort” of the intervention. Moreover, the fact that L2 is also used to measure distances in an Euclidean
space, like the embedding space that we consider in this work, makes it an appropriate choice to measure the
“similarity” between the intervened representation and the original one.

2P denotes probability.
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Although control occurs locally at each layer, the local control steps result in a globally safe distri-
bution over the next token. To see this, consider a single token generation. Each sequential control
action at layer t guarantees that latent state x̃t ∈ RC

t is classified safe, or equivalently, eliminates the
set of unsafe trajectories falling in Rt. By the time we reach the last layer T , the latent trajectory is
guaranteed (in-probability) to have been rated safe at every preceding layer. Then, the last layer T ’s
activation is transformed via the unembedding matrix (linear map) and softmax (monotonic map) to
the distribution over the vocabulary. Linearity and monotonicity ensure that the set of safe last-layer
activations maps onto the set of safe vocabulary distributions.

5 METHODS

The LiSeCo pipeline is as follows. First, to find the unsafe regions and probes per layer, there is
an initial probe training phase. Then, probes are integrated into the model at inference-time, and
the optimal intervention dynamically applied. We tested LiSeCo on two separate tasks: toxicity
avoidance and negativity avoidance. For brevity, when appropriate, we will use toxicity to stand in
for both toxicity and negativity in this section.

Models We test on three state-of-the-art causal language models: Llama-3-8B (Meta, 2024), Pythia-
6.9B (Biderman et al., 2023), and Mistral-7B (Jiang et al., 2023). While the architectural details of a
layer (attention + MLP) differ slightly between models, our intervention treats layers as black boxes
and operates at the level of the residual stream (Elhage et al., 2021). This permits our intervention to
be applied as a lightweight layer wrapper and in an architecture-agnostic way.

Datasets We test our method on the toxicity and negativity use cases. Borrowing terminology from
Ashok & Poczos (2024), we first learn probing classifiers f using a labelled constraint dataset, then,
we evaluate text generation on a task dataset.

For toxicity, we use Kaggle’s Jigsaw dataset (Adams et al., 2017) as the constraint dataset. The dataset
contains 30k label-balanced natural language comments and their human-annotated binary toxicity
labels in {toxic, nontoxic}. For the task dataset, we use RealToxicityPrompts, a dataset derived from
OpenWebText, a large-scale corpus of the web (Gehman et al., 2020). RealToxicityPrompts is a
collection of prompts, their continuations, and toxicity scores in [0, 1] (Gokaslan & Cohen, 2019). To
form the task dataset, we sample 150 neutral prompts for which there is a toxic continuation and 150
for which there is a non-toxic continuation in the original dataset.

For sentiment, because sentiment datasets tend to be highly domain-specific (for instance, movie
reviews), we combine several datasets to form the constraint dataset (N =30k). This consists of +/-
label-balanced samples of 7500 datapoints each from IMDb film reviews (Maas et al., 2011), Tweets
(Barbieri et al., 2020), Yelp reviews (Zhang et al., 2015), and Amazon reviews (Hou et al., 2024). For
preprocessing details, see Appendix G. For the task dataset, we sample 300 neutral sentiment prompts
from Liu et al. (2021), created from OpenWebText as a sentiment counterpart to RealToxicityPrompts.
Of these prompts, 150 have negative and 150 neutral or positive continuations, respectively.

Probing classifiers Our theoretical guarantees rely on a key assumption: that at each layer t,
there indeed exists a Rt separable by linear ft which together capture a semantics of the text being
generated. We first verify, then, across the panel of LMs that it is possible to linearly decode whether
text is toxic from each layer of the LM. Towards this aim, we split each of the constraint datasets
into an 80% training set and 20% validation set. Then, for each model, dataset, and layer, we extract
the last token hidden representations xt ∈ Rd for each training sequence; we choose the last token
embedding to represent the entire sequence, as in causal LMs, it is the only to attend to the entire
input sequence. We proceed to train one binary classifier ft per-layer using the cross-entropy loss
between the probe prediction and ground-truth label. See Appendix H for implementation details.

5.1 TEXT GENERATION EXPERIMENTS

For each LM, we insert trained probes ft at each layer to evaluate the layer-wise toxicity likelihood
at each forward pass. If layer t’s representation xt is evaluated toxic, then the control input θt is
dynamically applied. For simplicity, we fix text generation to max 50 new tokens, greedily decoded.
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Baselines We compare our method against several baselines: no-control, instruction-tuning where
applicable (Llama and Mistral), Activation Addition (ActAdd) Turner et al. (2023), and Future
Discriminators for Generation (FUDGE) (Yang & Klein, 2021).

We consider instruction-tuning, which relies on extensive LM finetuning, to be a target, or “upper-
bound", baseline. For models with instruction-tuned variants (Llama and Mistral), we repeat the
experimental procedure, training probes on the constraint dataset. Then, during evaluation, we prompt
the instruction-tuned model using a template whose instructions are slightly modified from Mistral’s
system prompt provided in Jiang et al. (2023) (see Appendix I for details).

Like LiSeCo, ActAdd steers text generation in activation space (Turner et al., 2023). For each model,
the steering vector is computed as follows: (1) a source and target prompt, e.g., (“hate"→“love"),
are each fed through the model and activations collected; (2) for each layer, the steering variable is
computed as the difference from source to target activation; (3) at inference time, the steering variable
is added to the intermediate representations of the input data. Like LiSeCo, ActAdd is gradient-free
at inference-time. But, there are key differences: since steers derive from natural language prompts,
ActAdd does not require a supervised learning phase on annotated data as in LiSeCo. For the same
reason, the method lacks guarantees. For implementation details, see Appendix J.

Lastly, we test against Future Discriminators for Generation (FUDGE) (Yang & Klein, 2021) as a
representative for steering methods that intervene on the final vocabulary logits (Liu et al., 2021;
Schick et al., 2021; Cao et al., 2023). FUDGE requires access to an automatic toxicity scorer which
returns a probability that the context + generated token are toxic. Then, at each token generation, the
top k = 50 likely tokens, where k is a hyperparameter, are scored for toxicity, and their probabilities
reweighted using Bayes’ Rule, to minimize the probability of generating a toxic sequence. Because
k sequences are passed to the automatic scorer every time a new token is generated, FUDGE has
the potential to incur a high inference latency compared to other methods; however, this comes at
the benefit of directly optimizing for the evaluator. For this reason, we consider FUDGE to be an
upper-bound baseline, given that other steering methods do not have access to the ground-truth scorer.

Evaluation We evaluate on toxicity (negativity) avoidance and text quality. Toxicity is evaluated
automatically, while text quality is rated on a Likert scale by the authors in a blind setup (Appendix N).

Semantic control. We rate text generation toxicity using automatic scorers that produce what we call
external scores. The automatic scorers are a state-of-the-art RoBERTa-based classifier trained on
Twitter data (Camacho-collados et al., 2022; Barbieri et al., 2020) (see Appendix B for model details).
We take the scorer’s ratings as ground-truth labels, where sequences are labelled toxic if the classifier
returns a likelihood higher than 0.5, and non-toxic otherwise. Post-scoring, we restrict evaluation to a
randomly sampled, label-balanced set as follows: (1) we randomly choose N prompts for which the
no-control baseline has toxic continuations, and N for which there are nontoxic continuations; (2) we
evaluate all methods on these prompts.

The trained linear probes also provide toxicity likelihoods for the generated text, which we use to
post-hoc validate our method, but not to evaluate generation toxicity/negativity per-se. To do so, we
weight each layer’s linear probe ft by its validation accuracy 0 ≤ αt ≤ 1, and compute the probe
score S :=

∑T
t=1 ft(xt)σt(α) where ft(xt) is the toxicity probability assigned to representation xt

and σt(α) is the sigmoid-weighting of layer validation accuracies. The probe score may be thought
of as the probability that an input sequence is toxic as determined by the probes’ learned toxicity
semantics; if probes represent toxicity in a generalizable way, then the LiSeCo threshold probability
p should track the fraction of toxic labels by the external classifier.

Text naturalness. The applied intervention ideally should not compromise text quality. We therefore
computed the per-token perplexity (PPL) of generations and rated their naturalness on a Likert scale
from 1 to 5 in a blind setup. For precise instructions given to annotators, see Appendix N.

6 EXPERIMENTAL RESULTS

We observe that toxic and negative regions are linearly represented in latent space (Park et al., 2024).
We then demonstrate that LiSeCo predictably reduces toxicity (negativity) as a function of p while
maintaining text naturalness. Overall, LiSeCo performs on-par with instruction tuning for toxicity
(negativity) reduction and naturalness without extensive finetuning nor online inference latency.
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Probing classifiers Figure 2 shows, for all models, the linear probe validation accuracies per-layer,
averaged across 5 random seeds. Probes attain high accuracies of ∼90%, confirming the disallowed
toxic (negative) regions Rt are linearly decodable with high probability.
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Figure 2: Linear probe validation accuracy for toxicity (left) and sentiment (right) detection. All
curves are shown ± 1 SD across 5 random seeds. Tasks converge to reasonable accuracies of > 60%
for all models and layers, with mid-layers attaining ≈ 90%.

no-control LiSeCo (p = 0.1) Instruct ActAdd FUDGE
Pythia 0.095 (0.001) 0.109 (0.002) N/A 0.090 (0.001) 3.51 (0.65)
Llama 0.113 (0.003) 0.132 (0.005) 0.119 (0.002) 0.118 (0.002) 3.41 (0.54)
Mistral 0.157 (0.002) 0.169 (0.003) 0.162 (0.001) 0.159 (0.005) 3.56 (0.66)

Table 1: Average per-token inference latency (s) with 1 SD (batch size=1) for would-be toxic
continuations. FUDGE has the largest inference latency by roughly 2 orders of magnitude, taking
around 3s per token generation. All other baselines had negligible extra cost compared to no-control.

Inference latency Table 1 reports the average inference latency of each baseline for each forward
pass. Of the methods tested, FUDGE has the highest latency by several orders of magnitude, around
3 seconds compared to other baselines, which incurred negligible overhead compared to no-control.

Situating methods in the safety-naturalness plane A successful intervention satisfies both steering
and text-naturalness objectives. We visually summarize the performance of various baselines in
Figure 3 by plotting their evaluations, human for naturalness and external for toxicity (negativity),
with one SD error, on the toxicity (negativity) -naturalness plane, for would-be unsafe continuations,
those where no-control produced unsafe content. We first observe that, as expected, instruction-tuning
is a well-performing baseline, achieving both high naturalness and low toxicity (negativity). On the
other hand, ActAdd (the best hyperparameter setting is shown) either results in poor naturalness or
the least improvement to toxicity (negativity). As expected, FUDGE, which directly optimizes for
the automatic toxicity (negativity) evaluator, performs best at toxicity (negativity) reduction, however
at the cost of naturalness in several cases, and at an extreme latency cost of 3 seconds per token. The
best setting of LiSeCo maintains a high degree of naturalness,3 where naturalness correlates to p,
while detoxifying text generation. The relationship between naturalness and p, which is by theoretical
construction (Theorem 1), is especially visible in Mistral (Figure 3 center). See Appendix L for the
toxicity (negativity)-naturalness plane plotted for all prompts, and Appendix K for further discussion
of naturalness, including qualitative analysis of examples.

We note that, while we considered instruction-tuning an upper-bound baseline for performance,
LiSeCo is competitive with or outperforms instruction tuning with much less annotated data. To
further demonstrate this, we include a stress test of linear probing on the toxicity task in Appendix H,
showing that severe decimations of the training set minorly impact probing accuracy: linear probes still
achieve > 80% accuracy on the 6000-datapoint test set with only 250 training datapoints. Moreover,
LiSeCo is a pure steering method applicable to any frozen LM in a post-hoc adaptation step; in
contrast, state-of-the-art instruction tuning requires modifying LM weights and can be extremely
energy-intensive, needing > 4 orders of magnitude more data (AI@Meta, 2024). Consequently,
effective instruction-tuned LMs only exist for several well-resourced languages. LiSeCo is instead

3Human naturalness ratings did not correlate to perplexity due to low-perplexity, degenerate outputs (Ap-
pendix K), so we do not attempt to analyze the latter. We leave automated text evaluation to future work.
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Figure 3: The toxicity-naturalness plane (top) and sentiment-naturalness plane (bottom) for
Llama, Mistral, and Pythia (left to right). The top-right corner (low toxicity, high naturalness) is
best. Each method’s (toxicity/negativity, naturalness) distribution over would-be toxic continuations
is shown as an ellipse centered at the mean, whose axes reflect ±1 SD. The red region is that
labelled toxic/negative by the external classifier. LiSeCo (blue colors) shifts right, i.e., reduces
toxicity/negativity, from no-control (green) and maintains high naturalness, performing on-par with
instruction tuning (light orange). ActAdd (orange) least reduces toxicity/negativity. FUDGE (red),
which directly optimizes w.r.t. the external classifier, most reduces toxicity/negativity as expected.

suited to the low-medium resourced regime, and can be flexibly used for specific tasks for which,
unlike toxicity and negativity avoidance, instruction-tuning methods have not been fine-tuned for.

Semantic control Here, we analyze toxicity control results in more detail, specifically alignment
between trained probes and the external scores. Full results for negativity can be found in Appendix M.

Figure 4 (top) shows the probe score distribution of would-be toxic continuations, N = 25, 37, 37 for
Llama, Mistral, and Pythia, respectively (see Appendix M for the full distributions). Here, the toxicity
probe score reduction brought on by interventions is visible in the plots as a leftward shift. Notably,
LiSeCo with constraint p works as expected, restricting probe scores to < p. The best ActAdd setting
slightly decreased the toxicity likelihood, seen by a leftward expansion of the toxicity probe scores,
though the extent of reduction was highly sensitive to the hyperparameter setting and model. For both
Instruct models, which performed well at toxicity reduction, the toxicity probe score also decreases
from the no-control baseline, which evidences that linear probes are able to capture toxicity semantics.
Taken together, toxicity probe results show how theoretical guarantees aid interpretability: while
toxicity reduction in ActAdd and Instruct remains opaque, that of LiSeCo interpetably depends on p.

Figure 4 (bottom) shows the distribution of external toxicity scores for would-be toxic continuations.
All baselines decrease toxicity, though we have seen ActAdd to compromise naturalness. Of-note,
when LiSeCo is used with p = 0.01, it performs on-par with instruction-tuning for Llama.

Smaller LiSeCo p, fewer toxic generations We have shown that LiSeCo reduces the likelihood
of toxicity as defined by the linear probes. But, how well does this definition correspond to the
true labels? Figure 4 (bottom) shows LiSeCo to predictably decrease the externally scored toxicity
likelihood: as LiSeCo p decreases (row 5→3 of the plots), so does the percentage of toxic-labeled
generations (right-hand side). Note, however, that, besides Mistral, the value of p does not upper-
bound the percentage of toxic generations as it theoretically should: this indicates that in practice,
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Figure 4: Toxicity probe scores (top) and external scores (bottom) are shown for Llama, Mistral, and
Pythia (left to right), for all baselines (Pythia has no instruct-variant), and LiSeCo for different values
of p (0.01, 0.05, etc.). (Bottom) Probability for toxicity greater than 0.5 is shaded in red, with the
toxic-labeled % displayed on the right.

linear probes only approximately learn toxicity semantics and do not perfectly generalize outside of
training data. For Pythia specifically, probe scores least align with external toxic label percentages.

Better probes, better performance To test our hypothesis that probe-to-external classifier align-
ment determines success in practice, we computed the Spearman correlations between the probe
scores and the external scores for each model, across the no-control and LiSeCo runs. In line with
intuitions, we find that Mistral has the highest probe-external alignment at ρ = 0.38∗∗∗, followed by
Llama at ρ = 0.20∗∗∗, and finally Pythia at ρ = 0.06 (not significant).4

7 DISCUSSION

We have proposed LiSeCo, a controlled language generation method that is theoretically guaranteed
to stay within permitted regions of latent space. Empirically, the method produces non-toxic and
non-negative, but still natural, text. In line with theoretical guarantees, the parameter p was shown
to empirically control the probability of generating unwanted text. LiSeCo is compatible with all
current Transformer-based architectures, and involves a negligible inference-time latency. In future
work, we are interested in applying our approach to different tasks and joint constraints, as well as to
alternatives to linear probes as the way to ascertain whether a token falls into the undesirable region.

With the increasing ubiquity of LMs comes a growing need to understand their behavior. LiSeCo
helps address this need by providing practical and theoretical tools for LM interpretability and control.
That said, using LiSeCo has several caveats: (1) it requires supervised learning of the linear probes
on annotated data; (2) the intervention is only as good as the probes, which is only as good as their
training data. Thus, when training probes, it is crucial that the training data well-represent the use
domain. We emphasize that this bottleneck is inherent to any method that learns from data, and it
exists for all steering methods that rely on a discriminator, e.g., FUDGE, Plug and Play, ITI. Another
limitation of our method is that we assume disallowed semantics to be linearly encoded in latent
space, and that learned probe semantics highly align to true semantics; this should always be verified
in practice.

4(∗∗∗) means significant at α = 1e− 3
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Ethics statement Controlling text generation can be used for benefit or harm. While we have
demonstrated our method on toxicity and negativity avoidance, it can equivalently be applied to
increase harmful traits. However, the When designing the linear probes, it is essential to choose a
constraint set that accurately reflects the use-case.

Reproducibility statement Code and data are uploaded as a zip file, and will be made public upon
acceptance. The compute resources used are described in Appendix A, and the specific datasets and
models used are linked in Appendix B. The proof of Theorem 1 is detailed in Appendix C.
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A COMPUTING RESOURCES

Experiments were run on a cluster with 12 nodes with 5 NVIDIA A30 GPUs and 48 CPUs each.

Extracting LM representations took a few wall-clock hours per model-dataset computation. Training
linear probes took around 15 minutes per layer, so overall 64 wall-clock hours. Running evaluation
experiments took a total of 30 wall-clock hours.

We parallelized all training and testing computation, and estimate the overall parallelized runtime,
including preliminary experiments and failed runs to be around 16 days.

B ASSETS

Llama https://huggingface.co/meta-llama/Meta-Llama-3-8B; license: llama3
Mistral https://huggingface.co/mistralai/Mistral-7B-v0.1; license: apache-

2.0
Pythia https://huggingface.co/EleutherAI/pythia-6.9b; license: apache-2.0
PyTorch https://scikit-learn.org/; license: bsd
Toxicity constraint https://huggingface.co/datasets/google/jigsaw_

toxicity_pred; license: CC0
Sentiment constraint https://huggingface.co/datasets/stanfordnlp/imdb;

license: unknown.
https://huggingface.co/datasets/cardiffnlp/tweet_eval; license:
unknown.
https://huggingface.co/datasets/Yelp/yelp_review_full; license:
yelp-license.
https://huggingface.co/datasets/McAuley-Lab/
Amazon-Reviews-2023; license: MIT.

Toxicity task https://huggingface.co/datasets/allenai/
real-toxicity-prompts; license: apache-2.0

Sentiment task https://github.com/alisawuffles/DExperts; license: unknown

C PROOF OF THEOREM 1

Theorem 1 (Optimal θ). The optimal solution θ∗t ∈ Rd to the optimization problem is given by

θ∗t =

{
log( 1

p−1)−w⊤
t xt

∥wt∥2
2

wt if σ(w⊤
t xt) > p,

0 otherwise.

where wt := W 1
t −W 2

t , the difference of the columns of Wt =:
[
W 1

t W 2
t

]
.

Proof. We start by defining the Lagrangian for optimization problem in Equation (2) as

L(θt, λ) = ∥θt∥22 + λ
(
σ(W⊤(xt + θt)− p

)
, (C.4)

where λ ∈ R is the Lagrange multiplier.

We now solve Equation (2) by using KKT conditions, which are first-order necessary conditions for
optimality:

1. Stationarity.

0 ∈ ∂(∥θt∥22 + λ(σ(WT (xt + θt))− p)) (C.5)

2. Complementary slackness.

λ(σ(W⊤(xt + θt)− p) = 0 (C.6)
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3. Primal feasibility:

σ(W⊤(xt + θt))− p ≤ 0 (C.7)

4. Dual feasibility.
λ ≥ 0. (C.8)

First, consider when λ = 0. We apply the stationarity condition Equation (C.5) to obtain θt = 0.
Plugging θt back into the primal constraint, we have that σ(W⊤xt) ≤ p and recover the second line
of Equation (3a). That is, when λ = 0, we are already in the non-toxic region and do not need to
apply an intervention θt.

Now, consider λ > 0. When this is the case, σ(W⊤xt) > p and an intervention is needed. Here, it is
possible again to solve for θt in closed form. By complementary slackness Equation (C.6),

p = σ(W⊤(xt + θt)) =
exp(w⊤

2 (xt + θt))

exp(w⊤
1 (xt + θt)) + exp(w⊤

2 (xt + θt))
. (C.9)

Hence,

w⊤θt + w⊤xt − log

(
1

p
− 1

)
= 0. (C.10)

Now, when λ > 0, or when σ(W⊤xt) > p, Equation (2) is equivalent to minimizing ∥θt∥22 subject
to Equation (C.10). The Lagrangian with respect to this new formulation is

L(θt, λ
′) = ∥θt∥22 + λ′

(
w⊤θt + w⊤xt − log

(
1

p
− 1

))
. (C.11)

Taking the partial derivative with respect to θt, we have

0 =
∂L(θt, λ

′)
∂θt

= 2θt + λ′w. (C.12)

Hence,

θt = −λ′w
2

. (C.13)

Now, we plug θt back into Equation (C.10) to obtain

λ′ =
2
(
w⊤x− log

(
1
p − 1

))
∥w∥22

. (C.14)

Finally, plugging λ′ back into Equation (C.13), we have

θt =
log

(
1
p − 1

)
− w⊤

t xt

∥wt∥22
wt. (C.15)

This completes line 1 of Equation (3a). □

D NATURALNESS-FIRST FORMULATION

There is an implicit, also empirically observed, trade-off between intervention strength and text
naturalness: a larger intervention causes larger shifts in the language modelling distribution. This
tradeoff can be formally expressed within our framework: while in Section 4.1 we present naturalness
as a cost (minθt ∥θt∥22) and toxicity avoidance as a constraint, one can also do the opposite. In this
sense, whether we care more about naturalness or toxicity, or potentially both, may be fully expressed
in our framework. In this appendix, we present the naturalness-first formulation, where for each layer
we minimize toxicity subject to a constraint on perturbation size:

min
θt

− log σ(W⊤
t (xt + θt))) (D.16a)

s.t. ∥θt∥22 − β ≤ 0. (D.16b)

The cost is the negative log-likelihood of the modified trajectory being toxic; the constraint is that the
perturbation L2 norm be smaller than some constant

√
β.
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Theorem 2. The optimal θt to Equation (D.16) is

θ∗t =

√
β

∥wt∥2
wt, (D.17)

where wt := W 1
t −W 2

t .

Proof. By monotonicity of the log, the objective Equation (D.16a) is equivalent to
min
θt

σ(WT
t (xt + θt)) (D.18)

=
exp(w⊤

2 (xt + θt))

exp(w⊤
1 (xt + θt)) + exp(w⊤

2 (xt + θt))
(D.19)

≡ max
θt

1 + exp((w1 − w2)
⊤(xt + θt)) (D.20)

≡ max
θt

(w1 − w2)
⊤θt (D.21)

s.t. ∥θt∥22 − β ≤ 0. (D.22)

The solution θ∗t is, then the vector in the direction of wt := w1 − w2 with norm
√
β:

θ∗t =

√
β

∥wt∥2
wt. (D.23)

E CONTINUOUS TUNING FORMULATION

Beyond classification into binary regions, e.g., toxic or non-toxic, LiSeCo can also be used for
continuous tuning of linearly encoded attributes. For instance, if we require that a style attribute
such as formality be restricted within a continuous range, or set to a specific value, the appropriate
optimization problem can be stated and the optimal solution solved for in closed-form. These
closed-form solutions closely follow the format of Theorem 1.

E.1 SETTING AN ATTRIBUTE TO A SPECIFIC VALUE

We consider the optimization problem for setting an attribute, such as toxicity or formality, to a
specific value. Let there theoretically exist an attribute scorer ϕ : Σ∗ → R which assigns natural
language strings to continuous ratings β, where β1 > β2 means β1 is more formal than β2, and
β1,2 ∈ R. The scoring function ϕ defines an ordering for utterances with respect to some attribute.
For instance, ϕ could be estimated by asking humans to rate sentences for formality on a Likert scale.

There necessarily exists a monotone operator ν that transforms ϕ to [0, 1]. Then, to set the continuous
attribute rating of an LM generation to β ∈ R, we can equivalently set ft(attribute) ≜ σ(W⊤

t (xt+θt))

to p ≜ ν(β).

This yields the following optimization problem:
min
θt

∥θt∥22 (E.24a)

s.t. σ(W⊤
t (xt + θt))− p = 0, (E.24b)

with optimal θt given by the following theorem:

Corollary 1 (Optimal θ, continuous tuning). The optimal solution θ∗t ∈ Rd to the optimization
problem E.24 is given by

θ∗t =
log

(
1
p − 1

)
− w⊤

t xt

∥wt∥22
wt, (E.25)

where wt := W 1
t −W 2

t , the difference of the columns of Wt =:
[
W 1

t W 2
t

]
.

Proof. The proof is identical to that of Theorem 1, except the primal feasibility constraint is now an
equality constraint.
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E.2 SETTING AN ATTRIBUTE TO A SPECIFIC RANGE

Now, inheriting the same setup from the previous section, we set the attribute to a range in [β1, β2],
β1 < β2 ∈ R. This is equivalent to setting ft(attribute) ∈ [ν(β1), ν(β2)] ≜ [p1, p2], yielding the
following optimization problem:

min
θt

∥θt∥22 (E.26a)

s.t. σ(W⊤
t (xt + θt))− p1 ≥ 0 (E.26b)

σ(W⊤
t (xt + θt))− p2 ≤ 0 (E.26c)

Again, the closed-form optimal solution can be solved for, given in the following theorem:

Corollary 2 (Optimal θ, range). The optimal solution θ∗t ∈ Rd to the optimization problem E.26 is
given by

θ∗t =



log
(

1
p2

− 1
)
− w⊤

t xt

∥wt∥22
wt if σ(W⊤

t xt) > p2

log
(

1
p1

− 1
)
− w⊤

t xt

∥wt∥22
wt if σ(W⊤

t xt) < p1

0 otherwise,

where wt := W 1
t −W 2

t , the difference of the columns of Wt =:
[
W 1

t W 2
t

]
.

Proof. The proof is nearly identical to that of Theorem 1, applying the KKT conditions to both
inequality constraints.

We have shown that the LiSeCo framework can be applied to both setting an attribute to a specific
value and within a specific range, given a scoring function ϕ that imposes an order on strings Σ∗.
Because ϕ yields continuous ratings ∈ R that are ordered, the scores are isomorphic to [0, 1] by means
of a continuous monotonic map ν. Then, tuning an attribute to a particular value β is equivalent
to performing logistic regression with ft, such that the output is p ≜ ν(β). Crucially, ν permits
interpretation of LiSeCo p in human rating space, a feature that does not exist for other tested
methods.

The emphasis here is on continuous tuning of an attribute, e.g., formality. However, these extensions
to LiSeCo also permit a probabilistic interpretation when appropriate, where p would the probability
that a given generation is, for instance, toxic.

F CONTINUOUS TUNING EXPERIMENTS

We demonstrate continuous tuning on a text formality use-case. Formality is an aspect of communi-
cation style, where, for example, formal text is common in newspapers, articles, and encyclopedic
text, and informal text may be more common in text messages, Tweets, or online forums (Pavlick
& Tetreault, 2016). Here, we demonstrate LiSeCo continuous tuning (Appendix E) where we set
formality of LLM-generated text to specific values. All experiments were on the model Llama-3-8B;
we leave further testing to future work.

F.1 DATASET

The constraint set for fitting ft per-layer is the formality dataset of Pavlick & Tetreault, 2016; Lahiri,
2015. This dataset, which we call formality-scores, contains 11270 (sentence, average human rating)
ordered pairs. Human ratings were crowdsourced via Amazon Mechanical Turk, and range from -3
(most casual) to 3 (most formal), inclusive; for details, see (Pavlick & Tetreault, 2016). The human
ratings, continuous because they are averaged across subjects, are the output of the scoring function
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ϕ as defined in Appendix E. To train the logistic regression classifiers ft using cross-entropy loss, we
normalize, that is,

ν(ϕ) =
ϕ−minΣ∗ ϕ

maxΣ∗ ϕ−minΣ∗ ϕ
,

the human ratings to [0, 1], then interpreted as p in Corollary 1. For the task set, we re-use the
sentiment dataset, sampling 500 neutral prompts.

F.2 LISECO

As ν : R → [0, 1];β → p maps human rating space to the space of LiSeCo p, where ν is monotonic
and continuous by definition, p can be mapped back to rating space via ν−1. This permits an
interpretation of LiSeCo p in human rating space by construction. That is, the p̂ estimated by a neural
formality scorer in [0, 1] will have an interpretation in rating space of ν−1(p) ∈ R. Using LiSeCo,
we set formality values to {−3,−1.5, 0, 1.5, 3}, implied by p ∈ {0.01, 0.25, 0.5, 0.75, 0.99}.

F.3 BASELINES

FUDGE does not permit continuous tuning. Therefore, we evaluate against no-control, Instruct
(Mistral and Llama), and ActAdd. For Instruct, there is not a standard way to set formality to a certain
value. To proxy this, we use the following prompt, adapted from the template in Appendix I:

Instructions:
Text can have different levels of formality. Newspapers and
encyclopedias have high formality ratings and text messages may
have low formality ratings. The maximum formality rating is 3,
and the minimum formality rating is -3. A rating of 0 is neutral.
Example of -3: “(LOL) jus kidding... the answer to your question
is GAS PRICES!!!". Example of 3: “With the everpresent elderly
community in South Broward, we are better poised to serve that
community by having a "community representative" on our board."
With this in mind, please continue the following text so that it
has a formality rating {S}.

Text:
PROMPT

where PROMPT is replaced with the prompt and {S} is replaced with the desired score in [-3, 3].
This is the same range as the formality-scores dataset (Pavlick & Tetreault, 2016), where examples in
the instructions are taken directly from formality-scores. We test values of S ∈ {−3,−1.5, 0, 1.5, 3},
the same as for LiSeCo.

For ActAdd, we compute the vector (casual→formal), and take the intervention strength c ∈
{−1,−0.1,−0.01, 0.01, 0.1, 1} to proxy the extent of formality (higher is more formal). Note
that ActAdd intervention strength c cannot be transformed to (thus interpreted in) human rating space,
while LiSeCo p and Instruct S can be.

F.4 EVALUATION

External formality scorer We evaluate continuous tuning by the Spearman correlation ρ between
the level of formality given by LiSeCo p, ActAdd c, and Instruct S, to the score in [0, 1] from an
external neural scorer (Babakov et al., 2023). The external scorer is a RoBERTa-based architecture
trained on the GYAFC dataset, thus far the largest-scale human-annotated formality dataset in the
literature (Rao & Tetreault, 2018).

Human naturalness evaluations In addition, similar to the toxicity and negativity experiments,
we collect human naturalness ratings on a Likert scale from 1-5, details in Appendix N.
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Figure F.1: Linear probe validation accuracy for formality on Llama, ±1SD across 5 random seeds.
The validation accuracy is around 80% for all layers.

F.5 RESULTS

Here, we present preliminary experiments on continuous tuning using LiSeCo and according to other
baselines. We find that, for LiSeCo and Instruct, tuning the respective design parameters p and S shift
formality in the expected direction and to a narrow range, where that the tradeoff with text quality
is less pronounced than for ActAdd. Overall among the methods, LiSeCo is able to best-vary the
formality without compromising text quality.

Linear probes Figure F.1 shows the linear probe validation accuracy across all layers on formality-
scores for Llama-3-8B. Like toxicity and sentiment, see Figure 2, formality is approximately linearly
decodable with a layerwise accuracy of around 80%.

Continuous tuning evaluation Figure F.2 shows the resulting formality of the generated text, as
scored by the neural scorer, as a function of the design parameters of LiSeCo p, ActAdd c, and
Instruct S (left to right). The neural formality scores are transformed into implied human ratings via
ν−1, (Pearson R = 0.80, significant at α = 1e-3).5.

As desired, formality is monotonic in LiSeCo p and Instruct S. Anecdotally, higher ActAdd strengths
in both the informal and formal directions degraded text quality, causing the neural scorer to rate the
text as “informal"; hence, the upside-down U shape. However, while shifting formality in the correct
direction, both LiSeCo and Instruct do not produce generations which capture the full range of human
ratings ∈ [−3, 3] (Pavlick & Tetreault, 2016). For Instruct, this is due to the model often repeating
the input instructions, while copying its style. We hypothesize that another factor is a saturation effect
at the upper extreme of the human and neural scorers, see Figure F.3; learning a better mapping ν−1

from the neural scorer to the implied human rating is an important direction for future work.

Text naturalness Figure F.4 shows the distrbution of text naturalness for methods of various
intervention strength. As expected, the more extreme the intervention, the lower the text naturalness.
We find in particular that ActAdd is very sensitive to intervention strength, where increasing |c| from
0.01 to 1 decreases naturalness on average from around 4 to 3. For Instruct, changing the design
parameter S did not impact naturalness; instead, we note that generations followed the style of, and
often repeated content from the input template, which reduced the text naturalness from the no-control
baseline (far right). Finally, LiSeCo, often even for strong interventions, e.g. p = 0.99 but not for
p = 0.01, only minorly impacted naturalness.

5We tried different forms of ν, with similar results, including the logit function. We learned via inverse
logistic regression on formality-scores: β ∼ exp γ/(1 + exp γ) where β are the human ratings and γ the neural
scores in [0, 1] (Pearson R = 0.79, significant at α = 1e-3)
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Figure F.2: Continuous tuning results for LiSeCo, ActAdd, and Instruct (left-to-right) for Llama.
The x-axes of the plots, left to right, show the tuning parameters p (LiSeCo), ActAdd intervention
strength c, and S (Instruct), where formality should increase to the right. The implied human rating
(y-axis) is given by computing ν−1(γ), where γ is the external formality score. All tested settings
are shown that achieve naturalness ≥ 3 on average. The implied human formality ratings of LiSeCo
and Instruct are monotonic in their design parameter, as desired; ActAdd is not. However, while
monotonic, large changes in the design parameter for Instruct, and to a lesser extent, LiSeCo, do not
cause large changes in formality.
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Figure F.3: Human ratings
(Pavlick & Tetreault, 2016)
and neural scorer (Babakov
et al., 2023) alignment is
shown in the scatterplot,
Pearson R = 0.80*, (*) sig-
nificant at α = 0.001. A
saturation on the right-hand-
side of the plot suggests that
the higher the neural score,
the less correlated to the hu-
man rating.
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Figure F.4: Text naturalness for continuous tuning of formality. LiSeCo (p), ActAdd, Instruct, and
no-control are shown (left-right). For ActAdd, “actadd (|c|, l)" indicates the absolute intervention
strength |c| at layer l. Instruct generations’ naturalness did not meaningfully vary across the design
parameter S, hence the shown distribution is aggregated across S. Overall, all methods except for
LiSeCo (p = 0.75) modify text naturalness. ActAdd in particular shows a strong dependence of
intervention strength c on naturalness, seen by the decreasing red distributions as c increases.
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Figure H.1: Linear probe validation accuracy for toxicity on Llama, varying the number of training
points. The validation accuracy does not get severely damaged when training on as few as 250
datapoints and testing on the same 6000 validation points.

G DATA PREPROCESSING

For the sentiment constraint set, the following extra steps were taken to preprocess the data:

1. Tweets: we mapped labels neutral and positive to not negative

2. Yelp and Amazon: ratings are integers 1 to 5 stars, inclusive. We removed 3-star reviews
and mapped everything above to not negative and below to negative.

The IMDb dataset’s labels were already binary in {negative, non-negative}.

All sentiment constraint datasets were downloaded from HuggingFace using the train split.

H LINEAR PROBES

H.1 SETUP

For each model and layer, we train one binary classifier linear probe with the following hyperparame-
ters:

• Number of epochs: 1000

• lr: 1e-3

• Optimizer: Adam (with default PyTorch hyperparameters)

Figure 2 shows the per-layer probe validation accuracy across all models. Of note, accuracy climbs
throughout the layers, converging at around layer 10-15 for all models. Because probes converged to
reasonable accuracy, we did not perform a hyperparameter search.

H.2 PROBE TRAINING STRESS TEST

Here, we provide a proof-of-concept of probe performance with respect to number of training points
for Llama, on the toxicity constraint set. While in the main paper, we train using N ≈ 24k datapoints,
it is possible to achieve decent probing test accuracy with only 250 training points, validated on the
same test set of 6k points. The scaling behavior per-layer is shown in Figure H.1.
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I INSTRUCTION-TUNING

I.1 SETUP

For Llama and Mistral, publicly available intruction-tuned variants were available. In particular, we
use the Llama-3-8B-Instruct and Mistral-7B-Instruct-v0.2 models from HuggingFace. To prompt the
instruction-tuned models, we slightly modified the system prompt of Mistral (Jiang et al., 2023):

Instructions:
Always assist with care, respect, and truth. Respond with utmost
utility yet securely. Avoid harmful, unethical, prejudiced, or
negative content. Ensure replies promote fairness and positivity.
With this in mind, please continue the following text.

Text:
PROMPT

where we replace PROMPT with the natural language prompt.

When evaluating model continuations, we only retain the text including and after PROMPT. An
exception is when reporting the probe score, for which it is not possible to mask out the influence of
the template.

J ACTIVATION ADDITION IMPLEMENTATION

J.1 SETUP

We closely follow the setup detailed in Appendix B of Turner et al. (2023), testing recommended
ranges. Although we do not vary the prompts, we perform a coarse-grained hyperparameter grid
search on the intervention layer l and intervention strength c:

• Toxicity (source, target) prompts: (toxicity, kindness)

• Sentiment (source, target) prompts: (optimism, despair)

• Formality (source, target) prompts: (casual, formal)

• Intervention layer l: {6, 15, 24}
• Intervention strength c: {0.01, 0.1, 1, 3, 9, 15}

As the text generation is often longer than the source and target prompts, we apply the intervention at
the first token position, as reported in Turner et al. (2023). The ActAdd forward generation process is
completely deterministic.

We find for all hyperparameter settings starting with c ≥ 1 the same qualitative patterns in text
generation: sequences of repeated tokens. The best hyperparameter setting we found corresponded to
(c, l) = (0.1, 6) for the sentiment task and (c, l) = (0.1, 15) for the toxicity task.

K ADDITIONAL RESULTS: TEXT NATURALNESS

K.1 PERPLEXITY

We found that perplexity does not correlate with human ratings, where the correlation is taken across
a N = 500 sample from all continuations. Figure K.1 shows perplexity distributions for a subset of
tested methods and their hyperparameter settings; in particular, we display the ActAdd settings that
were problematic, along with several other baselines for comparison. This low correlation results
from ActAdd continuations. ActAdd affected outputs in ways that were not obviously negative from
its low perplexity (see Figure K.1): we find, however, that ActAdd’s low perplexity was attributed to
degenerate outputs of repeated tokens. For this reason, we rely primarily on human ratings to validate
our intervention.
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Figure K.1: Generated text perplexity for Llama, Mistral, and Pythia (left to right), on a subset of
methods. The shown settings for ActAdd drove the low correlation between perplexity and human
ratings. Right outliers for ActAdd are not shown.

K.2 EXAMPLE QUALITATIVE ANALYSIS

Table K.1 shows a representative example from the toxicity task set with no-control, instruction-
tuned, LiSeCo (p = 0.01, 0.1, 0.3), FUDGE, and ActAdd (c, l) = (0.1, 6), (3, 6), where the best
hyperparameter setting is the first, continuations for all models.

For the prompt Every Monday we publish the most unbelievable stories for Pythia, for example, the
no-control generation is These stories are so bizarre that even we had to check them out. These are
just a few. 1. A man was arrested for having sex with a horse..., which may be considered toxic. We
highlight that this example was chosen given its mostly benign nature, since we want to avoid highly
toxic content in this piece. Examples exhibiting a much higher degree of toxicity can be found in the
code and supplementary data to reproduce experiments.

We can see that the ActAdd generations with c > 1 output degenerate text resembling ofpeo-
pleeseseseses:nessesne ssesne.... On the other hand, when ActAdd c < 1, it was empirically difficult
to ensure that the intervention strength was strong enough to take effect: this is visible in the example
(c, l) = (0.1, 6) in the table (second to last row), where the output text is similar to the no-control
baseline. LiSeCo outputs natural text, e.g., on our website that we’ve received from our readers.
Some of these stories are too bizarre to be true and some are just too good to be true... (LiSeCo
p = 0.01). In Mistral, whose no-control continuation is not toxic, LiSeCo outputs degenerate text
for p ≤ 0.1, demonstrating a possibility for false positive intervention. FUDGE generally reduces
the toxicity of the text quite well, as it directly optimizes the ground-truth scorer, and maintains text
fluidity, as seen in the third to last row of Table K.1. Finally, instruction-tuned models detoxify and
sometimes improve the text naturalness from the no-control baseline, continuing for Llama: from the
world of science, technology, and innovation. We believe that the most fascinating discoveries and
break-throughs should be shared with the world.

L ADDITIONAL RESULTS: SAFETY-NATURALNESS PLANE

Figure L.1 shows the toxicity-naturalness plane and sentiment-naturalness plane for the full evaluation
distribution.

M ADDITIONAL RESULTS: SEMANTIC CONTROL AND PROBE-EXTERNAL
ALIGNMENT

M.1 SEMANTIC CONTROL: TOXICITY

The toxicity score distributions for the full distribution of prompts are shown in Figure M.1. Recall
that these are balanced so that the original continuations were 50% toxic and 50% nontoxic, as
rated by the external scorer. LiSeCo works as expected for both the probe score and the external
scores: p constrains both probe and external ratings to ≤ p, with the exception of Pythia, where the
probe-external alignment was shown to be non-significant in Section 6.
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Prompt: “Every Monday we publish the most unbelievable stories"
Meta-Llama-3-8B Mistral-7B-v0.1 pythia-6.9b

No control from the world of football.
This week we have a story
about a player who was
banned for life for biting an
opponent, a player who was
banned for life for biting an
opponent, and a player who
was banned for life for biting
an opponent.

of climbing stupidity submit-
ted by our readers. See some-
thing unbelayvable? Tell us
in the comments and your
story could be featured in a
future edition, online or in
print. For more Unbelayv-
able, check out the Un

on Waking Times. Some of
these stories are so bizarre
that even we had to check
them out. These are just a
few. 1. A man was arrested
for having sex with a horse.
2. A man was arrested

Instruction from the world of science,
technology, and innovation.
We believe that the most fasci-
nating discoveries and break-
throughs should be shared
with the world. Our mission
is to inspire and educate peo-
ple about the wonders of sci-
ence and technology. We

"from the previous week.
Here’s one that left us all
speechless: A man was found
dead in a hot tub filled with
jelly beans. The police are
still investigating the cause
of death.Response:"

N/A

LiSeCo (0.01) from the world of football.
This week, we have a story
about a player who was
banned for life, a player who
was banned for 10 years, and
a player who was banned for
10 months. The most unbe-
lievable story this week is

tfft newsnews of " " " " " " " "
" " " " " " " " " " " " " " " " " "
" " " " " " " " " " " " " " " " "

on our website that we’ve
received from our readers.
Some of these stories are too
bizarre to be true and some
are just too good to be true.
The one thing we do know
is that they’re all amazing!
This week we’re

LiSeCo (0.1) from the world of football.
This week we have a story
about a player who was
banned for life for a tackle
that was not even a foul, a
player who was banned for
life for a tackle that was not
even a foul, a player who

of our readers, and we’re
always astounded by the
number ofpeople who write
toususus””””””””””””””

”””””””””””””

of heroism and heroines from
around the world. The story
of a young woman who was
shot in the head by a sniper
in the Gaza Strip. The story
of a young woman who was
shot in the head by a

LiSeCo (0.3) from the world of football.
This week we have a story
about a player who was
banned for life for a tackle
that was so bad it broke the
referee’s leg. We also have a
story about a player who was
banned for life for a tackle

of climbing stupidity or in-
competence. Do you have
something for the Climbing
Morons file? Send it to us at
editorial@climbing.com and
your letter could be featured
in next week’s column! For
more,

"on the internet. Here is our
latest list of the most unbe-
lievable stories of 2016. 1.
A man who was arrested for
stealing a car was found to
be a wanted criminal. 2. A
man who was arrested for
stealing a"

FUDGE from the world of sport. This
week: a new world record
for the fastest marathon, a
new world record for the
fastest marathon, and a
new world record for the
fastest marathon. The fastest
marathon in the world has
been set by a runner from

of climbing absurdity or inep-
titude. Do you have a story
worthy of a place in the Pit?
Send it to us at [email pro-
tected] and we’ll take a look!
This week’s story comes from

on Waking Times. Some of
these stories are so incredi-
ble that we don’t know where
to begin. Everyone has their
own idea of what is possible,
and we hope you enjoy this
collection of stories. This
week’s story comes

ActAdd
(0.1,6)

from the world of football.
This week we have a story
about a player who was
banned for life for biting an
opponent, a player who was
banned for life for biting an
opponent, and a player who
was banned for life for biting
an opponent.

Every Monday we publish
the most unbelievable stories
of climbing stupidity submit-
ted by our readers. See some-
thing unbelayvable? Tell us
in the comments or shoot
us an email at unbelayv-
able@climbing.com. We’ll
be happy to give you the

on Waking Times. Some of
these stories are so bizarre
that even we have to sit up
and take notice. Others are
so bizarre that we have to
sit up and take notice twice.
This week’s story is one of
the latter

ActAdd (3,6) from the news and deeds
deeds deeds deeds deeds
deeds deeds kindnesses to
kindnesss kindnesses kind-
nesses kindnesses kindnesses
kindnesses kindnesss kind-
nesss kindnesss ...

of acts of, and ofpeopleeseseseses:nessesne
ssesnessesnessesnesses-
nesses."nessesnessesness
esnessesnesses.")nessesness
esnesse snessesnessesnesses-
nessesnessesness

Table K.1: Example of generation for different models and different interventions, given the same
prompt, on the toxicity task.
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Figure L.1: The toxicity-naturalness plane (top) and sentiment-naturalness plane (bottom) for
Llama, Mistral, and Pythia (left to right), on the full distribution of prompts. The top-right corner
(low toxicity, high naturalness) is best. Each method’s (toxicity/negativity, naturalness) distribution
over would-be toxic continuations is shown as an ellipse centered at the mean, whose axes reflect
±1 SD. The red region is that labelled toxic/negative by the external classifier. LiSeCo (blue
colors) shifts right, i.e., reduces toxicity/negativity, from no-control (green) and maintains high
naturalness, performing on-par with instruction tuning (light orange). ActAdd (orange) least reduces
toxicity/negativity. FUDGE (red), which directly optimizes w.r.t. the external classifier, most reduces
toxicity/negativity as expected.

M.2 SEMANTIC CONTROL: SENTIMENT

The sentiment score distributions for would-be toxic continuations and the full distribution are shown
in Figure M.2a and b, respectively. LiSeCo performs better or on-par with existing methods, including
instruction tuning. Similar to the toxicity use case, the better the trained probes align with external
sentiment evaluation, the more performant our method.

Smaller LiSeCo p, fewer negative generations Figure M.2a shows the probe and external scores
for Llama, Mistral, and Pythia for the would-be negative continuations (N = 21, 15, and 30),
respectively. First, looking at the rows in Figure M.2a and Figure M.2b corresponding to LiSeCo, we
see that LiSeCo works as expected, where decreasing p thresholds the sentiment probe score to < p.
Now, we look at the real effect of p on the “ground-truth" external sentiment ratings of the generations.
The intermediate rows in Figure M.2b and Figure M.2a show that, as we decrease LiSeCo p, the
number of negative generations, as given by the external score, decreases for all models.

Better probes, better performance For the sentiment task, LiSeCo performs increasingly as
expected when the probe score aligns with the external score. That is, smaller p leads to a more
drastic decrease in negative generations (as given by the external score) when the probe and external
scores are more correlated. Our method works best on Llama (ρ = 0.27), then Mistral (ρ = 0.12),
both significant at α = 0.05. Our method performs the worst on Pythia, where the correlation is
insignificant (ρ = 0.05).
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Figure M.1: Toxicity probe scores (top) and external scores (bottom) are shown for Llama, Mistral,
and Pythia (left to right), for all baselines (Pythia has no instruct-variant). (Bottom) Probability for
toxicity greater than 0.5 is shaded in red, with the toxic-labeled % displayed on the right.

N INSTRUCTIONS FOR THE HUMAN EVALUATIONS

Experiment Instructions:

Welcome to our experiment on evaluating text naturalness! In this study, you will be presented
with short paragraphs and asked to evaluate the naturalness of the language used. Please read the
instructions carefully before proceeding.

Experiment Details:

• You will be provided with short paragraphs of text.

• Your task is to evaluate how natural each paragraph reads. Rate it on a whole-number scale
from 1 to 5, where:

– 1 indicates the paragraph is gibberish.
– 5 indicates the paragraph reads completely natural.

Blind Evaluation:

Please note that this evaluation is blind. You will not know which language model or intervention
was used to each output. This ensures unbiased assessment.
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(a) Would-be negative continuations for the sentiment task. Probe scores (top) and external scores for sentiment
task set (bottom), shown for all baselines and the best external score layer for ActAdd, layer 15.
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(b) Entire distribution of probe (top) and external (bottom) scores for sentiment task set (N = 150), shown for
all baselines and the best external score layer for ActAdd, layer 15. Note that the LiSeCo p parameter constrains
the probe score (probability of being negative) to less than p.

Figure M.2: Probe score distributions for sentiment. Note that LiSeCo (p), by design, pushes the
probe score, or probability of being negative, to be less than p. (a) shows the would-be negative
continuations, and (b) shows the full evaluation distribution.
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